Matematicka analyza 1

2023/2024

10. Neurcity integral
Riesené priklady Il

Pre spravne zobrazenie, fungovanie tooltipov, 2D a 3D animacii je nevyhnutné sibor otvorit pomocou
programu Adobe Reader (zasuvny modul Adobe PDF Plug-In webového prehliadaca nestac)

Kliknutim na text pred ikonou ziskate napomoc.

Kliknutim na skratku v modrej liSte vpravo hore sa dostanete na prislusny slajd, druhym kliknutim sa dostanete na
koniec tohto slajdu.
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Riesené priklady — 101, 102
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Riesené priklady — 101, 102
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Riesené priklady — 101, 102
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Riesené priklady — 101, 102
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Riesené priklady — 101, 102
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Riesené priklady — 101, 102

teR

_ dx _ dx _ [Subst. t=x+2
| X2 H4Ax+4+1 (X+2)2+1_{ dt=dx

:/ i =arctg t + c=arctg (x+2) + ¢, xER, ceR.

t2+1

x€R—{-1,—3}
te R—{+1}

_ dx . dx _ [Subst. t=x+2
T | x>+4x+4—-1 (x+2)2—1_{ dt=dx

= [t in[h + = din |5t +c
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Riesené priklady — 101, 102

teR

_ dx _ dx _ [Subst. t=x+2
| X2 H4Ax+4+1 (X+2)2+1_{ dt=dx

:/ i =arctg t + c=arctg (x+2) + ¢, xER, ceR.

t2+1
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te R—{+1} }

_ dx . dx _ [Subst. t=x+2
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= [t n[h+ = din| et + c= 4 in |5 +<.

xeR—{-1,-3}, ceR.
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Riesené priklady — 103, 104
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Riesené priklady — 103, 104
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Riesené priklady — 103, 104
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Riesené priklady — 103, 104
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Riesené priklady — 103, 104
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Riesené priklady — 103, 104
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Riesené priklady — 105, 1

dx
/ Vx2+4x+4
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Riesené priklady — 105, 106
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Riesené priklady — 105, 106
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Riesené priklady — 105, 106
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Riesené priklady — 105, 106
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Riesené priklady — 105, 106
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d _
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Riesené priklady — 105, 106

_ dx Subst. t=x+2
(x+2)? { dt=dx

/‘“ /t—2dt e te=—ltc=—l+c, xeR—{-2}, ceRr.

xeR—{ 2}}
te R—{0}

/dix = sgn (x+2):In [x+2|+c¢

Vx2+4x+4

xeR—{ 2}} dt
teR—{0} [t]

Subst t=x+2
o /(X+2 |X+2‘ dt=dx
:/d—tlen|t|+c:|n x+2|+c, x€(=2;00), CER,

:/i—tt:f/d—tt:fln |t|+c=—In|x+2|+c, x€(—00; —2), cER.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108
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Riesené priklady — 107, 108

_ dx . dx
X2 +4x+4+1 V(x+2)2+1
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Riesené priklady — 107, 108

terR

XCR}

_ dx _ dx _{Subst. t=x+2
X2 +4x+4+1 V(x+2)2+1 dt=dx

x€(—00; =3), te(—o0; —1)
x€(—1;00), te(1;00)
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beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

terR

XCR}

— dx _ dx __ [Subst. t=x+2
x2+4x+4+1 \/(X+2)2+1 { dt=dx

_ [ _dt
t2+1

x€(—00; =3), te(—o0; —1)
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— dx _ dx _{Subst t=x+2
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Riesené priklady — 107, 108

xeER
terR

= Subst t=x+2
X2+4x+4+1 \/XH . dt=dx

— dt 2

_/\/m_ln(t+\/t +1)+c

+2 | x€(—00;=3), te(—o0; —1)
x€(—1;00), te(1;00)
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—/ 9 —n|t+V2—1|+c

a \t2—1
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Riesené priklady — 107, 108

xeER
terR

— Subst t=x+2

- X2+4x+4+1 \/XH 1 de=dx
d

:/\/t;ﬁzln(t+\/t2+ )tc=In(x+2++/(x+2)2

+2 | x€(—00; —3), te(—o0; 71)}

x€(—1;00), te(1;00)

— dx _ dx _{Subst t=x+2
VP taxt+4—1 | \/(x+2)2—1 dt=dx
:/ 9 4 /21| 4 o= In x4 24/ (x 122 1| +c

\t2—1
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Riesené priklady — 107, 108

/ﬁ:ln(x-Q\\.\ﬁ\llx\S)tc

= Subst t=x+2
X2+4x+4+1 \/XH +1 dt=dx

:/\/f;ﬁzln(t+\/t2+ )+e=In (x+24+/(x+2)2

=In(x+2-+vx2+4x+5)+c, xER, cER.

xeER
terR

= In|x+2+vx2+4x+3|+c

dx
Vx2+4x+3

— dx _ dx _{Subst t=x+2|x€(—oc0; -3), t?(—x:,—l)}
VP taxt+4—1 | \/(x+2)2—1 dt=dx |x€(=1;00), tE(1;00)

_ dt 2_ — 2_
/\/ﬂ_ln\t—kx/t 1|+ c=In|x+24++/(x+2)°—1|+c

=In|[x+2+vx2+4x+3|+c, x€(—o0; =3) U (—1; ), ceR.
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Riesené priklady — 109, 110
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Riesené priklady — 109, 110

_ dx _ dx
N /\/X2—4x+4+2_ /\/(x72)2+(\@)2

_ dx _ dx
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beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

teR

cen

_ dx _ dx _{Subst. t=x—2
X —ax+4+2 V(x—22+(+/2)2 dt=dx

x € (—00;2—/2), te(—00; —V/2)

— dx — dx _{Subst t=x—2
J Vx2—ax+a—2 V(x—=2)2—(v2)? dt=dx

X €(24V/2;00), t€(V/2;00)
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Riesené priklady — 109, 110

xeR
teR

_ dx _ dx _{Subst. t=x—2
X —ax+4+2 V(x—22+(+/2)2 dt=dx

dt

V 2+ (V2)?

x € (—00;2—/2), te(—00; —V/2)

— dx — dx _{Subst t=x—2
J Vx2—ax+a—2 V(x—=2)2—(v2)? dt=dx

— dt

_/ Ve—(vay

X €(24V/2;00), t€(V/2;00)
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Riesené priklady — 109, 110

dx _ [Subst. t=x—2|x€eR
\/Xz 4x+4+2 \/(x72)2+(\@)2 { dt=dx t(R}
ﬁ (t+ +(\/§)2)+C

€(—00;2—V/2), te(—00; —V?2)
Xv(2+\/2’x) te(v2;00)

— dx — dx {Substt x—2
J Vx2—ax+a—2 V(x—=2)2—(v2)? dt=dx

_ dt _ 2_ 2
_/m_ln‘t—i—\/t (V2)?|+c
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Riesené priklady — 109, 110

teR

cen

dx _{Subst. t=x—2
Wz T \/(x—2)2+(ﬂ)2 dr=dx
In(t+v 124+ (V2)?) +c=In (x+2++/(x—2)2+4)+c

()2

€(—00;2—V/2), te(—00; —V?2)
Xv(2+\/2 00), t€(V2;00)

dx {Substt x—2

\/x2 4x+4 > V(x—2)2— (f) dt=dx

= —In t+/ t? 2|+ c=In|x=2++/(x+2)2=2|+c
«/tz—(
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01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

teR

cen

dx _{Subst. t=x—2
WZ 4x+4+2 \/(xf2)2+(ﬂ)2 (5t
dt 2
—————=In(t+ +(v2)?) +c=In (x+24++/(x—2)2+4)+c
/ (i VEH(VEP) o= (x4 24 (2
=In(x—24+vx2—4x+6)+c, xR, cER.

=In|x—2+vx2—4x+2|+c

‘ dx
/ \/ x2—4x+2

dx {Substt x—2
] Vxe— 4x+4 > V(x—2)2— (f) dt=dx

F—In‘t—i—\/ V22| +e=In|x—2+/(x+2)2=2|+c

=In|x—2+vx2—4x+2|+c, x€(—o0; 2—\@) U (2—1—\@; ), ceR.

€(—00;2—V/2), te(—00; —V?2)
Xv(2+\/2 0), te(v /2; o)
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Riesené priklady — 111, 112

\/ —x24+4x—3
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Riesené priklady — 111, 112
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Riesené priklady — 111, 112

dx
/\/ (x2—4x+5) /\/—(x2—4x+4+1)

dx

/7x2+4x 3
dx
\/ (x2 4><+3) \/—(x2—4x+4—1)
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Riesené priklady — 111, 112

dx _ dx _ dx
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1

dx

/7x2+4x 3

dx . dx . dx
/\/ (x2—4x+3) /\/—(x2—4x+4—1) /\/—(X—2)2+1 /\/1—(x—2)2
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Riesené priklady — 111, 112

dx _ dx _{ (x—2)? 121>0}
V- (><2 4><+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky x € R

dx

/7x2+4x 3
dx . dx . dx
V- (x2 1x13) | /—(e—axra1) | /—x—2pr1 | 1-(x—2)

x€(1;3)
t?(—l,l)}

__[Subst. t=x-2
dt=dx
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11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 111, 112

nema riesenie

dx
J V —x+4x=5
_ dx _ dx _ dx _ [-(x=22-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx . dx
/\/ (x2—4x+3) /\/ 4x+4 1) /\/—(X—2)2+1 /\/1—(x—2)2

_ [Subst. t=x—2|xe(1;3) |_
dt=dx | te( |

1—t2
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x+4x=5
_ dx _ dx _ dx _ [-(x=22-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx . dx
/\/ (x2—4x+3) /\/ 4x+4 1) /\/—(X—2)2+1 /\/1—(x—2)2

_ [Subst. t=x—2|xe(1;3) |_
*{ dt=dx | te(— }7 1—t2
=arcsin t+¢; = — arccos t+ ¢
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11

Riesené priklady — 111, 112

nema riesenie

dx
J V/—x?>+4x—5
dx _ dx . dx _{ (x—2)2-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx = arcsin (x—2)+c¢; = — arccos (x—2)+ ¢

\/ —x2+4x—3
_ dx
V- (x2 1x13) | /G- 4x+4 ) ) Vox—2pr1 ) im(x—2p

dx

_{Subst. t=x—-2|x€(1;3) }_

dt=dx | te(-1;1) 1—t2
=arcsin t+¢; = — arccos t+ ¢
=arcsin (x—2)+c; =—arccos (x—2)+ ¢, x€(1;3), a1, 2€R.
v
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Riesené priklady — 113, 114

dx _ dx
x(2—x) J VvV —x3+2x
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Riesené priklady — 113, 114

dx _ dx
x(2—x) J VvV —x3+2x

dx

:/m
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Riesené priklady — 113, 114

x€(—00;0), t

€
x€(L;00), te (3

dx dx __ | Subst. t:xfé
V==t JVeh-Gr i

\/ X 2 X) \/ —x +2x

— dx _ dx
V= (2=2x+1)+1 V1= (x—1)2
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Riesené priklady — 113, 114

x€(—00;0), t

€
x€(L;00), te (3

dx dx __ | Subst. t:xfé
\/x2 25+1-1 J Vo107 i

\/ X 2 X \/ —x +2x
Subst t=x-—1
V=(2— 2><+1)+1 \/1 (x—1)2 dt=dx

x€(0;2) }
te(-1;1)
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Riesené priklady — 113, 114

x€(=00;0), te (—oo;—1)
x€(1;00), te (3 00)

dx _ dx _ {Subst. = x——
\/x2_21+l—% \/(X_%)z_(%)z dt=dx
:/7ﬁln|t+\/ (3)+a

dx _ dx
\/x(2—x) - \/ —x24+2x
Subst t=x-1
V=(2— 2><+1)+1 \/1 (x—1)2 dt=dx

x€(0;2) 1__ dt
te( 1:1)% Vi-e
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Riesené priklady — 113, 114

x€(—00;0),

te
x€(1;00), te (3 00)

dx _ dx Subst. t= x——
\/Xz_zz_,_l_% \/(X_%)z (%) dt=dx

/7fln|t+\/ (3| +e=In|x—2+VxP—x|+a

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1
V=(2— 2><+1)+1 \/1 dt=dx

x€(0;2) 1_ dt
te( 1:1)}_ \/1—t2

=arcsin t+¢; = — arccos t+ cz
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Riesené priklady — 113, 114

x€(—00;0),

te
x€(1;00), te (3 00)

— dx _ dx {Subst. t=x—1

\/x2—2§+%— \/(X_%)z (%)2 dt=dx
:/7fln|t+\/ (3)?|+c=In|x—3+Vx2—x|+c
2x—1+4/x2—x

2

Sl

+c1

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

x€(—00;0),

te
x€(1;00), te (3 00)

— dx _ dx {Subst. t=x—1

\/x2—2§+%— \/(X_%)z (%)2 dt=dx

:/7fln|t+\/ (3)?|+c=In|x—3+Vx2—x|+c
=In|2x—14+vx2—x|—In2+¢;

2x—14+/x2—
2

Sl

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

x€(—00;0),

te
x€(1;00), te (3 00)

— dx _ dx {Subst. t=x—1
\/x2—2§+%— \/(X_%)z (%)2 dt=dx
:/7 In|t+\/7%’+clfln\x—§+m|+q

/t2
=In2x—1+vx2—x|—In 2+c1:{ oo '?2}

Sl

2x—14+/x2—
2 a€R, ER

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

=In|x—14+vx2—x|4+c1 = In|2x—1+Vx2—x|+

dx _ dx
\/x(x—1) - J Vx?—x

x€(—00;0),

te
x€(1;00), te (3 00)

dx _ dx Subst. t= x——
\/Xz_zz_,_l_% \/(X_%)z (%) dt=dx

:/7%In|t+\/ (3) ’—i—clfln\x—i%—mH-q

=In 2X1+V’+c1:|n\2x—1+\/xz—x|—|n 2+c1:{§f;16 ':ﬂ
=In[2x—14+Vx%2—x|+c2, x€(—00;0) U (1;00), cER.

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 115, 116
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1

dt=dx =(x+2)*+1=t3+1

__[Subst. t=x+2
teR

x(:R}

x?+4x+3=x2+4x+4—1 |x€(—00;—3), t€(—o0;—1)
(x+2)2—1=1t2—1|x€e(-1;00), te(1;00)

_ [Subst. t=x+2
dt=dx
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1

__[Subst. t=x+2
=(x+2)2+1=1t%+

dt=dx

j’}/\/ﬂidt

__[Subst. t=x+2
dt=dx

(x+2)2—1=1t2—1|x€(-1;00), tc(l )

X H4x+3=x2+4x+4-1 X?(*X;*:‘}) —o0; —1) /\/tzidt
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1

__[Subst. t=x+2
dt=dx

xe Nz
. /Wdt—rr Y

. {Subst. t=x+2

X H4x+3=x2+4x+4-1 X?(*X;*:‘}) —o0; —1) /\/tzidt

dt=dx (x+2)2—1=1t2—1|x€(-1;00), tc(l )
_tvt2-1 1 dt
2 Vi2—1
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1

__[Subst. t=x+2
dt=dx

xe NES)
i, /\/t2 lde=ttt 4 1 T

r\/tgﬁ + In (t+\2/t2+1) +c

__[Subst. t=x+2
dt=dx

x?+4x+3=x2+4x+4—1 |x€(—00;—3), t€(—o0;—1) /\/t27dt

(x+2)2—-1=t2—1|x€e(— l,x) tc(lx

_tver—1 1 dt  __ tVit2—1 In|t+\/t2
2

1
- 2 21 21 +c
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Riesené priklady — 115, 116

/ XE T Ax 5 dx = U2V THads

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1|t

__[Subst. t=x+2
dt=dx

X€E t tz
}/\/t2 lde=20H 47 [ g

t\/tzi_F (t+\/ﬁ) C_(x+2) (2x+2)2+1+In(x+2+\/2(><+2)2+1)+C

:(x+2)\/)2<2+T+ |n(x+2+x/W)+C x€R, ceR.

e 5 3 x+2-+/x2+4x+3
/ X2+4X+ dX— : +4 3 In|x+ \j +4 ‘*C

__[Subst. t=x+2
dt=dx

X +4x+3=x2+4x+4—1 |x€(—00;—3) —o0; —1) /\/tzidt

(x+2)2—-1=t2—1|x€e(— lx) tc(l )
_tver—1 1 dt  __ tVit?2—1 In|t+\/t2
- 2 Vi2— 2

_ (x+2)\/)2<2+4x+3 In \X+2+v 21 4x+3| tc, XG( 00: _3) U (_1; OO), ceR.

|+c
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Riesené priklady — 117, 118

/x2—4x—|—6 dx
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

_ {Subst. t=x—2

x€ER
terR

x?—4x+6=x2+4x+4+2

dt=dx | =(x—2)2+2=1>+(v2)?

x2—4x+2=x?>—4x+4-2 |x€(—00;=3), t€(—o0; —1)

dt=dx| =(x—2)2—2=1>—(v/2)?|x€(~1;00), te(1;00)

_ {Subst. t=x—-2
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

{Subst t=x—2

x€ER
terR

x?—4x+6=x +4x+4+2
=(x—2)2+2=1t2+(

dt=dx

/Wdt

:{Subst. t=x—2|x2—4x+2=x2 4X{4/72 x € (—o0; / /t2 dt

dt=dx| =(x—2)2-2=t>—(v2)?|xe(-1; x) te( 1 00)
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

Subst. t=x—2|x?—4x+6=x +4x+4+2
dt=dx| =(x—2)2+2=1t2+(

W /
\/t2+(f

x€ER

/Wdt

_{Subst. t=x—2|x>—4x+2=x2 4X{4/72 X € (—o0; / /t2 dt

dt=dx| =(x—2)2-2=t>—(v2)?|xe(-1; x) te( 1 00)

/e (Va2 1 at
2 Ve (V2
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

{Subst t=x—2

x?—4x+6= ><+4><+4+2 x€ER

A/ 2

= (x—2)242=2+( /t+( dt

— /PR | / t2+(f) LICEVETOAD I
\/t2+(f

dt=dx

2 2

_{Subst. t=x—2|x>—4x+2=x2 4X{4/72 X € (—o0; / /t2 dt

dt=dx| =(x—2)2-2=t>—(v2)?|xe(-1; x) te( 1 00)

W/EVRE 1 _a  /E-(2F 'nlw |
2 ) Ve-(2p ?

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 117, 118

/x2—4x—|—6 dx — |

{Subst t=x—2

x?—4x+6= ><+4><+4+2 x€ER

A/ 12

= (x—2)2+2=t2+( /t+( dt

w/t2+( / t2+(f) LICEVETOAD I
\/t2+(f

dt=dx

2 2

_ (x— 2)\/x2 —4x+6 In(x 2+\/x2—4x+6)+c xER. ceR

2

/X2 Ax+2dx —

__ | Subst. t=x—2|x>—4x+2=x%—4x+4-2

2
{ dt=dx| =(x—2)2-2=t>—(v2)? /\/tidt

/e 1 _a  w/E(Bp M |f+v voR| | .
2 ) Ve-(2p 3
. (x72)\/>2<2+4x+2 _In \x—2+\/2x2—4x+2| 4, x€ R_<2_\/§; 2+\/§>’ cER.

x € (—o0;

x-:(lx) tle

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120
/dex

/mdx:/mdx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

\/ —x244x—3dx

__[Subst. t=x-2 x€(1;3)
dt=dx te(-1;1)

x2+4x—3=—(x>—4x+4-1)
=—(x—2)2+1=1-¢2

/mdx:/mdx

—x?4+2x=—(x2—2x+1-1)
=—(x—12+1=1-¢2

_ [Subst. t=x—1
dt=dx

x€(0;2) }
te(—1;1)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

\/ —x244x—3dx

/\/—7t2dt

x2+4x—3=—(x>—4x+4-1)

=—(x—2)>+1=1— t2 te

__[Subst. t=x-2
dt=dx

/mdx:/mdx

_ [Subst. t=x—1
dt=dx

—x?4+2x=—(x2—2x+1-1)
=—(x—1)?+1=1 tZ te

- /\/7t2dt

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

\/ —x244x—3dx

/\/—7t2dt

x2+4x—3=—(x>—4x+4-1)

dt=dx =—(x—2)>+1=1— t2 te

ty/1— t2
2 \/1 2

_{Subst. t=x—-2

/mdx:/mdx

_ [Subst. t=x—1
dt=dx

—x?4+2x=—(x2—2x+1-1)
=—(x—1)?+1=1 tZ te

1t2

i /\/7t2dt \/ﬁ

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

\/ —x244x—3dx

_ [Subst. t=x—2| —x?+4x—3=—(x®>—4x+4-1) x€(1;3) 1__ — 2
*{ dt=dx =—(x—2)2+1=1—¢ fe(71,1)}* 1-t2dt

_t\/l—t2+l dt _f\/l—t2+arcsint+c_t\/ﬁfarCCOSt+C
— T2 2 1 2 2 ="z 2 2

/mdx:/mdx

xe(0;2) 1 o V1=t 1 dt
(1‘1)}_/\/1 2 dt= Y= +2/ T

—x?4+2x=—(x2—2x+1-1)
= (x—1)2+1=1—r2|t

_ [Subst. t=x—1
dt=dx

t\/1-t2 | arcsint t\/1-t2  srccost
= > = > +c1= > - > +C

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

arcsin (x—2)

) T—C

_{Subst.t:x 2| —x?+4x—3=—(x>—4x+4-1)

V1—1t2
o dt=dx =—(x—22+1=1— t2 te } / tedt

_ _tz _ tV/1-t? | arcsint _ tV/1-t®  arccost

=" 3 /— S e N A
x—2)4/ —x2+4x—3  arcsin (x—2 x—2)y/ —x?+4x—3  arccos (x—2

= =) =F 2( )—i-cl:( ) 5 - 2( )-I-Cz,

2
X€(1;3), c1,0ER.

arcsin (x

)
%1C1

i /\/7t2dt \/j

_{Subst. t=x—1]—x?+2x=—(x2—2x+1-1)

dt=dx =—(x-1)2+1=1 tZ te ,/1 2
ty/1—t2 i ty/1—t2 x—2)4/ —x242x | arcsin (x—2
J arcsint teo= __arccost N ( ) + ( ) @

2 2 - 2 2 2 2
o)/ 2 _
= (x=2) 3 A _arccos2(>< 2)+C2, XE(O; 2), c1, ER.

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

_1 [ ddx 1 [P dx 1 [(PHal)dx 1 x% dx
=2 | ray 2 ATy ey 2 | Garaty

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

_1 [ ddx 1 [P dx 1 [(PHal)dx 1 x% dx
=2 | ray 2 ATy ey 2 | Garaty

_ 1 dx _ 1 Xx-2x dx
Y (X2+32)n—1 232 (X2+32)”

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

_1 [ ddx 1 [P dx 1 [(PHal)dx 1 x% dx
=2 | ray 2 ATy ey 2 | Garaty

_ 1 dx _ 1 x-2xdx __|U=X
=22 | ()t 222 | (P+a2)" | v P

u'=1
P+a’)t " 1
v I-n AT=n)(E+a?)—T

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

1 [ 2dx 1 [Pt dx_ 1 [(Pra)dx 1 [ xPdx
— 2 | (P2 @ P+ 22 (x>+a2)" 2 | P+a%)"
_ 1 dx _ 1 x-2xdx _ |[u=X u'=1

=22 | Zra)n T 222 | 2+ |, 2 | v (g SN

1y 10 x 1 [ _dx
— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

1 [ 2dx 1 [Pt dx_ 1 [(Pra)dx 1 [ xPdx
— 2 | (P2 @ P+ 22 (x>+a2)" 2 | P+a%)"
_ 1 dx _ 1 x-2xdx _ |[u=X
=22 | Zra)n T 222 | 2+ |, -

_ il _ 1 X _ 1 dx

— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1
_ 1 _ X 1

a2 Ih—1 2a%(1—n)(x?>+a2)—1 + 2a%(1—n) Ih—1

u'=1
()i :
v T=n T=n)(ZFa2)—T

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

1 [ 2dx 1 [Pt dx_ 1 [(Pra)dx 1 [ xPdx
— 2 | (P2 @ P+ 22 (x>+a2)" 2 | P+a%)"
_ 1 dx _ 1 x-2xdx _ |[u=X
=22 | Zra)n T 222 | 2+ |, -

_ il _ 1 X _ 1 dx

— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1
_ 1 _ X 1

a2 Ih—1 2a%(1—n)(x?>+a2)—1 + 2a%(1—n) Ih—1

1 X
= 52 (2+ 15 -1 + szt

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, nelN

1 [ 2dx 1 [Pt dx_ 1 [(Pra)dx 1 [ xPdx
— 2 | (P2 @ P+ 22 (x>+a2)" 2 | P+a%)"
_ 1 dx _ 1 x-2xdx _ |[u=X
=22 | Zra)n T 222 | 2+ |, -

_ il _ 1 X _ 1 dx

— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1
_ 1 _ X 1

a2 Ih—1 2a%(1—n)(x?>+a2)—1 + 2a%(1—n) Ih—1

_ 1 1 X ___3-2n X
=522+ 1=5)h1 + smpmnteryT e 1 T s eer T

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

2n—3 a>0, nelN

iy~ 2(r-1) 1t s ey

_1 [ ddx 1 [P dx 1 [(PHal)dx 1 x% dx
=2 | ray 2 ATy ey 2 | Garaty

_ 1 dx _ 1 x-2xdx __|U=X
=22 | (@raa)rT 222 | (X+ad)" | .

1y 10 x 1 [ _dx
— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1

_il _ X
—2'n-1 222(1—n)(x?+a?)"— 1

1
+ 2a%(1—n) I"_l
_ 1 1 X __ 3-2n X
=322+ 1=5)h1 + smponterT e -t t e

:%In_l —+ W, XER, CER, n:2,3,4,....

iza.sk/~beerb

beerb@frcatel.fri.


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

___2n-3 X _ 1 X
ﬁ)n_mlnfl—‘rm,h—garctgg‘i‘c, a>0,n€N

_1 [ ddx 1 [P dx 1 [(PHal)dx 1 x% dx
=2 | ray 2 ATy ey 2 | Garaty

_ 1 dx _ 1 x-2xdx __|U=X
=22 | (@raa)rT 222 | (X+ad)" | .

1y 10 x 1 [ _dx
— 2 in—-1 222 | (1—n)(x2+a2)"—1 1—n | (x2+a%)"—1

_il _ X
—2'n-1 222(1—n)(x?+a?)"— 1

1
+ 2a%(1—n) I"_l
_ 1 1 X __ 3-2n X
=322+ 1=5)h1 + smponterT e -t t e

:%In_l —+ W, XER, CER, n:2,3,4,....

x2+a?

/1:/ b =larctgX + ¢, xER, ceR, n=1.

iza.sk/~beerb

beerb@frcatel.fri.


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 122

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 122

—_— . . ) dx ___2n-3 X
_{Pr- 121: ’n*/m*m’n 1+ TRy

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 :

Riesené priklady — 122

_ " ix o . _ 2.2-3 X
—[Pf 121: 1= e = b+ s = 2= 1 SRR

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

_ " _ 2.2-3 X
—{Pf 121 ’:/(17):%’ e [ 320-1) L T 3= e )

_ 1 S S—
T 222 /><2+a2 + 2a%(x 2+az)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

_ " _ 2.2-3 X
—{Pf 121 ’:/(17):%’ e [ 320-1) L T 3= e )

= L 1 X X
=32 /x2+a2 + 222(x z+az) 7 arctg 2 + 222 (x2+27) +c

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 a®dx 1 (x2+az—x2)dx_i dx 1 2x2 dx
2 | 2ra2R 2 21222 2 | X2+ 222 | (@+a2)?
u=1 = 1 dx 1 | x + dx

Ew|v== | & [ # 222 x2+a2 x2+a2

2:2-3

— u .
{Pf 121 ’:/(17):%’ e [ 320-1) L T 3= e )

1

1 L 1 x x
222 ><2+a2 + 2a%(x 2+az) a arctg a + 22%(x2+a?) t+c

:%arCtgiij-i'C,XER, ceR.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 a®dx 1 (x2+az—x2)dx_i dx 1 2x2 dx
2 | 2ra2R 2 21222 2 | X2+ 222 | (@+a2)?
u=1 = 1 dx 1 | x + dx
2o | v —mte | a2 | x2+4a? 232 x2+a? x2+a?

1 N S _dx
a2 ><2+a2 2az(x2+az) 2a% | x?+a?

2:2-3

= o _ _ x
_[Pr 121 /n:v/ﬁ*ﬁ/n 1+W} 222(2—1) I1+232(271)(X2+22)

1

1 L 1 x x
222 ><2+a2 + 2a%(x 2+az) a arctg a + 22%(x2+a?) t+c

:%arCtgiij-i'C,XER, ceR.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

X
a a <
_1 f ddx 1 [P xPdx 1 [ dx 1 [ 2x%dx
- (x2+a2)2— 22 (x2F+a2)2 &2 | X+a? 222 | (x*+2a%)?

32
_|u=x u'=1 = 1 dx 1 | _ X + dx
—|v= (ijs | v= e a2 | x2+4a? 232 x2+a? x2+a?

_ 1 + _ 1 dx 1 dx + X
2 ><2+a2 2az(x2+az) 2a% [ x?+a% 2a% | x?+a? 2a%(x%+a?)

T a

_ ok . 2.2-3
_{Pr 121 /":/(xzia—')u:z:(n 31)/" 1+ s2eon0e +37‘:| 222(2—1)

h+ 232(271)3(x2+22)

1 1.1 X X
a arctg a + 2a%(x%+a?) t+c

=52 | 57 t AT

1
:ﬁarCtgiij-i'C,XER, ceR.

http:/ /frcatel.fri.uniza.sk /~beerb

beerb@frcatel.fri.uniza.sk



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

_ 1 [ 2dx 1 [(P+2P=xP)dx_ 1 [ dx 1 2x2 dx
=2 | ) 2 Zra2e 2 | a2 T 222 | (Bt
u'=1 > 1 dx 1 | x + dx
Ew|v== | & [ # 222 x2+a2 x2+a2

_ 1 + _ 1 dx 1 dx + X
& ><2+a2 2az(x2+az) 2a% [ x?+a% 2a% | x?+a? 2a%(x%+a?)

L1
a

arctg =+ m +c

_ " _ 2.2-3 X
_[Pr 121 /,,:v/ﬁ:ﬁ/n 1+W} 222(2—1) I1+232(271)(X2+22)

1

1 11 x x
222 ><2+a2 + 2a%(x 2+az) a arctg a + 22%(x2+a?) t+c

:%arCtgiij-i'C,XER, ceR.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 a®dx 1 (x2+az—x2)dx_i dx 1 2x2 dx
2 | 2ra2R 2 21222 2 | X2+ 222 | (@+a2)?

g=1 Z 1 [ dx L _x 4 f_dc
Ew|v== | & [ # 222 x2+a2 x2+a2

_ 1 + _ 1 dx 1 dx + X
& ><2+a2 2az(x2+az) 2a% [ x?+a% 2a% | x?+a? 2a%(x%+a?)

1
;arctg +m+c:2—i3arctg§+m+c,xel?, ceR.

2:2-3

= o _ _ x
_[Pr 121 /n:v/ﬁ*ﬁ/n 1+W} 222(2—1) I1+232(271)(X2+22)

=52 | 57 t AT

1 1.1 X X
a arctg a + 22%(x2+a?) t+c

:%arCtgiij-i'C,XER, ceR.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 27-28 29 30

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 27-28

. . ] dx __ _2n-3 x
{Pr. 121: ’”*/m*m’m \ W}

—_ . - ) dx _ _2n-3 X
—{Pr_ 121: I, /m m/nqﬁ’m

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 27-28

r 2-3-3 X
. _ dx n X —
—{Pr- 121: M—/m—ﬁIH ‘ W}— 222(3—1) h+ 222(3—1)(x>+22)?

2:4-—3

_— . . ] dx _ _2n-3 X — - X
_{Pr. 121: J, /ﬁ 1+ T [ 22 (4= 1) I3+ 32 =T (2T

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 27-28

r 2-3-3 X
o dx n = — —
— {Pl’- 121: //77'/7(%”2)” = 2732:(,,,31)/;'—1 F e eF 2T }— 232(3 1) I2 + 232(3 1)(X2 32)2—[Pr. 121}

2:4-—3

— g ax  _ ons x — o X _
_{Pr. 121: J, /ﬁ et e [ 32 (A1) I3+ 232(4_1)(X2+32)3—[Pr. 121}

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 2

— e o . _ _23-3 x _
—{Pf- 121: = [ = sty W}_ 221kt 2a2(3—1)(x2+32)2—["“ 121}
_ 3 2.2—3 X X

T 422 |:2az(2—1) h+ 232(2—1)(x2+32):| + 43%(x?+a%)?

= 4 2= X _ _2:4-3 X _
—{P'- ik ’*/(“\7) = () -1 R }_ 222(4—1) h+ 2a2(4—1)(x2+a2)3_[” 121}
_ 5 | 23-3 X X

~ 622 {232(371) lo+- 232(371)(x2+az)2i| + 622 (x2+a2)3

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 27-28

— gy dax  _ on « _ 2.3-3 X o

—{Pf- 121: = [ = sty W}_ 221kt 2a2(3—1)(x2+32)2—["“ 121}
__ 3 2-2—3 X X _ . P i N

T 422 |:2az(2—1) h+ 232(2—1)(x2+32):| + 432(X2+32)27{P" s fy _/x‘d 7 =3 arctg :}

= 4 2= X _ _2:4-3 X _
—{P'- ik ’*/(“\7) = () -1 R }_ 222(4—1) h+ 2a2(4—1)(x2+a2)3_[” 121}
_ 5 | 23-3 X X _

=622 {232(371) lo+- 232(371)(x2+az)2i| + 632(x2+32)3_['°'- 121}

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 2

= [ _ax n « — _23-3 x =

—{Pf- 121: = [ = sty W}_ 221kt 2a2(3—1)(x2+32)2—["“ 121}
_ 3 2.2-3 x X — . 4 x

T 422 |:2az(2—1) h+ 232(2—1)(x2+32):| + 432(X2+az)2*{Pr. 121 f _/x‘ 7 =3 arctg :}

3 3
=g arctg 2+ 834(X§+32) +422(X2X+32)2 +c, xER, ceR.

= 4 2= X _ _2:4-3 X _
_{Pr. 121: /—/(d‘i)—ﬁ/,ﬁﬁ}— 32(4=1) I3+ 232(4_1)(X2+32)3—[Pr. 121}
_ 5 | 23-3 X X _

=622 {232(371) lo+- 272G+ | T 632(x2+32)3_[P“ 121}

__ 15 2:2—3 X 5x X
T 242 {232(2—1) h+ 232(2—1)(X2+a2)j| + 24a%(x2+a2)? + 6a%(x2+a?)3

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 2

= [ _ax n « — _23-3 x =

—{Pf- 121: = [ = sty W}_ 221kt 2a2(3—1)(x2+32)2—["“ 121}
_ 3 2.2-3 x X — . 4 x

T 422 |:2az(2—1) h+ 232(2—1)(x2+32):| + 432(X2+az)2*{Pr. 121 f _/x‘ 7 =3 arctg :}

3 3
=g arctg 2+ 834(X§+32) +422(X2X+32)2 +c, xER, ceR.

= 4 2= X _ _2:4-3 X _
_{Pr. 121: /—/(d‘i)—ﬁ/,ﬁﬁ}— 32(4=1) I3+ 232(4_1)(X2+32)3—[Pr. 121}
_ 5 | 23-3 X X _

=622 {232(371) lo+- 272G+ | T 632(x2+32)3_[P“ 121}

_ 15 2.2—3 X 5x X _ ) a .
T 2454 {232(2—1) h+ 232(2—1)(x2+a2)j| + 24a%(x2+a2)? + 6a2(x2+a?)3 {Pr. 2L = 5 el ;}

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 22 23-24 25 26 2

r 2-3—3 X
— . _ dx _ n x — —
= {PI’- 121: //77'/7“4(,2)” 7275("31)/,'71 b ey T }— 222(3-1) I2 22(3-1)(x2 32)2—[PV- 121}

— 3 | 22-3 X X — . dx
T 422 |:2az(2—1) h+ 232(2—1)(x2+32):| + 432(X2+az)27{Pr' 121: 4 _/X‘d 7

1 x
5 arctg 3 }

3 3
=g arctg 2+ 834(X§+32) +422(X2X+32)2 +c, xER, ceR.

P 24
— . . dx _ _2n-3 J—
_{Pr' 1 ,/(x"m“ o L e ey } pr 1) I+ 2a%(4— 1)(x2+32)3_[Pr' 121}

5 _
=622 {232(3 1) /2+232(3 1)(x2+az)2i| +6a2(x2+32)3_[Pr 121}

_ 15 2.2—3 X 5x X _ ) a .
T 2454 {232(2—1) h+ 232(2—1)(x2+a2)j| + 24a%(x2+a2)? + 6a2(x2+a?)3 {P" 2L I =5 i ;}

—_5 X 5x 5x X
— 16a’ arctg a + 16a%(x2+a?) + 243%(x%+a?)? + 6a2(x2+a?)3 +c, xeR, ceR.

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, neN

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 125

a>0, neN

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 125

a>0, neN

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, neN

_ 1 —a?dx 1 [(P=2=x")dx_ 1 [(F=a)dx 1 x? dx
T2 [ -2 [ La— (x2=a%)" —2 | x2=a2)"

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, neN

_ 1 —a?dx 1 [(P=2=x")dx_ 1 [(F=a)dx 1 x? dx
T2 [ -2 [ La— (x2=a%)" —2 | x2=a2)"

__ 1 dx _i_i x-2x dx
Z | @=a?)n 1 222 | (Z=22)"

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

a>0, neN

_ 1 —22dx 1 [(P==x*)dx_ 1 (x*=a%)dx
==z |27 =2 =)y =2 | =)

__i/
2

dx

1 x-2x dx
=T+ ﬂ/m:{

(F=a?)r=T

u

v

u'=1
(R
T-n

X

2x
e-ay | v

1 x2 dx
—22 | x2=22)"

: :|
T=ne=—a)1

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 —22dx 1 (x*—a®—x*)dx__ 1 (x*—a’)dx 1 x2 dx
=2 e -2 =2y =2 | =) =2 | 2=y
_ 1 dx T 1 x2xdx __ |Uu=X

2 | a1t T 22 [ (@) |, .

_ 1 1 X 1 dx
=—gh-1+ ﬁ{m - m/m}

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 ldx 1 [(P=dxPdx_ 1 [(P=a)dx 1 [ xPdx
=2 | F=)r =2 () ——

_ 1 dx T 1 x2xdx _ |[U=X
Z | @=a?)n 1 222 | 0E=a2)7 | v

2x
-y

1 1 X 1 dx
=—ghh-1+ ﬁ{m - 1*/7}

X
(X2_32)n—1

_ 1
- 7?’”_1 + 2a%(1—n)

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 —22dx 1 (x*—a®—x*)dx__ 1 (x*—a’)dx 1 x2 dx
=2 e -2 =2y =2 | =) =2 | 2=y
_ 1 dx T 1 x2xdx __ |Uu=X
=Tz eyt T a2 | R |y .

_ 1 1 X 1 dx
=—gh-1+ ﬁ{m - m/m}

__ 1 1
==z lh-1+ spamype—y=T — 3a=gy -1

— 52 (24 155) -1 — sy

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

—2

_ 1 dx T 1 x-2xdx __|U=X
Z | @=a?)n 1 222 | 0E=a2)7 | v

-y

1 1 X 1 dx
:—?/n—lﬂ‘ﬁ[m—f/ }

1 —22dx 1 (x*—a®—x*)dx__ 1 (x*—a’)dx 1 x> dx
=2 e -2 =2y -2

: :|
T=ne=—a)1

—n (XZ_aZ)n—l

1 X 1
_7¥I”_1 + 222(1—n)(x2—a2)"=1 = 2a%(1—n) In—1
_ 1 1 X _ 3—2n
—_ﬁ(2+ 17,7)’"*1 T 222(n—1)(x2—a%)"-T 2a%(1—n) Ih—1—

X
2a%(n—1)(x>—a?)"—1

y
beerb@frcatel.fri.uniza.

iza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 25 26 27-28 29 30

a>0, neN

1 —22dx 1 (x*—a®—x*)dx__ 1 (x*—a’)dx 1 x2 dx
==z |27 =2 =)y =2 | =) == | e=a7

__ 1 dx T 1 xQde_{“ x u'=1 }
= 2 7 2)n— 2 72\ |, b =)t
a (x2—a?)n—1 23 (x2—a2)" | e o CE55) =T
—_1 1 x 1 [ _dx
=== Ih—1 + 522 {(1_,7)()(2_32)"—1 1_n/(X2_aZ)n—1:|
__ 1 X . 1
- &7 Ih—1 + 2a%(1—n)(x?—a?)"— 1 2a%(1—n) In—1
__ 1 1 _ X ___ _3=2n _ X
- 232(2+ 17,7)’"*1 222(n—1)(x2—a%)"~T  2a%(1—n) In—1 222(n—1)(x2—a%)" 1
—(2n—-3)

:mlnfl — m, S R_{Zta}, ce R, n:2,3,4, 000G

beerb@frcatel.fri

http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

X—a

_ 1 [ —2dx 1 [(E=2=x)dx_ 1 [(P=a)dx _ 1 X2 dx
T —a2 [ (B3 —a? (x2—a?)n — —2a2 (x2—a?)" —a2 [ (x2—a?2)"

__i/
=1

+ 1 x-2xdx __|U=X
xZ=a?)n1 222 | GF=22)7 | y= 2

1 1 X 1 dx
— -1+ ﬁ{m - m/m}

—a’dx __

dx

]—l—c, a>0, neN

x+a

__ 1 1
==z lh-1+ spamype—y=T — 3a=gy -1

3—2n

_ 1 1 X _ X
—_ﬁ(z‘kﬁ)lnfl T 222(n—1)(x2—a%)"-T 2a%(1—n) Ih—1— 222(n—1)(x2—a%)" 1

—(2n—-3)

= 2a%(n—1) Infl -

—22

_1
723'”‘

W, XGR—{:EB}, CGR, n:2,3,4,....

);Z’ + ¢, xeR—{+£a}, ceR, n=1.

beerb@frcatel.fri http:/ /frcatel.fri.uniza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

RieSené priklady — 126

= [ Pr. 121 I”:/(x‘d\xa’)“ = 232’2’,1 31) In-1+ 22(n 1)(2" FaZ)i1

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

RieSené priklady — 126

—a’dx

1

1/ _ /(Xz—aZ—xz)dx
—a2 | (x2—a?)2 —a? | (x2—a?)2

:{Pr. 121: I”:/ﬁ:zﬁz

3 X
n 1)/”’1+25>(n 1)(x2+a2

—(2:2-3

T[T 222(2—1)

) X

2a%(2—1)(x?>—a?)

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

RieSené priklady — 126

_ 1 [ —adx_ 1 (P—a®—x)dx_ 1 dx 1 2x° dx
=7 | @=2)F =2 C=a)p =2 | 2-2 22 | =2

: , —(22-3)
= o e _ on X _ =( _ x
—{P'- i ’nf/W*%’H*W = 2222-1) h 222(2—1)(x*—27)
__ 1 dx X
T 222 [ x2—-2?2 22%(x2—a?)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

RieSené priklady — 126

_ 1 [ —adx_ 1 (P—a®—x)dx_ 1 dx 1 2x° dx
=7 | @=2)F =2 C=a)p =2 | 2-2 22 | =2

2—a2)2

_ e s . _ —(22-3), X
_{Pr_ 121: /nzv/W:ﬁ/nfﬁrm}— 2a2(2—1) I]_ 222(2—-1)(x2—2)
= X _ X —_ 1 1 | X—a ’ _ X

222 | x2—a? 222(x2—a%)" 2% 2a In x+a 2a%(x2—a?) +c

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

_ 1 —a’dx 1 (*—a*—x*)dx__ 1 dx 1 252 dx

R v ) F—2)p -2 [ x—2 222 | (P—22)2
u=1 1

V77)‘¢l:7?/ —324»2‘32 {7 a2+/2—a2:|

P —(2:2-3) X
—_— . - dx . n _
—{Pr. 121: /”i/mfm/” 1+W} 282(2 1) I]_ 282(2—1)(X2—82)
—_ 1 [ _dx é__i |
222 | x2—a? 222(x2—a%)" 2a? ln x+a T 2a%(x 2 —a2) +c
1 X—a
433 In |><+a|

m—FC x€R—{+£a}, ceR.

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

_ 1 [ =2dx_ 1 (P—a®—x)dx_ 1 dx 1 2x° dx
e B o) =22 -2 | -2 222 | (¥=2%)2
u'=1 1 d 1 d

o } :*?/xzfaz + ﬁ{* e +/X2_Xaz}

__ 1 dx X +i dx
T a2 [ x2—22 2a2(x2—2a?) 222 | x2—2a?

P —(2:2-3)
:{Pr. 2l /,,:/4“,4‘29)“ :272(1’17)/,7 1+777>(n AT } Il —

X
2a%(2-1) 2a%(2—1)(x?>—a?)
—_ 1 [_dx é__i __x
2a% | x?—a? 2a%(x2—a?)" 2a? ln |x+a 2a%(x 2 —a?) +c
1
= 4a3|n|i+2| m—FC xeR— {:ta} ceR.

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 [ =adx 1 [(P=ax¥)dx 1 dx 1 [ _2x%dx
R v ) F—2)p -2 [ x—2 222 | (P—22)2
u'=1 > 1

v= )‘fl_i?/ —324»2‘32 {7 a2+/2—a2:|

— L md L dxe e X
T a2 [ x2—22 2a2(x2—2a?) 222 | x2—a2 22 | x2—a?2 2a%(x2—a?)

=|pr 121 f,= [t — 23 —22-3)) _ =
|7 = [ oeray — 22D - 1 s [ 222(2—1) '1 7 222(2—1)(x2—2%)

_ 1 dx X _ 1

T 222 | x2—-a? 2a%(x2—a?)" 2a? ln |x+a 2a%(x 2 —a?) +c
1 a

== N[353| - sy + c xeR—{+a} ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 [ =adx 1 [(P=ax¥)dx 1 dx 1 [ _2x%dx
R v ) F—2)p -2 [ x—2 222 | (P—22)2
u'=1 > 1

V77)‘¢l_7?/ —324»2‘32 {7 a2+/2—a2:|
=_ 1 [_dx _ g L dX =L [_dx _ ___x
T a2 [ x2—22 222(x2—a?) = a?) 232 xX2—a?— 222 | x2—22 2a%(x2—a?)

__i o x

- 222 ln lx+a| 2a%(x 2—32)

- ) e . —(2:2-3) X

_{Pr. 121: /:/(d‘i):ﬁ/ 1+W} 227(2=1) h— PE Y o)
—_ 1 [_dx é__i __x

T 222 | x2—-a? 2a%(x2—a?)" 2a? ln |x+a 2a%(x 2 —a?) +c

— 1 x—a

=—z5 In|X+a| spe—7) T 6 XER- {£a}, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

1 [ =adx 1 [(P=ax¥)dx 1 dx 1 [ _2x%dx

R v ) F—2)p -2 [ x—2 222 | (P—22)2

u'=1 > 1

v:fjlfl_i?/ —324»2‘32 {7 a2+/2—a2:|

— L md L dxe e X

T a2 [ x2—22 2a2(x2—2a?) 222 | x2—a2 22 | x2—a?2 2a%(x2—a?)
1.1

~ 22 ln lx+a| 2a%(x = a?) +oe=— 4a3

x+a T 222(x 2—a2) +c
x€R—{+£a}, ceR.

=|pr 121 f,= [t — 23 —22-3)) _ =
|7 = [ oeray — 22D - 1 s [ 222(2—1) '1 7 222(2—1)(x2—2%)

—_ 1 [_dx é__i __x
T 222 | x2—-a? 2a%(x2—a?)" 2a? ln |x+a 2a%(x 2 —a?) +c

_4733|n|i<<;;| 2a%(x 2—a2) o xeR- {:I:a} CER.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 . g 25 26 27-28 29 30

Riesené priklady — 127, 128

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 g 25 26 27-28 29 30

Riesené priklady — 127, 128

(2n-3) = }

222(n—1) "1 22(n—1)(x*—a%)" !

I
o
~
&
B
==
8
Ry

[ dx  _ —(n-3) =
{Pr- 125: ’n*/(xuazy = 222 (n=1) -1~ 22—y ="

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 g 25 26 27-28 29 30

Riesené priklady — 127, 128

_ e _—pny - — —(23-3), x
—{Pr 125: Iy /H—) =i L*W}* 22(3-1) 2 22 E (2

_ —(24-3)

‘ x n x X
[Pf 128 /,,:v/(xzia,,), = 5t -1~ T [ 222(A=T) l— 222(4—1)(x2— %)’

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 g 25 26 27-28 29 30

Riesené priklady — 127, 128

— " dx (2n-3) N L =(@8=8), % o
*{P' 125: Iy /(xzdia) 2 (n=1) In L*m}* 222(3-1) h 2231 (2_a2)F |1

_ —(24-3)

[ 4 _ —(20-3) . _ X —
{Pr 1 /”’/WL"V =00 1 e [ 222(4—1) 5 232(4*1)(X2*32)3_{Pr' 125}

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

25 26 27-28 29 30

pal

— " dx (2n-3) . _ —(2:3-3) _ X _
{Pf 125307 /(“7) 2 (1) n l*m}* 222(3-1) k> 232(371)(x27‘32)27{m 125}
— 3 —(2-2—3)/ _ X _ X

422 |222(2—1) '17 2222—1)(x*—a?) |~ 4a2(x2—a2)?

(2-4—3)

o _ [ _ax  _ —(n-3) x _ X —
{Pr 125 /”7v/[x2—a—’)' = 527 (=1) -1~ T =T 1}_ 2a2(4—1) I3 232(4,1)()(2732)3—{"" 125}

—(2-3— X X
( 2 h— 222(3—-1)(x2—a%)2 | 6a%(x2—a?)3

—_ 5
T 6a% |2a%(3-1)

iza.sk/~beerb

beerb@frcatel.fri.


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 g 25 26 27-28 29 30

Riesené priklady — 127, 128

_ @ ) _ —(23-3), % _
*{Pf T /(“7) %l l*m}* Pr sy LR Pl sy e LORES
—_ 3 |=(22=3), x x Lo —
=iz [2a2(2—1) h—sze=e=2) | ~ 4a2(x2—a2)2_{'3" 12 ’l:,/”'*“z:i'"‘m@

. [ 4 _ —@n-3) x — _(2'4_3) _ X —

—[P“ i ’*/(“ﬁ*m’ 1 m}_ 220—1) 13~ 22@=T) o=y | P 125
_ 5 [=(23-3), X - X _

CES [232(3—1) h 2a%(3—1)(x>—a?)? 632(x2—32)3_{Pr' 125}

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 . g 25 26 27-28 29 30

_ " oo i _ —(23-3), = _
*{Pf 125307 /(“7) 2 (1) n l*m}* 222(3-1) k> 222(3-1)(x2—a2)2 |12
—_ 3 |=(22=3), x _ x o -

= 4a2 [2a2(2 i h 232(2 N—2) 4a2(x2—a2)2_{P' 125: = [t =3 '"‘X*”

16,35 In | x+a ‘ + 834(x2—a2) 4.32(><£(—212)2 tc xe R_{:ta}’ ceR.

= _[ _—Gn3) 2 _ =(24=3), _ x _

_{Pr 125 /n*v/( — — — 1)/,, 1 m}— 222(4—1) I3 RE-)(C=2P Pr. 125
__ 5 [(@3-3), L

T 627 |222(3-1) 2 222(3-1)(x2—27) 62—y | P15

_ 15 |—(22-3), x + 5x . x

T 242%|222(2—1) '1 T 222(2—1)(x2—2a?) 24a%(x2—2a%)?  6a%(x?—a?)3

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 . g 25 26 27-28 29 30

_ " oo i _ —(23-3), = _
*{Pf 125307 /(“7) 2 (1) n l*m}* 222(3-1) k> 222(3-1)(x2—a2)2 |12
—_ 3 |=(22=3), x _ x o -

= 4a2 [2a2(2 i h 232(2 N—2) 4a2(x2—a2)2_{P' 125: = [t =3 '"‘X*”

16,35 In | x+a ‘ + 834(x2—a2) 4.32(><£(—212)2 tc xe R_{:ta}’ ceR.

} —(2:4-3)

_ : : N — _ X _
_{Pr 1 /”:v/“dﬁfﬁ’" U ey [ 2a2(4—1) 5 232(471)(%*82)3_{Pr 125}

-5 (2:3-3)

— 7 6a2 [ 32(3 1) I2 232(3 1)( _az) ] 632( 32)3—{Pr 125}

= s o h— 3 NI S S P P
T 2454 232(2—1) 1 232(2—1)(X2—32) 2434(X2—32)2 632(X2—32)37{Pr' 125: ) In‘xu‘]

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal 21 . g 25 26 27-28 29 30

RieSené priklady —

_ " oo i _ —(23-3), = _
*{Pf 125307 /(“7) 2 (1) n l*m}* 222(3-1) k> 222(3-1)(x2—a2)2 |12
—_ 3 |=(22=3), x _ x o -

= 4a2 [2a2(2 i h 232(2 N—2) 4a2(x2—a2)2_{P' 125: = [t =3 '"‘X*”

16,35 In | x+a ‘ + 834(x2—a2) 4.32(><£(—212)2 tc xe R_{:ta}’ ceR.

= [ _ G 2 _ —(24-3), x _
=P 125: 1= [y~ 2B s~y = 2ara=1) B~ =D | 1
2-3-3
= 52 (2 )I2 2 2 2 2y3— | Pr- 125
6a% | 2a%(3—1) 2a%(3—1)(x>—a?) 6a%( a%)
_ 15 [—(2-2-3), X 5x X _ s
T 2454 |:232(2—1) /1 232(2—1)(x2—a?) + 243%(x2—2a2)2 o 6az(x2—32)37{Pr' 125: h=5In ‘xu‘]
_ 5 x—al|__ 5x 5x _ X
- 324 In } x+a ’ 162°(x2—a?) + 2424 (x2—2a2)2  6a%(x2—a2)3 +c,
xeR—{+£a}, CER

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?

__[Subst. t=x+2
dt=dx

x?+4x+5=x>+4x+4+1
=(x+22+1=12+1

xeER
teR

_ [Subst. t=x+2
dt=dx

X2+ 4x+5=x2+4x+4+1
241

(x+2)2+1

xXER
teR

beerb@frcatel.

i.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

S > S

(x?+4x+5)

_ [Subst. t=x+2| x> +4x+5=x>4+4x+4+1 |x€R]_ 1.dt
dt=dx =(x+2p2+1=2+1|ter | [ (t?+1)2

_ [Subst. t=x-+2| x?+4x+5=x>+4x+4+1 |x€R]_ dt
dt=dx (x+22+1=+1|ter | [ (t2+1)2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?
_ [Subst. t=x+2| x> +4x+5=x>4+4x+4+1 |x€R]_ 1.dt (f2+1—l’2)dX
- dt=dx —(x+22+1=12+1|teR ([#=FD) (E=FDY
_{Subst t=x+2| x2+4x+5=x2+4x+4+1 x?R}_ dt | Pr.121: 1, /07(\172) }
- 21241\ ter | t2+1)2 n
dt=dx (x+22+1=1>+1|teR (t2+1) R M N U S—

beerb@frcatel.

i.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?2

__[Subst. t=x+2| x?+4x+5=x>+4x+4+1
dt=dx =(x+2)*+1=t3+1

_ [.dt 1 [ 22dt [u=t
241 2 [ (241)2 | v= @2y

xeR]_ 1.de [ (£P4+1—t%)dx
tCR}_ (t2+1)> (t2+1)?

u'=1
1
V=Tea

X2+ 4x+5=x2+4x+4+1

_ [Subst. t=x+2
(x+2)2+1=12+1

dt=dx

XER]|_ dt _ |Pr.121: 1, /(tf—f)
ter | [ (2412 3 ;

— _2n-
In= 22(o=1 -1+ ey

_22-3
—2(2-1) h+ 2(2—1)t(t2+1)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?2

__[Subst. t=x+2| x?+4x+5=x>+4x+4+1
dt=dx =(x+2)*+1=t3+1

_ fdt 1 [ 22dt _[u=t
241 2 [ (241)2 | v= @2y

xeR]_ 1.de [ (£P4+1—t%)dx
tCR}_ (t2+1)> (t2+1)?

u'=1
1
V=Tea

X2+ 4x+5=x2+4x+4+1

_ [Subst. t=x+2
(x+2)2+1=12+1

dt=dx

XER]|_ dt _ |Pr.121: 1, /(tf—f)
ter | [ (2412 3 ;

— _2n-
In= 22(o=1 -1+ ey

_22-3 _1/.d
—2(2-1) h+ 2(2—1)t(t2+1)_ 5/15274:1 + 2(t2t+1)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

dx
(x2+4x+5)?

__[Subst. t=x+2
dt=dx

X2 +4x+5=x2+4x+4+1

_ [ _dt 1 [ 2%dt _ [u=t
241 2 [ (241)2 | v= @2y

=(x+2)2+1=t>+1|teR

x(:R}_

1.dt [ (P+1—t?)dx
(=) (2+1)2

dt 1 _t
- | t2+1 2 t2+1

+ f]

_ [Subst. t=x+2
dt=dx

__2:2-3

X2+ 4x+5=x2+4x+4+1

X‘?R:|

(x+2)2+1=t2+1|teR

1 dt

= 2(2-1)

h+ 2(2—1)t(t2+1): 2

t2+1

_|_

/ dt ____|Pr.12L:/, /(tf—f)
t24+1)2 nZ
= R NN I S—

PO 3 e t+

e+ T €

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

‘ d _ 1 2
/m = 3 arctg (x+2) + yrataes)

__[Subst. t=x+2| x?+4x+5=x>+4x+4+1
dt=dx =(x+2)*+1=t3+1

_ dt 1 [ 2e3dt  [u=t
241 2 [ (2412 | v= A

_ + 1 dt
t2+1 2(t2+1) 2 | t2+1

_ [Subst. t=x+2
dt=dx

xERT_ 1.de [ (£P4+1—t%)dx
tCR}_ (t2+1)> (t2+1)2

u'=1 - de 1| ¢t + dt
v=—gti | T [ 241 2 t24+1 t2+1

X2+ 4x+5=x2+4x+4+1
(x+2)2+1=1t2+1

XLR} / dt Pr. 121: I, /(tf—f)
R t2+1 = _
( ) Irv*w,jl)/n 1+m

_ 22-3 _1[._d 1
=so-nht 2(2—1)t(t2+1)_ et 2(t2t+1)_ garctgt + 2(t2t+1) tc

:%arctg(x+2)+ 2()(217% +c, x€ER, ceR.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

/(+27X+5) = jarctg (x+2) + ey

x?+4x+5
_ [Subst. t=x+2| x®+4x+5=x2+4x+4+1 |xeR]|_ 1.dt (t2+1—t2)dx
_{ dt=dx =(x4+2)2+1=t2+1 t(R}_ (EEED (t2+1)2

_ dt 1 [ 22de

[ 241 2 [ (P41 oy

— 1
/t2+1 + 2 t2+1) 2/

_ [Subst. t=x+2
dt=dx

=1 Z fd 1)t 4 [ dt_
V,fﬁ - | t2+1 2 t2+1 t2+1

1
§/t2+1 + 2(t2+1)

X2+ 4x+5=x2+4x+4+1
(x+2)2+1=1t2+1

ng}_/ dt Pr. 121: I, /(tf—f)
NG _
e ( ) Irv*w,jl)/n 1+m

_ 22-3 _1[._d 1
=so-nht 2(2—1)t(t2+1)_ et 2(t2t+1)_ garctgt + 2(t2t+1) tc

:%arctg(x+2)+ 2()(217% +c, x€ER, ceR.

beerb@frcatel.fri.

iza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

/(+27X+5) = jarctg (x+2) + ey

x?+4x+5
_ [Subst. t=x+2| x®+4x+5=x2+4x+4+1 |xeR]|_ 1.dt (t2+1—t2)dx
_{ dt=dx =(x4+2)2+1=t2+1 t(R}_ (EEED (t2+1)2

_ dt 1 [ 22de

[ 241 2 [ (P41 oy

— 1
/t2+1 + 2 t2+1) 2/

=1 Z fd 1)t 4 [ dt_
V,fﬁ - | t2+1 2 t2+1 t2+1

1
§/t2+1 + 2(t2+1)_ jarctgt + 2(t2+1) +c

X2+ 4x+5=x2+4x+4+1

_ [Subst. t=x+2
(x+2)2+1=12+1

dt=dx

ng}_/ dt Pr. 121: I, /(tf—f)
NG _
e ( ) Irv*w,jl)/n 1+m

_ 22-3 _1[._d 1
=so-nht 2(2—1)t(t2+1)_ et 2(t2t+1)_ garctgt + 2(t2t+1) tc

:%arctg(x+2)+ 2()(217% +c, x€ER, ceR.

beerb@frcatel.fri.

iza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 129

‘ ; =1 42
/W = Larctg (x+2) + ey

X2 +4x+5=x2+4x+4+1

__[Subst. t=x+2
dt=dx

XERT_ Ldt _ [ (P+1-¢*)dx
—(x+22+1=12+1|teR (&2 F1)2 (£2+1)2

1 212dt _ [u=t u=1 = dte 1| _ _t + dt
t2+1 2 B+ | v= e |v=—aa| [ B 2 t24+1 t24+1
dt _ 1
/t2+1 + s / /t2+1 + @2 jarctgt + s ¢

=T arctg (x+2) + Wﬁ%) +c, xER, ceER.

xeR_ dt Pr. 121: I, /(tf—f)
ter | (t2+1)2_ = 3 ;

= 3Gy In-1+ sy (R

X2+ 4x+5=x2+4x+4+1

_ [Subst. t=x+2
(x+2)2+1=12+1

dt=dx

_ 22-3 _1[._d 1
=so-nht 2(2—1)t(t2+1)_ et 2(t2t+1)_ garctgt + 2(t2t+1) tc

:%arctg(x+2)+ 2()(217% +c, x€ER, ceR.

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_ {Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

x?+4x+3=x>+4x+4—1
=(x+2)2-1=t>-1

__[Subst. t=x+2
dt=dx

x€ER—{-3,-1}]_ dt —1.dt
teR—{%1} }_ (2—-1)2 (t2—1)2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x>+4x+4—1
=(x+2)2-1=t>-1

dt=dx

x€ER—{-3,-1}]_ dt —1.dt
teR—{%1} }_ (2—-1)2 (t2—1)2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

_ (P=1-t)dt_ dt 1 [ 2£%dt
—_/ =1y __/tzfl + 5/(1‘271)2

__[Subst. t=x+2
dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

Riesené priklady — 130

dx
(x2+4x+3)?

_{Subst. t=x+2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=1>—1

dt=dx

= L_;_Fl dt 1 dt _ __ t
- t2—1 2(t2—1) 2 [ t2—1 2 [ t2-1 2(t2—12)
1
2

_ t 1 x+2—-1| xX+2
se—y) T = —gln |><+2+1| 32+4x73) T €

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

pal

dx .
(x2+4x+3)2

x?+4x+3=x2+4x+4-1
=(x+2)2-1=t>-1

dt=dx

[ (E-1-)de t +1 2t2dt
@12 +3
_ [ 4t + dt__; dt ¢t
- t2—1 = 2(t2-1) 1) -1 2 [ -1 2(t2—12)
1
2

_{Subst. t=x+2

_ 1), |t=1 t 1), |x+2-1 x+2
=—33n] o1l — xeop toe=—n |><+2+1| ~ a3 T €
_1 x| x42
zIn ‘x+3 32axi3) T €
_ 1 xX+2
—Z|n|x+3\ In\x—|—1| m+C,X€R—{—3,—1},CER.

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 33-34 35-36 37-38

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 :

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 :

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 :

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 :

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 37-38 39—

Riesené priklady — 131, 132

:7m+% %arctg + c= 1aarctg§fﬁ+C,X€R, CER.

u'=1 S e dx
2 |v= X,,la,l - 2[ x2+a2 + /x2732:|

NI
’X\\
N
NI
(AN
I\)NQ.
SR
l
LU
< =
I
=l x
e
S

— 1.1 —
- _2(x2X a?) +§'Z|n|x+a‘ +c= 4a|n ’x+a| - 2(x2):a2) tc
= iln|x—a|—i|n|x+a\—ﬁ+c, x€R—{+a}, ceR.
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a>0,neN, n#l
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x?(fx,O},t?('aZ,x)

2

__ | Subst. t=x2+42a2
x'r,('O;x),t'c’\ia i

dt=2xdx

o)

a>0,nelN, n#1

x'é(fx,O},t(i/\'aQ,x)

_{Subst t=x2+22

dt=2xdx | x€(0; 00), t € (a%; c0)
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__ | Subst. t=x24a?
dt=2xdx

x€(—00;0), te(a%00) |_ 1 [dt
x€(0; 00), t€ (a% 00) 2]t

a>0,nelN, n#1

__ | Subst. t=x?4a?
dt=2xdx

x'é(fx,O},t(i/\'aQ,x) _ 1 [dt
x%(’O;X),t%(az‘\x) 2 tn
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x2+a?

:l/2xdle/(x +a) dx_ 1 2in|x®+2% + ¢

__ | Subst. t=x2+2%
dt=2xdx

x € (—00; 0), t € (a%; 00) dt 1
x€(0; 00), tE (4% 00) _2 Int+c

a>0,neN, n#l

__ | Subst. t=x2+2%
dt=2xdx

x€(—00;0), te(a?00) [ 1 ﬂ 1 n
x€(0; 00), t€ (a% 00) }_2/t" 2/t dt
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x2+a?

2 2/
:l/2xdx:1/(x +a°) dX:%|n|X2—|—a2‘+C:%|H(X2+82)+C,
XER, ceR.

x’é(

dt=2xdx

__ | Subst. t=x24a?
X

o0i0), te (o) | 1 fdt_ 1 Ly (x24 a2
o), te{2:00) }— 2/t—2 Int+c=3In(x*+a%)+c,
XER, ceR.
v

a>0,nelN, n#1

x€(—00;0), te(a?00) [ 1 ﬂ—l ' —n R
x€(0;00), t€ (2% o0) }_2/t" _2/t dt_2(1—n) tc

__ | Subst. t=x?4a?
dt=2xdx
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beerb@frcatel.fri.


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 37-38 39-40

Riesené priklady — 133, 134

+a’)'d
:é/fzxsz 2/(sziz,z *=1In|x2+22| + =3 In (x*+2%) + c,
xER, ceR.

Subst. t=x2+2?
dt=2xdx

€(—00;0), te(a% o0) dt__ 1 1 2 2
XVOX) e (22;0) }—2/t Int+c=5In(x*+a°)+c
XER, ceR.
v

a>0,nelN, n#1

(XO\t/ax 1 .7n _
x€(0; 00), t€ (a% 00) / _2/t dt—2(1_n)+C
(X2+32)1_"

2(1—n) +C:_2(n 1)(X2+32)n :+¢, xER, ceR.

__ | Subst. t=x24a?|x
dt=2xdx
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a>0,nelN, n#1
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Riesené priklady — 135, 136

_ 1 [ 2xdx
T2 x2-22

__ | Subst. t=x2—2a?
dt=2xdx

x € (—00; 0)—{—a}, t€(—a? 00) —{0}
x€(0; 00)—{a}, te(—a?; o0) —{0}

a>0,nelN, n#1

x € (—00;0)—{—a}, t € (—a? c0) — {0}
x€(0;00)—{a}, te(—a%00) —{0}

__ | Subst. t=x?>—2%
dt=2xdx

beerb@frcatel.fri http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 3-34 35-36 37-38

Riesené priklady — 135, 136

_ 1 [ 2xdx 1 [(xX*—a") dx
T2 x2—-32 2 x2—2a?

x€(—00;0)—{—a}, te(—a%o00)—{0} [_ 1 [dt
x€(0;00)—{a}, te(—a%o0)—{0} [ 2/ t

__ | Subst. t=x2—2a?
dt=2xdx

a>0,nelN, n#1

xe(0;00)—{a} te(—a00)—{0} | 2 [ t"

__ | Subst. t=x2—2a%
dt=2xdx

x€(—00;0)—{—a}, te(—a* ) {0}}_1 dt
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2 2\/
_ 1 [ 2xdx__ 1 x“—a“) dx__ 1 2 2
_§/x2732_§/( x27=')12 —§|n‘X =d |+C

x€(—00;0)—{—a}, te(—a%o0)—{0}[__ 1 Jdt__ 1
( {=aht ? . }—E/T—§|n|t|+c

x€(0; 00)—{a}, te(—a?; c0) —{0}

__ | Subst. t=x2—2a?
dt=2xdx

a>0,nelN, n#1

x€(—00;0)—{—a}, te(—a%00)—{0} | _ 1 fdt 1 —n
x € (0; 00)—{a}, t€ (—a% 00) — {0} }_2/1“” _2/t dt

__ | Subst. t=x2—2a%
dt=2xdx
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1/2 1/ (x*=a%) dx_ 1
:§/X§f§2:§/(xx2‘igz *=Z2In|x?*—a%| + ¢, xe R—{xa}, ceR.

7{Subst t=x2—a?

x€(—00;0)—{—a}, te(—a%o00)—{0} _ 1 fdt__ 1
dt=2xdx }—2/t—2|n|t|+c

x€(0; 00)—{a}, te(—a?; c0) —{0}

=32In|x>—2%/+c, xe R—{+a}, ceR.

a>0,nelN, n#1

x€(—00;0)—{—a}, te(—a%00)—{0} | _ 1 fdt 1 —n I
x€(0; 00)—{a}, te{—a% o00) —{0} }_ 2/t” - 2/t dt= 2(1—n) +c

__ | Subst. t=x2—2a%
dt=2xdx
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2xdx

(x*—a%)’ dx__

x2—32" 2

/

J

sIn|x*—a?| + ¢, xe R—{=*a}, ceR.

— 32

Subst. t=x2—2?
dt=2xdx

|

=3In|x?—2a?

x € (—00; 0)—{—a}, te(—a% 00) —

{0}

{0}}:%/%;.1 |t|+c

|+c, x€eR—{*a}, ceR.

x€(0; 00)—{a}, te (—a% 00) —

a>0,nelN, n#1

__ | Subst. t=x2—2%| x€(—00; 0)—{ a},t:< 2%, 00) _1 —n _ ti=n

_{ dt=2xdx | x€(0; 00) —{a}, te(—a?; 00 {o} / - 2/ dt = 2(1—n) +c
Py 1 R 4 R

== T & ~smnpe=ay= T 6 Xx€R—{+£a}, ceR.
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_ x—1+4+1
—/7)(_1 dx

xeR—{1}]_ [t+1
ttR—{O}}_/ t dt

_ [Subst. t=x—1
dt=dx
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:/% dx:/[l—&—xil} dx
ok [ [[1ed] e

_ [Subst. t=x—1
dt=dx
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-

oo o

xdx 1|
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0
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_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

=x—1+In|x—1|+¢q
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_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

:x—1+|n|xfl|+c1:{ ot }

ceR, ceR
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_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

:x—1+ln|xfl|+c1f{ e } x+In|x—1|4+c, xe R—{1}, ceR.

ceR, ceR
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_ | x*=1+41
—/7X_1 dx

xeR—{1}
teR—{O}}

_ [Subst. t=x—1
dt=dx
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Riesené priklady — 139, 140

—/X —1+1 dﬁ/X+1+ﬁ:| dX

xeR—{1 (t+1)%de
teR— {0}} t

Subst. t=x—1
dt=dx

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
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: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{l}}:/(Hfl)zdt:/(t2+2t+1)dt
te R—{0} t t

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)?dt_ [(P2t+1)dt_ 1
WHO}}_/ - _/ - —/[t+2+;}dt

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)?dt_ [(P2t+1)dt_ 1
WHO}}_/ - _/ - —/[t+2+;}dt

:%2+2t+|n [t|+ci

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)*dt__ (t2+2t+1)dt7 1
o {O}}—/ - _/ —/[t+2+;}dt

=242t 41In [t +c= S 4 2(x—1) +In [x—1|+¢;

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1 (t+1)%dt__ (t2+2t+1)dt7 1
o / - _/ —/[t+2+;} dt
=242t 41In [t +c= S 4 2(x—1) +In [x—1|+¢;

:r% Lio(x—1)
£ 1
7%—x+§+2x—2

c=a—3
cER, c€R

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
R e e S e i =, e [ e SR
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1 (t+1)%dt__ (t2+2t+1)dt7 1

o / - _/ —/[t+2+;}dt
—+2t+|n|t\+c—(x D 4 2(x—1)+In |x—1|+c

c-as } 2-i-x—i—ln|x 1|4c, xe R—{1}, c€R.

CER, c€R

:r% Lio(x—1)
£ 1
7%—x+§+2x—2

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
R e e S e i =, e [ e SR
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Riesené priklady — 141, 142

‘ dx

A
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Riesené priklady — 141, 142

= T2 —

__ | Rozklad na parcialne zlomky % = +g+
1=ax?+ Bx(x—1) +y(x—1) = =y + (—B+7)

__ | Rozklad na parcialne zlomky: 2

1 _ _ o B )
Fas = e et etetE
L=at®+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (y+0)t+(B+7) 2+ (a+B)t3
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Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky

= =7 ~
1=ax?+Bx(x—1) +y(x—1) = =y + (=B+)x + (a+B)x?> = 1=—v, 0=—P+7, 0=a+8

1 o B,
t+1 t

)
1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

__ | Rozklad na parcialne zlomky: T t %

1 —
A2 — B

3
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Riesené priklady — 141, 142

Rozklad na parcidlne zlomky: ﬁ = y=-1, B=-1, a=1

R =
1=ax?+Bx(x—1) +y(x—1) = =y + (=B+)x + (a+B)x?> = 1=—v, 0=—P+7, 0=a+8

Rozklad na parcidlne zlomky: m ( =5+ f &

L=at®+Bt2(t+1)+yt(t+1)+6(t+1)

t

5= =L -L+% 0=19=-18=1a=-1
S+ (v+8)t+(B+7)2+(a+B)t3 = 1=6, 0=7+0, 0=F+7, 0=a+8
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Riesené priklady — 141, 142

__ | Rozklad na parciélnezlomky ﬁzx‘ll{ X]Tl % Xl y=-1, B=-1, a=1
1=ax?+ Bx(x—1) 7 +(a+B)x® = 1=—v, 0=—fB+7, 0=a+p
1 1 —
= [=—— dx— S —1_x"21dx
x—1 =5l

1

_{Rozkladna parciélnezlomky:m:ﬁ:éﬁ-%{#{f;: m{ﬁ %)}7, =1, v=-1, 8=1, a=-1

1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

(v+0)t+(B+7)t?+(a+p)
:/{%-%-&-%—Xz—lﬂ}dx:/{x_2—x_4—|—x_6—xz—1+1 dx

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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41

Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky ﬁ =5 Xl y=-1, B=-1, a=1
1=ax?+ Bx(x—1) +y(x—1) = =y + (- B+ > 1=—v, 0=—B+7, 0=a+f
=[] _1_1 BRI R —1|— X
—/{Xd 2 Xz} dx:/[xi1 $—Xx } dx=In|x—1|=In|x| - %5 +c
__ | Rozklad na parcialne zlomky: W:mzﬁ'%{ ol H* X;{f %)}7, =1, v=-1, 8=1, a=-1
1=at3+Bt3(t+1)+yt(t+1)+6(t+1) =5+ (v +(a+B)t? = 1=4, 0=7+6, 0=8+7, 0=a+f
- /L _ 1, 1 —4 -6 _ 1
_/|:><2 x4 + X 2+1 dX_/ + X x2+1 dx
= -3 -5
:_—17—+—farctgx+c

http:/ /frcatel.fri.uniza.sk /~beerb
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Riesené priklady — 141, 142

L 9=-1, B=-1, a=1
—B+7. 0

a+f

1 =1 _ a8
x5(1+x2) = t3(1+ r)*t+1 t

__ | Rozklad na parcialne zlomky:
1=at3+Bt3(t+1)+yt(t+1)+6(t+1) =5+ (v

= (X -1, 1_ X= — x4 6 _ _1

_/|:><2 ><“—"_><6 2+1 d / X +x x2+1 dx
=1 3 5

:X_—lf—Jr—farctgx+c—ff+@fﬁfarctgx+c,

xeR—{0}, ceR.
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Riesené priklady — 143, 144
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

XtRf{l}}
te R—{0}

_ [Subst. t=x—2
dt=dx

XE’R—{Z}}
te R—{0}

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

XtRf{l}}: (t=1)*dt
te R—{0} &

__[Subst. t=x-2
dt=dx

x?R—{Q}}: (t+1)* dt
te R—{0} 2

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

__[Subst. t=x-2
dt=dx

teR—{0} i i

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/{t2—4t+6—%+t—2] dt

t2

__[Subst. t=x-2
= 2

dt=dx

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

te R—{0}

:/[t2+4t+6+%+t—2] dt

beerb@frcatel.fri http:/ /frcatel.fri.uniza.sk /~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/{t2—4t+6—%+t—2] dt:?—‘;ﬁ+6t—4ln \t|+%+c

__[Subst. t=x-2
dt=dx

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

teR—{0} i i

:/[t2+4t+6+%+t‘2} dt=§+4 +6t+41n|t|+ 1 +c
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Riesené priklady — 143, 144

(x—1)2+6(x—1) —4In|x—1| - L +¢

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/[ 4t+6—7+t—2}dt—t 2—&-67?—4|n\1.‘|—&-";;11—i-c
=0’ o(x—1)% 4+ 6(x—1) — 4In|x—1] —= +¢, xeR—{1}, ceRr.

__[Subst. t=x-2
dt=dx

xeR—{2}1_ [ (t+1)*dt .(t4+4t3+6t2+4t+1)dt
teR—{O}}_ e t2

:/{t2—|—4t+6+%+t_2} dt=§+“2ﬁ+6t+4ln\t|+%+c
:L—;V+2(x_2)2+6(x—2)+4|n Ix—2| — =5 + ¢, xe R—{2}, ceR.
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Riesené priklady — 145, 146
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Riesené priklady — 145, 146

: dx _ . dx
L/X377X76 - /(xfl)(x72)(x+3)

' dx _ dx
/x372x27x+2 - ./(x+1)(x71)(x72)
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Riesené priklady — 145, 146

: dx _ . dx
L/X —7x—6 /(xfl)(x72)(x+3)

_ {Rozklad na parcialne zlomky WW = ﬁ+x752+

o1

X+
1 = a(x—2)(x+3) + B(x—1)(x+3) + 7(x—1)(x—2) = (=6a—38+27) + (a+26—37)x + (a+B+7)x?

_ dx
— ) (x+1)(x—1)(x—2)

8
(X+1)(X£1)(X*2) =ihateites
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7)x?

_ {Rozklad na parcialne zlomky

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 145, 146

__[Rozklad na parcidine zlomky: (mryebarray = 51t et = r i bk a=-1 =L 4=4%
1= a(x—2)(x+3) + B(x—1)(x+3) + y(x—1)(x—2) = (—6a—3B8+27) + (a+28—37)x + (a+8+7)x>

_ dx
— ) (x+1)(x—1)(x—2)

_ {Rozklad na parcialne zlomky

1 _ o B4y &
A (x—1)(x—2) x+1 T x=1 " x=2" x+1 g
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 145, 146

dx
(x—1)(x—2)(x+3)
:{Rozkladna parcialne zlomky m o +—+xH X;%lJrﬁerL% « —%, B % b %
1:4\()<72)(x+3)+i(xfl)(x+3)+'5(xfl)(><72):(761»73‘J’+27‘) (@+28—37)x + (a+B+7)x?

SR
:/|:X—1 = Ti|dX

dx

11
(x-l)(xll)(x 2)*ﬁ+ﬁ+ﬁ’x\1 ﬁJr =) “*%' ‘7)*7%' /=3
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (— 3<\7f)x+((\+1+)

_ {Rozklad na parcialne zlomky

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 145, 146

dx _ dx . 1 1 )
x3—7x—6 — [ (x—1)(x—2)(x+3) 4 5 - c

_ {Rozklad na parcidlne zlomky.

1 o :
—Dx-2)(x+3) +7+x\5 Sitrstas a=—3 B=5 V=%
1= a(x—2)(x+3) + i(xfl)(x+3)+'5(xfl)(><72)7( 6a:—38+27) + (a+28—37)x + (a+B+7)x?

11 1
:/[7_41 == +%}dx:—%ln\xfl|+%ln |x—2| + 5 In |x+3| + ¢,
' xeR—{1,2, -3}, ceR.

dx

1
o=y = & Inlx+1 = 3In|x—1] + 3

(x+1)(x—1)(x—2) x+1 " x—1 " x=27 x+1 " x

7{Rozk|ad na parcialne zlomky: ———t—— = ¢ 4 F 4 ¥ s ;lJr %
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (— 3<\7f)x+((\+1+ )x?

1 11
:/[X—il—i-x_z z }dx—fln|x+1|—1|n|x 1|+ 3In|x=2|+c,
xeR—{£1,2}, ceR.
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Riesené priklady — 147, 148
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

41-42 4344 45-46 47-48 49-50

‘ dx _ ‘ dx
/X3+X27X71 i /m
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky:

a B
(x—2)ix+1)9 =S tart ooy
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

. N
xr—x—1 [ GeD0He

1

— {Rozklad na parcialne zlomky: DGR = ﬁ#»%“ﬁ»(x;i'l)z

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

beerb@frcatel.fri.uniza.sk http://frcatel.fri
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Riesené priklady — 147, 148

Rozklad na parcialne zlomky: = J~+

N

1 _
G=2)(xF1E — it er= X+1+(x+1)2 :
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

dx
D17

1 -1 -1
Rozklad na parcidlne zlomky: m (»1+ﬁ+[x\l)7:xil+ﬁ+ﬁ‘ a=3, B ,/lw

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky: ——d——0 = 2 g

(x—2)(x+1) x—2 1 xu t (x\l) ot
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (a—28-27)

1
:/{x 2+x+1+(x+1) }dx

dx dx
x3+x2—x—1 = [ (x—1)(x+1)?

_ Rozklad na parcidlne zlomky: m ﬁ*’ﬁ*’[xu)’ ﬁ+%+W a=3, B=-1
1= a(x+1)? + B(x—2)(x+1) + 7(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

1
:/|: . +x+1+(x+1) i|dX

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky:

— ey = 25 }
x—2)(x+1)2 — x—2 xu (xm

Sy
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28—27) +

a=3, fB=—z, y=—3

-
(2(\ ﬂ"‘)x F (atB8)x?

1
x+1
:/{X 2+X+1+(X+1)}dx— In|x— 2|—1In|x+1|—7+(_)1) +c

: dx _ : dx
/X3+X27X71 7 ‘/(xfl)(erl)2

_ {Rozklad na parcialne zlomky:

3 b A= —3 1
Ty = ittt oy =3 B

1 o4
x—D)(x+1)2 x—1
1= a(x+1)? + B(x—2)(x+1) + 7(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

—/[X 1+X+1+(X+1)}dx— In|x— 1|—l|n|x+1|—%+c

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 147, 148

dx _ dx _ 1 o 1
/X373X72 - \/(x72)(><+1)2 — 9 In|x “‘ 9 In ‘\+1‘ + 3

_ {Rozklad na parcialne zlomky:

.
i 3 =k 1L 1
temE =9 A=-3 7=-3

1 _
. (x—Z)(x}l)‘7x7}x{1}(x\l) ot
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (a—28-27)

1
1 x+1
:/{ . +X+1+<x+1>}“'r Infx—2] = In|x+1] — S~ + ¢

=5In|x=2| = §In|x+1| + 345y + ¢, x€R—{~1,2}, c€R.

dx _ dx 1 1] 1 e 1 e
/X3+X27X71 7 /(xfl)(erl)2 4 In "\ 1‘ 4 In ‘X 1+ 2(x+1) €

_ {Rozklad na parcialne zlomky:

1 7 i = =5 1. 1
—D)(x+1)? x(1+7+(xu)7 sitartery =@ 3=—3 1=—3

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

1 5%
:/[ - +x+1+(x+1)}dx_ In\x 1|_l|”|x+1|_%)1)+c
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Riesené priklady — 149, 150

dx
x3—3x2+4x—2
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

41-42 43-44 45-46 4T

dx _ dx
x3—3x243x—1 — [ (x—1)3

beerb@frcatel.fri.
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Riesené priklady — 149, 150

dx
—2x+2)(x—1)

1 — _oax+f8 Y
P2 (=1) — P-2x+2 T %=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

o {Rozklad na parcialne zlomky

dx _ dx
x3—3x243x—1 — [ (x—1)3
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Riesené priklady — 149, 150

dx
—2x+2)(x—1)

ax+8

1 ~ _
F2)(=1) — P—2x42 T =1 e @=—1,
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

o {Rozklad na parcialne zlomky

dx _ dx
x3—3x243x—1 — [ (x—1)3
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)
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dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)
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. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1
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x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)
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1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

_ 1 (x2—2><+2)' dx+ dx
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dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)
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1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

:—g/%;ixﬂ#%:_%m |x2—2x+2| +In|x—1| + ¢

2x+4-2 X
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dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

:—g/%;ixﬂ#%:_%m |x2—2x+2| +In|x—1| + ¢

2x+4-2 X

:[xz :2(2\ 21)2 \ 1>0}

dx . dx .
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2x+2)(x—1)

__ | Rozklad na parciélne zlomky: 6 2X12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
)X

1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7

. b1 (x—1)dx dx 1 (2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2 Rl B it e Jr X—1
1 (x2—2><+2)' dx

Toxqs T Xd 1 In ‘x —2x—|—2’ +In|x=1|+¢
:{xZ :2(2\21)2‘1/\0}:_% (X 2X+2) 1 In (X_1)2 +c

L dx _ fdx 1
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dx
x3—3x2+4x—2
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_ —x+1 1 (x=1)d dx _ 1 [(2x=2)d d
—/{mem]dﬁ*/x?Txfﬁ T_Xl—*i/XZXTer;JF =
—1 (X2‘2X7+2)'dx+/d—x——%ln\x2—2x+2]+In\x—1|+c

x2—2x+2 x—1
__[x*—2x+2 1 1
_{ :(X‘ 1)2\1/\0}__5'” (X2_2X+2)+§|n (X—1)2—|—C

=lin Lo o xeR—{1}, ceR
-2 x2—2x+2 U U :

dx _ dx .
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dx _ dx
x3—2x—4 = [ (x®+2x+2)(x—2)

_ {Rozklad na parcidlne zlomky.

1 _ _axtB ~
T — ek Tx2
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dx
(x2+2x+2)(x—2)
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ax+8 P T 1 4
el Tx—2= ioxts tx-3 @ 0 F 00 7T
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__ | Rozklad na parcialne zlomky (x2-2x-12)(x—2)

beerb@frcatel. . i.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 £ 3 53 54 55 ¢ 8 59-60

Riesené priklady — 151

dx
(x2+2x+2)(x—2)
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_ {Rozklad na parcidlne zlomky.
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+f | v ], _1 _4
2 (=2) — P4oxr2 Tx=2— ¥ \Zx\2+ @ 0 B 0 T=10

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (72(\+J+2 Ix + (t7)x?

_[=5=% bt dx=_ L (X+4)dx+ dx
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+B | 4 ], 1 4 1
2 (=2) — P4oxr2 Tx=2— ¥ \Zx\2+ @ 0 B 0r m}

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (- 2(\+J+2 )><v(uv7)><2

_ -4 % d 1 (X+4)dx+ dX—,i 2(X+4)dx+i dx
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Rozklad na parcialne zlomky e 12)(X 2

1= (ax+8)(x—2) +v(x2+

.

ax
XZH2x+

2x+2) = (—28+27) +

ol ]r
3t 5%—3 x\zmz+ @

(= 2(\+J+2 Ix + (a+7)x2

Y [ = dxe — L [Cd)dx | 1 dx_ii 2(x+4) dx

- x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2
1 [@eaaree 1 o

20 x2+42x+2 10 —2

1
+10

dx
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Rozklad na parcialne zlomky e 12)(X 2

1= (ax+8)(x—2) +v(x2+

.

ax
XZH2x+

2x+2) = (—28+27) +

ol ]r
3t 5%—3 x\zmz+ @

(= 2(\+J+2 Ix + (a+7)x2

o —1%—147] % d 1 (x+4)dx +L dx _7i 2()<+4)dx+

- x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2
1 [ (2x42+6) dx_l_i 1 [(2x+2)dx 6 +L

20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10

1

10

dx
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Rozklad na parcialne zlomky e 12)(X 2

1= (ax+8)(x—2) +v(x2+

.

ax
XZH2x+

2x+2) = (—28+27) +

ol ]r
3t 5%—3 x\zmz+ @

(= 2(\+J+2 Ix + (a+7)x2

o —1%—147] % d 1 (X+4)dx+ dx _7i 2()<+4)dx+

- x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2
1 [ (2x+2+46) dx + 1 1 [(2x+2)dx 6 +L

20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10

_ [Subst. t=x+1| x®+2x+2=x24+2x+1+1 |[x€R

_{ dt=dx =(x+12+1=12+1 tGR}

1

10

dx
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Rozklad na parcidlne zlomky.

1
Prxt2)(x—2)
1= (ax+8)(x—2) +v(x2+

|

ax
XZH2x+

2x+2) = (—28+27) +

ol ]r
=} x\Zx\Z+ @

(= 2(\+J+2 Ix + (t7)x?

2

_ —1%—147] % d 1 (X+4)dx+ dx _7i 2()<+4)dx+ dx
x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2 10
1 [ (2x+2+46) dx + 1 1 [(2x+2)dx 6 +L
20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10
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Rozklad na parcidlne zlomky.

1
Prxt2)(x—2)
1= (ax+8)(x—2) +v(x2+

.

ax
XZH2x+

2x+2) = (—28+27) +

ol ]r
=} x\zmz+ @

(= 2(\+J+2 Ix + (a+7)x2

2

_ —1%—147] % d 1 (X+4)dx+ dx _7i 2()<+4)dx+ dx
x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2 10
1 [ (2x+2+46) dx ‘l‘i 1 [(2x+2)dx 6 +L
20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10
_ Subst. t=x+1|x?+2x+2=x2+2x+1+1 XER|_ _ (X +2X+2) dx_i +1
{ dt=dx =(x+1)2+1=t2+1 tGR} 20 x242x+2 20 t2+1 10 2
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 axtf | 1 i
(Z+2x+2)(x—2) X242x+2 T x—27 XP42x+2

1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

x=2'

== = dxe — L [Cd)dx | 1 dx_ii 2(x+4) dx
x242x+2 T x—2 — 10 [ x24-2x+2 10 27 20 [ x2+42x+2

_ Subst. t=x+1|x?+2x+2=x2+2x+1+1 XER|_ _ (X +2X+2) dx_i
{ dt=dx = (x-+1)2+1=2+1 tGR} 20 X2 +2x+2 20
=—5In|x?+2x+2| — S arctg t + 55 In\x 2| +c

:% In(x—2)% — & In (X +2x+2) — Zarctg (x+1) + ¢

_x_ &1L
010 4 10 a=-—L, B=—2,

+10

(2x+2+6) dx _|_ dx 1 (2x+2) dx 6 +1
20 x242x+2 x—2" 20/ x24+2x+2 20 x2+2x+2 10

dt 1
2+1+T0

dx
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_ dx 1 > _ 3 ’

= /(x2+2x+2)(x72) = 20 5 — g arctg (x+1) + ¢
:{Rozklad na parcialne zlomky (For 12)(X % Xl'vx2xf2+xﬁ—2 x:?z:fz*’% « 7%, B —14—0, 5 %

1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?
x _ 4 1

. == i6 1 (x+4) dx dx _7i 2(x+4) dx dx
_/|:x2+2><+2 x—2:| dx= 10 x242x+2 +10 10 27 20 [ x2+42x+2 +1o 10
_ (2x+2+6) dx+ dx 1 [(2x+2)dx 6 +L
- 20 x242x+2 x—2" 20/ x24+2x+2 20 x2+2x+2 10
__[Subst. t=x+1|x*+2x+2=x2+2x+1+1 |[x€R]_ _ (X +2X+2) dx 6 +1
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_ & 2ats f+3 }
/(x2+1)(x2 fX+1 (x®+v3x+1) /[XQ%H = X2+fx+1 - —V3x+1 e
i 2X+4‘[+\f V3 2x— f+\f} d
2+1 4\[ x2+fx+1 ffx+1 X

_1 1 2x+/3 N33 __2x—/3 Y53
— 3 arCth + 4\/5/ x2+\fx+1 + X2j>\/§><+1 x2—+/3x+1 + 2i\/§x+1 dx
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1 +1
_ . — . S 4 Z\f 3 + f dx
(x2+1)(x \[x+1 (x +\[x+1) x%+1 x24++/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4f PRy P o}
_ 2+V3 ~V3 2x—V/3 V3
=larctgx + 1= —
3 gx + 4\/5/ x2+\fx+1 + x24/3x+1 x2—+/3x+1 + —V/3x+1 dx
— Subst u:x+§ du=dx | xR, ueR|x*+V3x+1= (X:Tﬁ%) +1 f ﬁ(% \/5)
Subst. v=X7§ dv=dx |xeR, veR (xi%g)zf% (xi;) 7@)2 >0 11431
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1
_ i nat3 - A3 | gy
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4\[ x2+fx+1 ffx+1
4V3 4v3
_ 2x++/3 V3 2x—+/3 V3
=Larctgx + 1= =
8 ) + 4\/5/ x2+\fx+1 + x24++/3x+1 x2—/3x+1 + x2—+/3x+1 dx
__ | Subst. u=x+ ‘/T‘ du=dx |x€R, uER |x*£V3x+1= (x4 ) +1-3 ﬁ'%ﬁ V3)
Subst. v xff dv=dx |x€ER, vER (xié)zf% V?E 4 % 2 >0 %*% 41;3 ﬁ
1 (P+V3x+1) (x —\fx+1 1 [ _du 1 [_d
=z arctgx+-—= + +
7 EIEEE 4\/3/ x2+/3x+1 —V3x+1 12 [ w2+1 +15 V24
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1
_ 3 i Ats - it dx
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24++/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4\[ x2+fx+1 ffx+1
— /3 _ Av3_ /3
=larctgx + Lo [ |23 4 V3 =3 | V3 Ty

3 4\/§ x2+\fx+1 x24++/3x+1 x2—/3x+1 x2—+/3x+1
__ | Subst. u=x+ ‘/Ti du=dx | xR, ueR|x*+V3x+1= (x:;)z p1-3 ﬁ(%i V3)

Subst. v xff dv=dx |xeR, veR (xié)zf% (x i%ﬁ) (%)2 >0 %7% 41;3 ﬁ
_1 1 [ [P VEx+1) (P —V3Bx+1) 1 [ _du 1 [ _dv
= g AEE 4\/3/[ x2+/3x+1 x2—/3x+1 dx+ 12 [ u2+1 +15 v2+1
1 In (+v3x+1)—In(x*~v3x+1) | 1 1 v, 1.1
_garCth+ 3 +12 garctgi-l-ﬁ garctgg"‘C
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_ 3 Ats VR
/(><2+1)(x2 \[x+1 x2+\[x+1) /[X%Jrl + xzi\fx+1 + fx+1:| dx

i 2X+4‘[+\f V3 2X———f+\f} d
2+1 4\[ x2+fx+1 2—\/3x+1 X

V3 43
_1 1 2x+V/3 V3 3 53
— 3 arCth + 4\/§/|:x2+\fx+1 + x24++/3x+1 x2—/3x+1 + 2_/3x+1 dx

du=dx
dv=dx

x€ER, ueR
xeER, veR

X Bx1 = (x+8) 412
( /3\2 /3 2
() 5 = (2 9)+(3) >0

_1 1 [[CEBr1) (x =il L[ du_ 4 1 [ dv
_3arCth+4\/§/|: x2+/3x+1 —V/3x+1 +12 “2+%+12 vitg

_ {Subst u=x+ %i

Subst. v ><7V73

2 _ 2

:%arctgx—&-'n(x +\/§X+1‘)1\/|§n (x fXH)—&- i i arctg 4 ¥ +35- %arctgé—kc
_1 1 M

=3 arctgx+4\[ In e +1—1— arctg2u+ arctg2v+c
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_ 3 i Ats - nats dx
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24++/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4\[ x2+fx+1 ffx+1
_1 1 [ 23 V3 3 -3
— 3 arCth + 4\/§/|:x2+\fx+1 + x24++/3x+1 x2—/3x+1 + x2—+/3x+1 dx
— Subst. u=x+ %i du=dx |xeR, ueR|x®+\/3x+1= (X: ) +1 f ﬁ(%} \/5)

Subst. v xf%i dv=dx |xeR, veR (xié)zf% (xi%ﬁ) —(%)2 >0 %*% 41;3 ﬁ
1 1 [ [P HVEx+1) (x —xfx+1 1 [ du_, 1 [ dv
3 AIGE 4\/§/|: x2+/3x+1 —V/3x+1 Ea 12 uw2tg u 12 [ vat3

1 |n(x2+\/§x+1)—|n(x2—fx+1) 1 1

3 arctg x+ wel +12 1 arctg 1+12 garctgg—kc
1 _1 x 24 /3x41
=3 arctgx+4\[ In e +1+ arctg2u+ arctg2v+c

1 P +fx+1 arctg (2x++/3) | arctg (2x—+/3)
3 arctg x+ fln 27\/§x+1+ 7 + 7 +c, xeER, ceR.
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x dx 3 58— \? 7%+§ d
- (x2+1)(x27\/§x+1)(x2+\@x+1)_ [X2+1 + x24++/3x+1 + x2—/3x+1 e
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_ xdx _ [ S k. S S, N
(x2+1)(x27\/§x+1)(x2+\@x+1)_ x2+1 x24++/3x+1 x2—+/3x+1
_;/2xdx 1 [ 2x+2v3 | 2x=2/3 }dx

T 6 X2+l T 12 | x2+/3x+1 x2—/3x+1
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_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
:;/2xdx 1 { 2x4+2V3 | _2x=2V3 }dx

6 [ x2+1 12 [ | x24-+/3x+1 x2—/3x+1

_1 [ dx 1 { 24v3 4 V3 2x=VE V3 dx
6 x24++/3x+1 x24++/3x+1 —v/3x+1 x2—+/3x+1

x2+1 12
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_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
:;/2xdx 1 { 2x4+2V3 | _2x=2V3 }dx

6 [ x>+1 12 [ | x24-+/3x+1 x2—/3x+1

1[0y 1 T 2x4vE VB 2=vB VB dx
6 X241 12 x24/3x+1 Xx24+/3x+1 —/3x+1 x2—/3x+1
2

_ Subst u:x+§ du=dx |x€R, ueR|x iy3x}17(xv”) F1-3 = (xi%?)z-%: (xi%ijz } (%) >0
Subst: V:X—? dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
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_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
_1/2xdx 1 [ 2x+2v3 | 2x=2/3 }dx

T 6 [ x>+1 12 | | x24+/3x+1 x2—/3x+1

_ 1[0+ dx 1 2x+3 + V3 + 2x—V3 V3 dx
6 x24+1 12 x24/3x+1 Xx24+1/3x+1 2_/3x+1 x2—/3x+1

_ Subst u:x{% du=dx|x€eR, ueR xiy3x}17(xv”) +1 f:(xi%i)z-%:(xi%i)z} %)2 >0
Subst. v=x L; dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0

—1n(x2 1 [[eevBxt1y (x V) gy V3 [ du | V3 [ dv

=¢In(x*+1)—5 [ At T et dx— % u2+%+ vl v
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_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
:;/2xdx 1 { 2x4+2V3 | _2x=2V3 }dx

6 [ x>+1 12 [ | x24-+/3x+1 x2—/3x+1

_1 (x>41)" dx 1 2x+/3 V3 2x—v3 V3
- 6/ |: + + —/3x+1 x2—\/§x+1:| dx

X241 12 x24/3x+1 Xx24+1/3x+1
_ Subst. u=x- % du=dx |x€R, ueR|x iy3x}17(xv”) F1-3 = (xi%?)z-%: (xi%ijz} %) >0
Subst. v=x—22 |dv=dx | x€R, vER|(x*+V3x+1)(x*—V3x+1) = (x*+1)>—(V3x)? = x*—x>+1 > 0

—Lin(x?+1)— & {(X+\fx+1)+(xffx+1)/}dx V3 [ du | V3 [ dv_

12 [ x24+v/3x+1 V3x+1 12 ey D12 [ vy
o In(xz—&-l)2 In (><2+\/§><+1)+|n (x2—\/§x+1) V3 1 u V3 1
= B — 1 —ﬁg aI’Cth—‘rﬁ'g arCtg +c
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_ x dx _ [ 3 + o + = —§+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
_;/2xdx 1 [ 2x+2v3 | 2x=2/3 }dx

T6 [ X1 12 | x2+/3x+1 x2—/3x+1

_1 (*+1)'dx 1 2x+3 + V3 + 2x— o V3 s
6 X241 12 x24/3x+1 Xx24+/3x+1 x2—/3x+1 x2—/3x+1
2

— Subst. u=x+ g du=dx |x€ER, ueR|x iy3x}17(xv”) +1 f:( i‘;) % (xigjz(%) >0
Subst. v=x L; dv=dx |x€R, vER|(x*+V3x+1)(x>—v3x+1) = (x2+1)? (\/§><)2:><4 x2+1>0

1 2 1 [[(P+VEx+1) (x 7\[x+1)' \f @ dv

=¢In(x*+1)—5 [ Adaad T AJoa dx— u2+1 3 4T
In(A+1)°  In (+v3x+1)+In (x> —/3x+1

— ”(XJ )’ In(:C 4Bt )E”(X ‘f” ) _ ‘[ 4 arctg \[ Larctg Y +¢

2 2
_1 (C+1)? _ V3 V3
=35 In VD2 VoD 6 arctg 2u+ -5 arctg2v+c1
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& _x_ V3 +\f
= x dx — + 6 6 + d
(x2+1)(x27\/§x+1)(x2+\@x+1) X2+1 x24++/3x+1 \[x+1
_ 1 f2xdx 1 2x+2+/3 2x—2/3 A
6 x2+1 — 12 | x2+/3x+1 —V/3x+1
_ 1[0+ dx 1 24v3 V3 4 2B V3 dx
6 X241 12 x24/3x+1 Xx24+/3x+1 x2—/3x+1 x2—/3x+1
_ Subst. u=x- g du=dx [x€R, u€R | x>+ V3x+1= (xv”) F1-3 = (Xi%i)z 1= (xi%ijz } %)2 >0
Subst. v=x L; dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
1 2 1 [ [ PEVBxtL) (x f\/erl)’ VB[ du V3 [ _dv
=gIn(x*+1)- 12/{ v T oava | [err T v
2., 112 2 In(x2— 1
— '”(XJ” In (x +‘/§X+1)f2”(x ‘/§X+ ) _ f 4 arctg + ‘[ Larctg Y +¢
2 2
_1 (E+1)2 _ V3 L
=35 In VD2 VoD 6 arctg2u+-% arctg2v+c1
_ 1 (*+1)*>  VBarctg (2x+V/3) | V3arctg (2x—/3)
=35 1In P 5 4k 3 +c1, xER, c1€R.
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x € (—o0; 0), t € (0; 00)

__[Subst. t=x?
x €(0; 00), t€(0; c0)

dt=2xdx
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__[Subst. t=x?
dt=2xdx

x€(~00;0),t€(0;00)]__ 1 [ _dt
x€(0; 00), t€(0; 00) }_2 £+1
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__[Subst. t=x?
dt=2xdx

x € (—o0; 0), t € (0; 00) :l dt 1 dt
< (0;00), te (0;00) } 3 [ B4 2 | ErD)(2—t51)
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__[Subst. t=x?
dt=2xdx

x€(=00;0),t€(0;00)__ 1 dt 1 dt
x€(0; 00), t € (0; 50) } 2 | BT 2 | (trD)(2—t41)

1 t 2
_1 3 —3t3
- 2/[1:4—1+ t2—t+1:| dt
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x€(—00;0), te(0;00)]__ 1 dt #
x €(0; 00), t€(0; c0) }_2 R (t+1)( 7t+1)

1
2
. . .
_1 3 3t3 > 1 dt 1 2t—4
- /[ﬂrl+ t+1}dt_6/ﬁ*ﬁ/r2—t+ldt

__[Subst. t=x?
dt=2xdx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51

x€(—00;0), te(0;00)]__ 1 dt #
x €(0; 00), t€(0; c0) }_2 R (t+1)( 7t+1)

1
2
1 i g4 1 [de 1 [ 2t—a
= [r:—s—l+ t+1}dt:6 t+1 12 t2—t+1dt
_1 2t 1-3 4
~ 56 t+1 “=tr1 d

__[Subst. t=x?
dt=2xdx
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__[Subst. t=x?|x€(—oc;0), t€(0; 0) _ 1 dt
dt=2xdx | x€ (0;00), te(0;00) | 2 Bl

1 2
_ 1 3 3t+3 > 1
- /[t+1+ ] dt_6/ g
_1 2t 1=3 g1 [de L (2t71)dt+l dt
~ 6 t+1 t+1 6 [ t+1 12 t2—t+1 4 [ t2—t+1
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__[Subst. t=x?
dt=2xdx

x€(—00;0), te(0;00)]__ 1 dt 1
x €(0; 00), t€(0; c0) }_ 2 341 2
1 2 : §
_1 3 3t+3 > 1 [ dt 1 2t—4
- /[t+1+ t+1] dt—6/r+1 12/t2—t+1 dt
26-1-3 44 1 t 1 (2t*1)dt+1 dt
t+1 12 2—t+1 " 6 [ t+1 12 t2—t+1 4 [ t2—t+1

Subst uft—f
du=dt

Bothl = (= BPe1—d = (e3P u%(%)b()}

€(0; 00
1
2
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__[Subst. t=x?
dt=2xdx

x€(—00;0), te(0;00)]__ 1 dt 1

x €(0; 00), t€(0; c0) }_ 2 Pl 2

L 3 3

1 3 313 21 [dt 1 [ 2t—4
- /[t-&-l+ t+1} dt_6/1:+1 12/t2—t+1 dt

2t-1-3 4y 1 £ _ 1 fEeDde 1 dt
t+1 12 t2—t+1 -~ 6 [ t+1 12 t2—t+1 4 [ t2—t+1

Subst u=t % te

du=dt

2 /
:gln(m)_ﬁ/“ zztfldw%/usg%

(0; 00
1
2
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__[Subst. t=x?
dt=2xdx

x€(—00;0), te(0;00)]__ 1 dt 1
x €(0; 00), t€(0; c0) }_ 2 t3+1 2
. 5 3
_1 3o, —5+% =1 [dt 1 [ 2t—4
- /[t-s—l+ —t+1 dt_6 t+1 12 t2—t+1dt
_1fdt 1 2t 1-3 di= 1 1 2t—1)dt+l dt
—6 [ t+1 12 P_t+1 6 12 t2—t+1 4 [ t2—t+1

_{Subst. u=t—1 tC{O:x
— 1
2

2
du=dt

:%ln(t—l—l)—— 2—t+1 +%
=5 In(t+1)2— 5 In(t?—t+1)+
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Riesené priklady — 170

_ VX ER: x € (0; 00) x€(0:1)|= Subst. t=/x
1—/x>0: x€(0;1) x=t2, dx=2tdt

te(0;1)

X:f;'o;w /\/7 2tdt

| Subst. Z:\:/%ﬂi\”i :7\/2 == v ﬁr 1| 22(1+¢t)=1-t _ 2. (1 z ) —4zdz
= = 221 (2+1)2
—2EC0=R) 22, dede e (0:1), z&{0;1) =l =l

@y~ @H)P @2 T2

2(z —l)dz Rozklad na parcialne zlomky: 2 3 1
8/ (zz+1)3 —[7 I S ]—8 [y~ e t 2] 92

{P' 125 = [ } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

=1 1+ T

— ___ 4z i z _ z
—W—12/2+8I1—W—12 [%+m]+8ll— (Z;}Fl) 2+1 +2/]_
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Riesené priklady — 170

{\/;(ER: x € (0; 0)

X€<011>}:{Subst. t=4/x

Xft:'O;l /\/ 2tdt

1—+/x>0: x€(0;1) =12, dx=2tdt rH\O;l
=_ = A
| Subst. Z:t/m* /i :*\/2 == v lir 1) 2(1+t)=1-t Zo (1 4 ) . —4zdz
= = 271 (211)2
dr= 2020 g, tede | 1 (071, 26 (0;1) 2+l (2+1)

R
Rozk\ad na parcwalne zlomky: > 2 _ 3 1
8/ Zz+1)3 { 3 I } —8/[ (22+1)3 (ZZ+1)2 + 22+1} dZ

t+1 = zz 1~ @+ T 241

Pr 121 = [y } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

4(z2+1
S=1 1+ T (

4z 4z
W—12/2+8I1: (Z2+1)2 12[ +2(22+1)] +8h= (Z+1)? 2+1+2/1
+2arctgz+c

4z
(z2+1)? 22+l
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Riesené priklady — 170

:{\/;(6 R: x € (0; o0) X€<011>}:{Subst. t=/x

x€(0;1)
1—/x>0: x€(0;1) =t2, dx=2tdt

te(0;1)

_VIt_ [1=t (==t 24
Subst. z= \/Trr*\/l T\ e \, T

/V 2t dt
2z(2+1)—(1 7)27d —

7. 2(1— Z)_ —4zdz
2241 (22+1)?
(1) 2=z \1)2

2(z —l)dz Rozklad na parcialne zlomky: 2 3 1
8/ (zz+1)3 —[7 I S ]—8 [y~ e t 2] 92

2(1+t)=1—t }

te(0;1), ze(0;1)

@y~ @H)P @2 T2

[P' 121 = [t } =16/~ 24k +8h=16[%2 + s3] —24b+8h

=1 1+ T

4z I Az
12/2+811: +1)? 12[ >+ 2(22+1)] +8h= @Z+12 z2+1 +2h
+2arctgz+c= { = V1vX

V1+tvx

CEVa

4z
(z2+1)? 22+l

4z _ A x—x2| 6z _ 2 s
W7V1 X+VXx—x? | =VXx—X 2y/1—x
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Riesené priklady — 170

{\/;(ER: x € (0; 0)

X€<011>}:{Subst. t=4/x

Xft:'O;l /\/ 2tdt

1—+/x>0: x€(0;1) =12, dx=2tdt rH\O;l
=_ = A
| Subst. Z:t/m* /i :*\/2 == v lir 1) 2(1+t)=1-t Zo (1 4 ) . —4zdz
= = 271 (211)2
dr= 2020 g, tede | 1 (071, 26 (0;1) 2+l (2+1)

R
Rozk\ad na parcwalne zlomky: > 2 _ 3 1
8/ Zz+1)3 { 3 I } —8/[ (22+1)3 (ZZ+1)2 + 22+1} dZ

t+1 = zz 1~ @+ T 241

Pr 121 = [y } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

4(z2+1
S=1 1+ T (

— z z 6z
W—12/2+8I1_ (z24+1) 12[ +2(z2+1)]+8ll (z2i1)2_@+2/1

:(22“%)2 22+l+2arctgz+c { 2=V
:\/l—x—&—\/X—x2—3\/1—X+23"Ctg%+c

4z _ et /x—x2
mfylxvxx7
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Riesené priklady — 170

/f dx = —2/1—x + vVx—x2 + 2 arctg f +

/V 2t dt

x€(0;1) }

=12, dx=2tdt|te

__|VXER: xe(0; c0)
T |1—y/x>0: xe(0; 1)

X€<011>}:{Subst. t=4/x

i

_ Subst. 27% \, r*\/zl rt*\ ﬁr 1| 22(1+¢t)=1-t — /5. 2(1—2z ) _ —4zdz
" % di = —22(2 (\1)“(12 )z g, 741112 te(0;1), ze (0; 1) 724 (22+1)2
z ) (ZZ+1) R
2(z —1)dz__ ozk\ad na parcwalne zlomky 2 3 1
= / z2+1)3 { et = ot -M} =8 [(22+1)3 ~ @+ +22+1} dz

:|:Pyv 121: I, /ﬁ } =165—245L+8L1=16 [%‘FW} —24, 481

= s 1t e
—12/24—8/1:(24%1)—12 [Ll-‘rm]“rshz (224;1) 22+1 +2/1
+2arctgz+c= { =

V1+Vx

_ 4z
T (22+1)?

4. A wi /w2 | 62 o) s
(T‘I),:VI xX+vVx—x2 m:\x x2—2v/1—x

=\/1—x+\/X—X2—3\/1—X+23"Ctg%+

_ 4z
— (22+1)? 22+l

=vx—x2-2y1 —x—i—ZarctgﬁVi;\/g + ¢, x€(0;1), ceR.

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 72 73 73 74 74 75 75 76-77

Riesené priklady — 171

dx
/x+1+3x+1
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Riesené priklady — 171

dx
/x+1+3x+1
— Subst. t:wﬁ/xﬁ—l Vx4 1:(\6/>< | 1)3 = x € (—1; 00)
O =x+1|62dt=dx | I/x +1=(Ix+1)2 =1t>|te(0;00)
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dx
/x+1+3x+1

_[subst. |t=¥xFT [VxF1=(IxT1)° = |xe(-Lioo)|_ [6e5dt
O=x+1[6dt=dx| Ix+1=(Ix+1)2=1t|te(0 00) 4t
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Riesené priklady — 171

dx
/x+1+3x+1

_[subst.  |e=¥xFT | VxF1=(YxF1)° = |xe(—100) | 6t5dt_6 t2dt
O =x+1|62dt=dx | I/x +1=(Ix+1)2 =1t>|te(0;00) 342 t+1
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Riesené priklady — 171

dx
/x+1+3x+1

_[subst.  |e=¥xFT | VxF1=(YxF1)° = |xe(—100) | 6t5dt_6 t2dt
O =x+1|62dt=dx | I/x +1=(Ix+1)2 =1t>|te(0;00) 342 t+1

_ ‘t3+t27t27t+t+171
—6/—t+1 dt

u=t+1=x+1+1

dt=du

— | Subst.
t=u—1

t € (0; o)
u € (1; c0)
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Riesené priklady — 171

dx
/x+1+3x+1

_[subst.  |e=¥xFT | VxF1=(YxF1)° = |xe(—100) | 6t5dt:6 t2dt
O =x+1|62dt=dx | I/x +1=(Ix+1)2 =1t>|te(0;00) 342 t+1

_ ‘t3+t27t27t+t+171 - el —il
_6/ t+1 dt=6 t+1 dt

u=t+1=IxF1+1

— | Subst.
dt=du

t=u—1

te (0 00) | 6 (u—1)3 du
u € (1; c0) u
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Riesené priklady — 171

dx
/x+1+3x+1

_[subst.  |e=¥xFT | VxF1=(YxF1)° = |xe(—100) | 6t5dt:6 t2dt
O =x+1|62dt=dx | I/x +1=(Ix+1)2 =1t>|te(0;00) 342 t+1

FIC 1-1 Sail—il 1
:6/%dt:6/%dt:6/(t2ft+lfm)dt

u=t+1=YxF1+1
dt=du

— | Subst.
t=u—1

te(0;0) |— g (u=1)*du —6 P —3u’+3u—1 du
u € (1; c0) u u
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Riesené priklady — 171

dx
/x+1+3x+1

= \6/x +1
6> dt =dx

Vxti=(IxF1pP=14
Ix+1=(Ix+1P2 =2

__[subst. x€(=1;00) | 6t5dt:6 t3 dt
0 =x+1 t € (0; 00) 42 t+1

3,2 2 _ 3.1
:6/—f TS R dt:6/7t A dt:6/(t2 —t+1-Z)de
6

(E—L4t—Injt+1)+c

u=t+1=YxF1+1
dt=du

:6/(u2—3u+3—%) du

— | Subst.
t=u—1

te(0;,00) | _g (U—1)3dU:6 u®—3u’43u—1 du
u € (1; c0) u u
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Riesené priklady — 171

dx
/x+1+3x+1

_ [subst. |t=9xF1 |vx+1=(Ix+1)=1¢|xe(-1;00) _ [6t°dt_
O =x+1|65dt=dx| Ix T 1= (¥x+1)2 =2 |te(0; 0) t3+t2

1

of

t2dt

‘t3+t27t27t+t+171 - =1 e

6
6

t2—t+1- L

t+1

) dt

(E—Z4t—Inft+1))+c=22—32+6t—6In(t+1)+c

Subst. u=t+1=xF1+1 t € (0; o) (U—1)3 du

t=u—1|dt=du u

| ]

:6/(u2—3u+3—%) du:6(”§3—32i+3u—ln lul)+c

u€ (1; 00)

5] 2
:6/u 73uu+3u71 du

beerb@frcatel.fr
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Riesené priklady — 171

/ﬁzzx+ _3Yx AT+ 6UxT1—6In(VxFI1+1)+c

_[subst. |t=¥xFi|Vxti=(IxF13=12 xe(—l;x 6t°dt_
0 =x+1|65dt=dx| Ix+1=(¥x+1)2=12|te(0;00) 542 t+1

:e/wdtﬂ/%dt:s/(t?—tﬂ—m)dt

_6(— -z +t—|n\t+1|) +c=2t3 - 3t2+6t—6In(t+1)+c
:2\/x—|—1 —3Vx+1+6Vx+1—6In(vx+1+1) +c, xe(—1;00), cER.

te(0; %)}:6/@—1)3 du :6/u373u2+3u71 du

u € (1; c0) u u
:6/(u2—3u+3—%)du:6(”—3——+3u In |u])+c

=2(Vx+1+1)® —9(Vx+1+1)* 4+ (Vx+14+1)—6In(v/x+1+1)+c,

x€(—1;00), ceR.

u=t+1=YxF1+1
dt=du

— | Subst.
t=u—1
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Riesené priklady — 172

/arcsin T dx
—X
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Riesené priklady — 172

1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
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Riesené priklady — 172

1-x>0& 1>x —x, t.j. —1<x,2x<0, t.j. xe(-1,0) |xe(-1;0)
1-x<0& 1<x —1>x,2x>0, t.j. x neexistuje
Lix

T—x

t.j. —1<x<0

2

1

B Ve y/;\ =% a0
- 1 - 1 V2
V() (12

= = vz
V2 |1-x| \/—x(1+x) 2(1-x)y

x(x+1)  2(x—1)y/—x

x2—x

beerb@frcatel
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Riesené priklady — 172

1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
J— 1 |
U= arcsin ./ X 2 (1=x) (lw‘)( 1) _ 22 1
- V== =3 VEER BV E B
V=1 _ 1 —= 1 V2 V2
V/=2x(1tx)-(1—x)?

V2 |1-x| \/—x(1+x) - 2(1—x)/—x(x+1) - 2(x—1)y/—x2

x2—x
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Riesené priklady — 172

—x, t.j. —1<x,2x<0, t.j. xe(-1,0) |xe(-1;0)

_[o<Ex<i|1-x>061>x 0
l1-x<0& 1<x: 0

<1
x>1—x, t.j. —1>x, 2x>0, t.j. x neexistuje| t.j. —1<x<0
1

1tx
1—x

=

2. X)I(IM)K 1) _ 32
) =

= 1 = 1 =
vV —2x(1+x)-(1—x)? V2 |1-x| \/—x(1+x) 2(1—x)

=x arcsin, / ijJr% — X dx
=2 (x—1)4/—x2—x

=x arcsin, / iﬂ—i—? — x4l gy
- (x—1)4/—x2—x

_ Ay o
= arcsin v

[A—x)*

=V S (L—x)t

I _ V2
vi=1
x(x+1)  2(x—1)y/—x—x

k<
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Riesené priklady — 172

/arcsin T dx
—X

_ iniil 1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)

x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0

— 1

. . [14x 2, (1=x)—(14x)-(=1) _ _ 1

_ u arcsm\ Tx 1—x)? v 2Lk (X
v _ 1 _ _ V2 — V2
V/—2x(14x)-(1-x)? V2 |1-x| \/—x(1+x) 2(1—x)/—x(x+1) 2(x—1)y/—x2—x
2 1 5%
=xarcsin, / +‘f/( dx
Se= 1

14+x | V2 x—1+1
=xarcsin, / + dx
1—x /(X 1)y/ —x2—x

_ o [lex | V2 d V2 d
=X arcsin ﬁ—’_T/iﬁJ’_T (X_l)ixz

—X
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/arcsin T dx
—X

_ iniil 1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
— arcsin . /2x 7 (120 -(1(=1) _ 32 _
_ u = arcsin \V 1x 1—x)? = VE = /) - N X (1—x)*
I _ _ 1 _ 1 _ V _ V2
v=i V=X T V(@00 T V2[1—x|\/—x(Itx) | 20-x)y/—x(x+1) | 2(x—1)y/—x2—x
:Xarcsin,/ijJr% —X dx
=2 (x—1)4/—x2—x
=x arcsin, / %—i—? x—1+l  gx
X (x—1)4/—x2—x
3 1 2 2
=xarcsiny/iEx V2 [ _dx | 2 dx
X x2—x (x—=1)y/—x2—x
_ [Subst. t=x+3|dt=dx |x€(=L0)|te(—3:3)| —x®—x=—(x®+x)=—(x>+2-3+3)+1 =(3)>—(x+3)
Subst. z=—1|x=—z""!|dx=% ze(l;00) |x—1=-l-1=-1=z /2 x=y ZL\%:V' ljzzv71
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Riesené priklady — 172

/arcsin T dx
—X

= x arcsin iﬂJrQ - dx
—X 2 (x—1)

=x arcsin, / 1+X+ f/( :) I+l gx

_ x| 1 (14+x)-(=1) _ 32 _
u=arcsin /= | v'= —— > — =
o \V 1=x e [C=2) VEEEL/EV/AF /a0
V=1 V= 5z _ 1 I 1 _ V2 _ V2
vV —2x(14+x)-(1—x)? V2|1—x| y/—x(1+x) 2(1—x)y/—x(x+1) 2(x—1)y/—x2—x

2_x
—xarcsm,/“x—i—‘[ d +f -
(x—=1)y/—x2—x
Subst. t=x+1 [dt=dx |x&( 1'0) (=5 D) | —xP—x=—(+x)=—(+2- 3+ 1)+ 1 =(2)?— (x+3)?
Subst. z= )‘—( z dx*f ze(l;0) |x—1= % = 17 vV —x? xf\,/ Zi{%:y’ l":v’zl
dz
_xarcsm,/HXJr‘[/ S 2/ =
) 2 241 V-1
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Riesené priklady — 172

/arcsin T dx
—X

_ . 14+x \/5 X
—xarcsin, /=== [ — X dx
1—x 2 /(X—l /—x2_x

_xarcsm,/HX—i—f/( :) 1+1 dx

—xarcsm,/“x—i—‘[/ ke —ﬁ—f/dix
(x—=1)y/—x2—x

_ [Subst. t=x 1 |dt=dx |xe(=L0)|te(—3:3)| —x®—x=—(P+x)=—(x>+2-3+3)+3=(3)>—(x+1)
Subst. z= % Z! :‘L’, ze(l;0) |x—1= % il= 1;7 v —x2 x=1/ Zi{%:y’ l”:‘/?
dz
_xarcsm,/HXJr‘[/ dt +*2/ =
2 2 _z41 V-1

_ i [1lax V2 ot V2 dz
=xarcsing / ;= +-5 arcsm% 2/7(“1) —
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Riesené priklady — 172

/arcsin T dx
—X

72 73 73 74 74 75 75 7

_ ; I+x | V2 x
=X arcsin == 1 = — X dx
1—x 2 /(x—l \/_XT
=x arcsin, / 1+X+‘[ —x=1Hl gy
(x—1)y/—x2—x
=x arcsiny /1 1+X+‘f d —5—‘[ dx
(x—=1)y/—x2—x
_ [Subst. t=x 1| dt=dx |xe( 1;0) (-5 | —XP—x=—(+x)=—(+2- 3+ 1)+ 1=(1)? - (x+3)?
Subst. z= % Z! :‘L’, ze(l;0) |x—1= % il= 1;7 v —x2 x=1/ %{%:V’ l)’:‘/?
dz
_xarcsm,/HXJr‘[/ dt +—2/ =
2 2 241 V/z-1
: : : Subst. u=vz—1|u?=2z-1
—xarcsing /X 1 V2 gregin £ V2 dz____ 22241 |dz=2udu
1—x 2 5 2 | (z+1)vz—1
z€(1; 00) | ue(0; 00)

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 172

/arcsin T dx
—X

_ 1+X V2 x—=1+1 d
=X arcsin < /(X 1\/7_)( X

_xarcsm,/HX—i—f/ Gl —&-%/dix
7x (x—1)y/—x2—x

Subst. t=x+1 |dt=dx |x€(=1;0)|te(=3: 1) | —x2—x=—(x2+x)=—(x*+2-3+1)+3=(3)—(x+3)?
1 =il z . 1 1tz S /1,1 14z _ z=1
Subst. z=-1|x=—z"1|dx=% ze(lio0) |x—1=-1-1=-Hz X XS4t =y —m =

1+ V2 dt 2 %
X z
=X arcsin <+ / 2—4— 2/7 =

Subst. u=vz—1|wP=2z-1

=X arcsin H—X—i—ﬁarcsmé—i _dz z=u?+1|dz=2udu
1—x 2 3 2 (z+1)vz—1

z€(1;00) | ue(0; 0)

= in. /Ex V2 [ 2udu
=X arcsin l_X—i- 2 arcsin 2t — /(u2+2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 7 72 73 73 74 74 75 75 7

Riesené priklady — 172

/arcsin T dx
—X

— ; 1+ V2 d V2 d
=X arcsin X+ /ﬁ+7/ﬁ

{Subs( t=x+3|dt=dx xr( 1; 0)

Subst: zf—l dx=

dz.
_xarcsm,/”x—i-‘[/ dt +72/ =
2 2 _z+1 V21
Subst. u=+v/z—1
_ . 1+x \/i B \/i dz . .,
=xarcsing / §5 + 5" arcsm% 2 | Gyt z=P+1

z€(1;00)
=xarcsiny / 1+ Lo S ‘[ arcsin 2t—£ Zudl,

K==z

rP=z-1
dz=2udu

u€(0; 00)

w2

1+x \[
—xarcsm,/1 S arcsin 2t —+/2 u2+2
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Riesené priklady — 172

/arcsin T dx
—X

_ [Subst. t=x+3 |dt=dx |x€(=10)|te(=3:i3) | —x2—x=—(F+x)=—(E+2-5+ 1)+ =(3)*—(x+3)
" | Subst. z —Lix=—z"1|dx=% ze(ljo0) |x—l=—l-1=-1z /7% \/7}7+% \//7?2
dz
_ - 14x \/i/ dt 2/ 2
=Xxarcsin, / — +-5= aF 2=
1—x 2 /1_12 2 1 Vz—1
d 7% z )
Subst. u=v/z—1|uv*=z-1
o . 14+x \/i ot V2 dz . o, B
=Xxarcsin, / §55 4 -5 arcsin 1=7% /(z+1)\/ﬁ_ z=u+1|dz=2udu
z€(1; 00) | ue(0; 00)
_ 1+x f _f 2udu
=xarcsin, / 1 + 5= arcsin 2t — 5= W+
=x arcsin, / 1+X—l—‘[arcsm2t V2 u2+2

V2

5 arctg % +a

=x arcsin, / %—i—g arcsin 2t —

9
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Riesené priklady — 172

/arcsin T dx
—X

dz
=x arcsin fif;”r%/ =t 2+§/ C—
JVieT 2 T

—1|u?=2z-1
dz=2udu

Subst. u=+/z
_ . 14+x V2 st V2 dz _ 5
=xarcsing /1= +5° arcsm% 2 | Tyt z=12+1
u€(0; 00)

ze(1;00)
=xarcsiny /X 4 ‘[ arcsin 2t — i (lfz‘fgs

_xarc5|n,/1+x+‘[arcsm2t \f/u2+2

— i I+x | V2 i V2 u
=xarcsin, /1 + -5 arcsin Zt_ﬁ arctg ﬁ—l-cl

= xarcsiny / 2% 1 ¥2 arcsin (2x4-1) —arctg Vf +a
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Riesené priklady — 172

/arcsin T dx
—X

dz
=x arcsin fif;”r%/ =t 2+§/ C—
JVieT 2 T

—1|u?=2z-1
dz=2udu

Subst. u=+/z
_ . 14+x V2 st V2 dz _ 5
=xarcsing /1= +5° arcsm% 2 | Tyt z=12+1
u€(0; 00)

ze(1;00)
=xarcsiny /X 4 ‘[ arcsin 2t — i (lfz‘fgs

_xarc5|n,/1+x+‘[arcsm2t \f/u2+2

— i I+x | V2 i V2 u
=xarcsin, /1 + -5 arcsin Zt_ﬁ arctg ﬁ—l-cl

_ ine /X L V2 qrcsi vz—1 E v
=X arcsin, / 7% 4- 5= arcsin (2x+1) —arctg 5 o= ;u o

beerb@frcatel.fri.
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wr=z-1
z=u?+1|dz=2udu

u€(0; 00)

— in [ lEx V2 it V2 dz
=xarcsing / ;= +-5 arcsm% 2/(z+1)\/ﬁ_
=x arcsiny / 12X 4 2 ‘[ arcsin 2t—£ %

=x arcsiny / 12X 4 2 ‘[ arcsin 2t — \f/u2+2
_ ; 1+x | V2 : V2 u
—xarcsm,/m—l-T arcsm2t—ﬁ arctgﬁ—l-cl

= i 17+X Q i V?:%\// )i( 1
=X arcsin, / 7% 4- 5= arcsin (2x+1) —arctg Vf —&—cl—{ 27: S

= x arcsiny /X 4 ¥2 aresin (2x+1) —arctg / — 52 +-¢1, x€(~1;0), c€R.

{Subst. u=+/z—1

z€(1;00)
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 71 72 72 73 73 74 74 75 75 T76-77

Riesené priklady — 172

/arcsin T dx
—X
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Riesené priklady — 172

_ OS%SI 1-x>0&1>x: 0<1+x<1-x, t.j. 1<x, 2x<0, t.j.
x#1 1-x<0& 1<x

x€(-1;0) |xe€(-1;0)
0>1+x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje
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Riesené priklady — 172

_ OS%SI 1-x>0&1>x: 0<1+x<1-x, t.j. 1<x, 2x<0, t.j.
x#1 1-x<0& 1<x

x€(-1;0) |xe€(-1;0)
0>1+x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Subst. t=1-x
dt=—dx

x€(—1;0)
te(1;2)
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Riesené priklady — 172

_ OS% 1|1-x>0&1>x: 0<14+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1,0) XC{ 1;0)
x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x<0
__[Subst. t=1-x|xe(-1;0)]__
dt=—dx|te(1;2)

arcsin \/7dt— /arcsm \/:dt

)

beerb@frcatel.
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Riesené priklady — 172

_{Oﬁliiil‘l x>0 1>x: 0<14+x<l-x, t.j. —1<x,2x<0, t. j. xe(-1;0)

1-x<0&1<x: 0>21+4x>1—x,

x({ 1;0)
t.j. —1>x,2x>0, t.j. x neexistuje j <0

_ {Subst. t=1-x

= (-1;0)
e 0'}2— arcsin |/ 2=t dt= /arcsm./ 1dt
dt=—dx | te(1;2)
2 . _1
_ u arcsm\/%—l u' \,ﬁ%(%,) 2.(—2t72)
v'=1 V= —V2 =/
2|t \/(t=1)(2—t)  2t/3t—12-2

beerb@frcatel
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Riesené priklady — 172

DR 1‘1 x>0 1>x: 0<14x<1l-x, t.j. 1<x, 2x<0, t.j. xe(-1;0)

x({ 1;0)
—1<x<0

jffl_;o\'\’l:— arcsin |/ 2=t dt= /arcsm,/f—ldt

[u aresin /21 |w'= e 3 (2-1)7F (2672

l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Subst. t=1-x
dt=—dx

V-1V

v'=1 v=t — =
t/(t-1)(2—1)

= —|tarcsiny/ +‘[/\/%

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 172

0<iZ<1|1-x>0&1>x: 0<1+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

x({ 1;0)
—1<x<0

jffl_;o\'\’l:— arcsin y/ 2=t dt= /arcsm,/f—ldt

u = arcsin \//%—1 u= ——L—.1(2-1)"%.(-2t7?)

dt=—dx

= V-3
v'=1 v=t —v2 = = =
tly/(t-1)(2—8)  2t\/3t—r2—2  2t\/—242.F-3+7-2  2t/3—(t—3)?

_ V2 tdt __|Subst. z=t—3|¢t —(1 2)
= tarcsm\/>+ /\/T*)Z —[ dz=dt|ze( 5%)}

|
|

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 172

/arcsin T dx
—X

DR 1‘1 x>0 1>x: 0<14x<1l-x, t.j. 1<x, 2x<0, t.j. xe(-1;0)

x({ 1;0)
—1<x<0

jffl_;o\'\’l:— arcsin |/ 2=t dt= /arcsm,/f—ldt

e 1
u arcsm\/%—l u' \,ﬁ 1(2-1) % (-2t7?)

= v=t V2 = —_—
t] \/(t=1)(2—t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?

_ V2 tdt Subst. z=t—3
=— tarcsmw £ /m [ -

_ ; 24_72 dz
t arcsin T 2/7\/(%)27722

l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

dt=—dx

— V2-31v/

|
-

&(

t—(l 2)
é

—

1
2
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Riesené priklady — 172

/arcsin T dx
—X

—1<x<0

X((m» } /arcsmw tdi= /arcsm./f—ldt

[u arcsin \//%—1 u'=——L_.1(2_1)77.(-2t7?) =

<= 1‘1 x>0 1>x: 0<14x<1l-x, t.j. 1<x, 2x<0, t.j. xe(-1;0)

x({ 1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Subst. t=1-x
dt=—dx

\/;va a
I V=t _ 32 __ =\ _
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?

te(1;2) }
é

_ f tdt Subst. z t,%
= tarcsm\/>+ /\/ﬁ [ dz=dt

ze( %)
— _tarcsing /2=t Y2 [ __dz ___tarcsin — V2 3rcsin Z1c
t 2 (%)2,22 2 5
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Riesené priklady — 172

/arcsin T dx
—X

—1<x<0

X((m» } /arcsmw tdi= /arcsm./f—ldt

_[0<:=Z<1|1-x>0&1>x: 0<1+4x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

x€(-1;0) }

Subst. t=1-x
dt=—dx

[2 / 1 1(2 -2) - —
_ u = arcsin \’T’l u \,717<%71>45(7— )2 2. (=2t \/tvi = e )(2 =
= V=t _ — V2 _ —V2 —V2 _ —v2
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
/2 f tdt Subst. z=t—3|te(L;2)
[tarcsm =N ﬁ(t,,)z dz—dt|ze(CL1)
— _tarcsing /2=t Y2 [ __dz ___tarcsin — V2 3rcsin Z1c
t 2 (%)2,22 2 3

=—(1—x)arcsiny /12X — farcsm2z—|—cz
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Riesené priklady — 172

/arcsin T dx
—X

_[0<iE<1|1-x>0&1>x: 0<1+x<1-x, tj 1<x, 2x<0, t.j. x€(=1;0) X\_i 1,0)
_[ x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x
bst. t=1 =
:[Su st d;, x /: 2 } /arcsm \/7dt— /arcgm,/f_]_dt
f2_ 1|y 1 L2 -2
| arcsm\/L 1|u V=) 1(2-1)72(-2t7?) NN )(2 -
V= v=t - —v2 _ v 3
2|t]y/(t=1)(2—1) 2t\/3t—t2—2 2ty/— 242 -3+3 2 2t/3—(—2)%
_ /2 f tdt Subst. z=t—3 (1 2)
= [tarcsm =i \/ﬂ A Mo
=—tarcsiny/ 3t — f \/dz—_ t arcsin %—garcsin§+c2
2
(- 3)—D(—x_1
=—(1—x) arcsin i*x ‘[arcsm22—|—c2_{2272(f 3)=2(—x 2)}
=—2x—1=—(2x+1)
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Riesené priklady — 172

OS% 1|1-x>0&1>x: 0<1+4+x<1-x, tj 1<x, 2x<0, t.j. xe(-1;0) XC{ 1;0)
{ x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x
bst. t=1 c
{Su std;7 x| x€ ) } /arcsm,/ tdt= /arcsm\/f—ldt
f2_1 |y 1102 -2
u = arcsin /3 1| V=) 1(3-1)2 2.(—2t72) e )(2 5
V= v=t S S S v
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
f tdt Subst. z=t—3 (1 2)
[tarcsm,/ tt \/T—)? dz—dt|ze(-3: 1)
—t arcsin % f \/dz—_ t arcsin %—% arcsin £ +¢,
2
—o(t_3)=(_x_1
—(1—x) arcsiny /1= — ‘[arcsm2z—|—cz—{2“2” 2)=2(x 2)}
=—2x—1=—(2x+1)

(x—1) arcsin, / i‘f—i—i—g arcsin (2x+1)+¢,, x€(-1;0), ceR.
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Riesené priklady — 173

. 1—x
/arcsm v Thx dx
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Riesené priklady — 173

H X
arcsin \/1: dx

1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)
1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

beerb@frcatel
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1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
1+x<0& x<—-1: 0>1-x>1+4x, t.j. x=>1,0>2x, t.j. x neexistuje| t.j. 0<x<1
_ o fiex | 1 1 =) =(1=x) _ —32 _ 1
_ u = arcsin \ T u = ) (T+x)? V== \/?\/7“ 0 (1)
vi=1 vV =x = 71/7 7\/76 7V/ﬁ2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x

beerb@frcatel
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1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) xﬂ(O‘l\:
1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
_ o fiex | 1 1 =) =(1=x) _ —32 _ 1
| a'“"”\r o | Y \/1 = ) a7 =, /= [ =
o ~1 —1 -2 —Vv2
V2x(1=x)-(Hx)2 V2 [1x| /x(1—x)  2(1+x)y/x(1=x)  2(x+1)y/—x+x

= x arcsin } +‘f dx
+x (x+1) —x2+><

beerb@frcatel
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_{Ogﬁ:gl‘l+><>0<>x>—1 0<1-x<1+x, tj. x<1,0<2x, t.j. x€(0;1)
x#1

1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

—oareain . JI=x | (1-x\—3 —@x)-(1—x) _
_ | u=aresing /5 | v'= = (32) *- e =

Ve T (14x)*

-2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x

v v X
. 1—x ﬁ X
=xarcsin,/ 7=+ %= [ ————dx
1+x 2 (x+1)y/ —x2+x
_ - 1—x | V2 x+1—1
=xarcsing / =+ %= [ ———=——dx
1+x 2 (x+1)y/ —x2+x

kl:x
—1 =il
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Riesené priklady — 173

. 1—x
/arcsm v Thx dx

_ O;U:il 1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1

x#1 1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1

— arcsin JI=x |y L 1(1mx)7E Z(0)=(1-x) _ —32 _ 1
— U= aresiny e | v = 2(i5%) (B VESES [ fngt /2 e

V=1 v = 5¢ -1 —1 —V2 —Vv2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x
= x arcsin X 4 ¥e ‘f —X __dx
1+X (x+1) \/—x2+><

=Xx arcsiny / i+)x<+f/
=x arcsin, / hj—i—‘[/

x+1-1 dx

(x+1)y/ —x2+x
dx V2 dx
><2+x 2 (x+1)y/ —x2+x

beerb@frcatel.fri

niza.sk

http:/ /frcatel.fri
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71

_[0<EELT|14x>0 & x>—1: 0<1—x<1+x, t. ] x<1,0<2x, tj. x€(0;1)
1+x<0& x<—-1: 0>1-x>1+4x, t.j. x=>1,0>2x, t.j. x neexistuje

_ i flex |
u = arcsin \ Thx u=

1(1=x\"2, =(14+x)-(1-x) _
5( j ) [l‘%»)()2 -

V1 I (14x)*

! —1 —V2
vi=1 — _— _
v/ 2x(1—x)-(1+x)? V2 [14x Vx(1—x) 2(1+x)4/x(1—x) 2(x+1)y/—x2+x

v X
=Xx arcsin 2= | ————dx
1+X (x+1)4/ —x2+><

1 V2 e —1l
=xarcsing/ 17+ /(x+1x)\/7+x dx

—xarcsm,/i X—i—‘[ dX ‘[
R (x+1) 7><2+x

Subst. t=x—73 [dt=dx | x€(0;1) | t( % D —x*+x=—(x2—x)=—(x*-2-3+ 1) +31=(3)—(x—3)?
Subst. z=1 |x=z7!ldx=-%|ze(l;00) |x+1=1+1=21E2 /—xT¥x »7%+f:\// i‘zvé
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

mn 3 74 74 75 75 76-77

u'=

u = arcsin

1 1/1
\/ 15 i ()
T

= —V
V/2x(1—x):(14x)? V2 [Ltx| /x(1=x) ~ 204x)y/x(1—x)  2(x+1)y/—x2+x

v X
=X arcsin -|— [ SE— v
= (x+1) ﬁ

V2 il il
=caresiny /1 4% /(x+1x)\/T+x dx
= 1-x | V2 dx V2 dx
xarcsm\/:-i- / W 2/(X+1)\/7+X

{Subst t=x X(,(O'l) te(-1:1)
o0)

dx= % ze(1;

dz
= 1—x 4 V2 dt 2 5
W+ 2t /il.

z|dr=d X = () = (-2 5+ = (P3P

Subst. z=1

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 173

/arcsin ;

f 1—x \/5 X

=X arcsin —= 4 L= — X dx

1+x 2 /(x+1 /—x24x

f _ox+1-1

= arcsm,/ X 4 dx

1+X (x+1)4/ —x3+x

[1=x | V2 dx V2 dx

=X arcsin 4 | ——F/———

I+x / ><2+x 2 (x+1)4/ —x2+x

5 dt=dx xf(O‘l)

__ds
dx= Z,,

(=513

2
Subst. z=73 €(1;0)

/1 V2 dt 7& =
=X arcsin 1+X+ Ve 2 | m

_ A 1-x | V2 st V2 ‘ dz
_xarc5|n,/1+x+ 5 arcsin %Jr 2/7(“1)\/71

X=z

{Subst t=x

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 173

/arcsin ;

. 1—x \/5 X
=X arcsin —= 4 L= — X dx
I+x 2 /(x+1 vV —x2+x
f _ox+1-1
= arcsm,/ X 4 dx
1+X (x+1)4/ —x3+x
[1=x | V2 dx V2 dx
=X arcsin 4 - | ————F—
14x / ><2+x 2 (x+1)4/ —x2+x

3| dt=dx xf(O‘l)

__dz
dx= Z,,

te(-%; 5)
€(1;00)

x=z

{Subst t=x

_1
Subst. z=73

dz
/1 V2 dt 7& =
=X arcsin 1+X+ 2 2 | o/

. Subst. u=v/z—1|u?=z—-1

_ . 1—x V2 st V2 dz . e B
=X arcsin, / = + 5= arcsin %Jr 5 /7(“1)\/? z=12+1|dz=2udu
z€(1; 00) | ue(0; 00)
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Riesené priklady — 173

/arcsin ;

f x4+1-1
=X arcsin X+ —XTa==___ dx
1+X (x+1)y/ —x2+x

\[ dx \/§ dx
=X arcsm, / + - | ———F———
1+X x2+x 2 (x+1)y/ —x2+x

Subst. t=x—3 |dt=dx x\( 1) |te(=5:3) | —xP+x=—(x*—x)=—(x2—2-3+3)+1=(3)*—(x—3)?
{Subst z:% dx*ffi z€(1;00) x+1:§+1:1l‘ V,X2+X7\,,,+,:v 7’£:V?}
dz
flox V2 [ _dt _v2[_ "
=xarcsiny /175 +5 /\/1 = 2/¢1. —
Subst. u=vz—1|wP=2z-1
_ 8 [1—x | V2 st V2 dz _ 2
=X arcsin 1+X+ > arcsin %‘i‘ > (Z+l \/ﬁ_ z=u*+1|dz=2udu
z€(1;00) | ue(0; 0)

= i 1—x V2 [ _2udu
=xarcsingy /175 +5° arc5|n2t—|— /(u2+2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 173

1—x
/arcsm e dx

1—x V2 dx V2 dx
=xarcsiny /7= +5° | ——5 | ——F—
Lix T 2 /\/Ter 2 | (x+1)y/—x2+x
Subst. t=x—1|dt=dx XF(O 1) te (=3 1) | —xP+x=—(2—x)=—(x>—2-5+ 1)+ 1= (12— (x—1)
Subst. z=21 dx=—%|z€(l;00) [x+1=141=2E2 /TH—\, }Jr%—\/’*i;z—‘”:l}

dz
/1 V2 d f 2
=X arcsin 1+X+ Jie Y N
z
Subst. u=+v/z—1
_ . 1—x \/i H \/i dz . .,
=Xarcsiny / 1+ ~5- arcsin 1 + -5~ /(Hl)m—{ =0 r1

z€(1;00)
f \f 2udu
=Xxarcsin, /=% T X 4+ X< arcsin 2t + /(u2+2

v
=X arcsin, / 1+x+ arcsin 2t ++/2 u2+2

Nl e+

rP=z-1
dz=2udu

u€(0; 00)
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_ [Subst. t x—13|dt=dx | x€(0;1) (=5 1) | —xP4x=—(x2—x)=—(® =23+ 1)+ 1= (12— (x—3)?
Subst. z % x=z"1|dx 9 ze(1;00) | x+1 %+1 lfz V—x2+x \//7}4»% \,”172 =
_dz
_ : x | V2 dt _ﬁ 2
=X arcsin 1+x+ 2/ %_ . —
~z
Subst. u=vz—1|wP=2z-1
— i [l=x | V2 it V2 dz_ N ~
=Xxarcsiny / =+ 5" arcsin %—i— 5 /(z+1)\/ﬁ_ z=u+1|dz=2udu
z€(1; 00) | ue(0; 00)

_ 1—x f V2 2udu

=Xxarcsin, / 15+ 5 arcsin 2t + /(u2+2
[1—x f

=x arcsin T X 4 VY2 arcsin 2t4/2 u2+2

— in. [l=x 4 V2 i V2
=xarcsiny / o + %" arcsin 2t+ﬁ arctg %—kq

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 173

/arcsin,
1 V2 dt %

_ H —X
=X arcsin 1+X+ 2/ %7 / £

Subst. u=vz—1|wP=z-1

— x arcsiny /22X + V2 aresin £+ i 2= 1241 dz=2udy
14+x 2 5 (z+1

z€(1;00) | ue(0; 00)

=X arcsin, / 12X i ‘[ arcsin 2t + f/(lfz‘fz”
/1 V2
= x arcsin 1+X+ arcsin 2t+\f/u2+2

=x arcsin, / i;—i—i—% arcsin 2t+% arctg %4—@

:xarcsin,/i;—i—kg arcsin (2x—1)+arctg Vf +a

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 173

/arcsin,
1 Va [ de %

— i =X | Ve

— x arcsin 1+X+2/ i / =

Subst. u=vz—1|wP=z-1

— x arcsiny /22X + V2 aresin £+ i 2= 1241 dz=2udy
14+x 2 5 (z+1

z€(1;00) | ue(0; 00)

=X arcsin, / =X = ‘[ arcsin 2t + ‘[/(32‘;‘]2”
/1 V2
—Xx arcsin 1+X+ arcsin 2t+\f/u2+2

=x arcsin, / i;—i—i—% arcsin 2t+% arctg %4—@

:xarcsin,/i;—i—kg arcsin (2x—1)+arctg Vf +c=

_ 1

2 = valx L
1 [1ix_ [1ix
—V2V x TV =

beerb@frcatel.fri.
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Riesené priklady — 173

[1—x

. | H ’) ;
/arcsm, e dxfxalcsm\ T T2 arcsin (2x—1)

|+

Subst. u=vz—1|wP=z-1
dz=2udu

_ . 1—x V2 . V2 dz _ ’ : B
=Xxarcsiny / 1= + 5= arcsin 1 4 5= /(Z‘I‘l)\/ﬁ_{ 7= 41
z€(1; 00) | ue(0; 00)
f f 2udu
=X arcsm,/ e X+ X< arcsin 2t + /(u2+2

f
_xarcsm,/1+ + arcsm2t+\f/ o)
_ : = V2 ; V2
=xarcsiny /5 +5 arcsm2t+% arctg%+c1

:xarcsin,/i;—i—kg arcsin (2x—1)+arctg Vf +c=

NI
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Riesené priklady — 173

. 1—x
/arcsm v Thx dx

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 72 73 73 74 74

Riesené priklady — 173

H X
arcsin 4 / T dx

_ Oihiil 1+x>0& x>-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)
x#1 l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

beerb@frcatel



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 72 73 73 74 74

Riesené priklady — 173

H X
arcsin 4 / T dx

_ Oihiil 1+x>0& x>-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
__[Subst. t=1+x|x€e(0;1)
dt=dx | te(1;2)

beerb@frcatel
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Riesené priklady — 173

. 1—x
arcsin \/ 175 dx

XCVO 1)

0<ix<1|14x>0e x>—1: 0<l—x<1l+x, t.j. x<1,0<2x, t.j. x€(0;1)
I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

_ [Subst. t=1+x
dt=dx

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 173

H X
arcsin 4 / T dx

_[0<ix<1|14x>0 e x>—1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. xe(0;1)
0>1-—x>1+4x, t.j. x>1,0>2x, t.j. x neexistuje

x#1  |14x<0& x<-1

Subst. t=1+ c(0;1) 2 t

=" U= [ arcsin dt= [ arcsin /2 —1dt
dt=dx | te(1;2)
/ —

| arcsm\/%—l u' \,ﬁ%(?,m 2.(—2t72) 7=

vi=1 v= _ —\2 _ ) _

20t]\/(t=1)2-t)  2t\/3t—t2—2

beerb@frcatel
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. 1—x
arcsin \/ 175 dx

XCVO 1)

_[0<ix<1|14x>0 e x>—1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. xe(0;1)
I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

[u arcsm\//%—l u'=——L_.1(2_1)77.(-2t7?)
t

_ [Subst. t=1+x
dt=dx

beerb@frcatel. . i.uniza.sk/~beerb
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. 1—x
arcsin \/ 175 dx

_[Oil Xil‘l{x\/O@x‘) 1. 0<1—-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) xCr'O 1)

I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

_ [Subst. t=1+x
dt=dx

f2 |y 1 1(2_ -2
u=arcsin /21 u V=) A(2-1)72 (-2t7?) N
V=1 = —v2 — —v2 =
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
. Subst. z=t—3|te(1;2
=tarcsin S eyl 1)1
)2 dz=dt|ze(—3:3)

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 173

73 73 74 74

. 1—x
/arcsm v Thx dx

_ 1+x>0& x>-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) Xg,'o 1)
l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje
Subst. t=1+ €(0;1) 2 t
=|** N arcsin dt= [ arcsin f—ldt
dt=dx | te(1;2)
2 1 2 —Z -1
_ arcsm\/ 21| V=) 1(2-1)72(-2t7?) N e
S _ _3 - -3 _
2(t] y/(t-1)(2—1) 2t4/3t—12—2 2ty/—t2+2.F—3+3-2 2t\/T—(t—3)
2—t tdt Subst. z=t—3|te(1;2
=tarcsiny /=t +‘[ _ | Subst. 2= =(12)
ty/1—(t—32)2 dz=dt|ze(—3:3)
. 2— 2
=tarcsiny /2=t +¥2 =
t 2 (1)2_22
2

beerb@frcatel.

i.uniza.sk/~beerb
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Riesené priklady — 173

. 1—x
/arcsm v Thx dx

_ Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1) xCr'O 1)
x#1 I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje 0<x<1

_ [Subst. t=1+x
dt=dx

Xff“} /arcsmw2 tdt—/arcsm,/f—ldt

1

f2_1 |y (2 2
_ u = arcsin /3 1| V=) 12 1) —2t72) \/ﬁ = Y=
I _ _ —\V2 _ —2 —\2 _ —V2
L Vet 20/t D20 2ty3—e—2 2t/ 2% 3132 20/I(t 3¢
i 2—t 2 tdt Subst. z=t—3|te(1;2
=t arcsin T+£ ﬁ ubst 2 7( 1)1
t (=3%)F dz=dt|ze(-1:1)

—1.‘arcsm1/2 t—i-f/ d) = tarcsin 2_t—i-‘farcsm )
2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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OilHiil‘l{x\/O@x‘) 1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) XC'O 1)

l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

Xf\o;l} /arcsmw2 tdt—/arcsm,/f—ldt

__[Subst. t=1+x
dt=dx

[2_ ’ 1 102 ) 1
_ || peEEny 1|u V=) 1(2-1)72(-2t7?) \/Li—viv7 Y=
=i _ —\V2 _ —2 —\2 _ —\2
T2 V(t=1)(2—1t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
— tarcsin +f _tdt  _ [Subst. z=t—3|te(1;2)
1/ t_, dz=dt|ze(-1;1)

=tarcsiny/ 25 t—i-f/ tarcsm\/Q t—i—‘farcsm f+o
2

=(1+x) arcsiny / i—;—k% arcsin 2z+c
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71 73 74 74 75 75 T6-77

OilHiil‘l{x\/O@x‘) 1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) XC'O 1)

l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

Xf\o;l} /arcsmw2 tdt—/arcsm,/f—ldt

__[Subst. t=1+x
dt=dx

[2_ ’ 1 102 ) 1
_ || peEEny 1|u V=) 1(2-1)72(-2t7?) \/Li—viv7 Y=
=i _ —\V2 _ —V2 —\2 _ —\2
T2 V(t=1)(2—1t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/ —(t—3)
— tarcsin +f _tdt  _ [Subst. z=t—3|te(1;2)
1/ t_, dz=dt|ze(-1;1)

=tarcsiny/ 25 t—i-f/ tarcsm\/Q t—i—‘farcsm f+o
2

=(1+4x) arcsin, / i—;—k% arcsin 2z—|—cz:{22:2(#;):2(#%):2#1}

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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x€(0;1)
t.j

1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1)

l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

/arcsmw2 tdt—/arcsm,/f—ldt

xe(0

Subst. t=1+x
dt=dx

1 1(2 2
_[ arcsin \/7—1 u' \mi(?— )72 (=2t72) V=
v=t = —v2 =
2[t] 4/ (t-1)(2—1) — 12—
/2=t \[ _tdt  _ [Subst. z=t—3|te(1;2)
= rcsin 2 ’
BEES + 1/ t_f dz=dt Z?(*%‘%)

=tarcsiny/ 25 t—i-f/ tarcsm./z; —i—‘farcsm f+o
2

=(1+4x) arcsin, / i—;—k% arcsin 2z—|—cz:{22:2(#;):2(#%):2#1}

=(x+1) arcsin,/i—j—l—% arcsin (2x—1)+c, x€(0;1), ceR.
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Riesené priklady — 174

s x+1
/arcsm S dx
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arcsin |/ 243 dx

1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.]. x neexistuje
—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1)

X X
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Riesené priklady — 174

arcsin |/ 243 dx

x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
X 0>x+1>x-1, t.j

—-1<0& x<1 —1>x,1>-1, t.j. x€(—o0;—1)

-1
— . 1
0= el o 28 || of 1 1(x4l)~7, (D) —(etl) )
= V= \/17\*32(*1 (E=r VSt B
—1 —1 —1 —V2 V2
v V=X V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1
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arcsin |/ 243 dx

_ O§§l1<1 x=1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.]. x neexistuje
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) -1
1 1

W = s H | 1 1(x =3, (x=1)—(x+1) ;(i _
_ V \//717?1] 2(x ) x—1) \// \‘ 1 Ve ]l\/*(x 1 NEY: B

/ ~1 ~1 V2 V2

v=1 V=X V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1

xdx
=X arcsm f
(x—1)v/—x—1
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arcsin 4 /XL dx

_ O§§l1<1 x=1>0&x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t. j. X neexistuje )
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) -1
1 1

W = s H | 1 1(x =3, (x=1)—(x+1) ;(i
= v /=2 :(5) (E=r VL EL et

=il = 52 -1 = = v2

V—2(x+1)-(x—1) V2 |x—1y/=(x+1)  2(1—x)y 7 —(x+1)  2x-1)V—x-1
*XarCSIn \[ xdx Subst. t=+/— ; —I|t?=—x—1 |x€(—o0; 1)
(x—1) 1 X=—t dx=—2tdt | te(0;c0)
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Riesené priklady — 174

—1>x,

1<x, . X neexistuje

X € (—o00; —1)

3(=2

VEVEY =
—1

V2

_ [0S <1|x—1>0& x>1: 0<x+1<x-1, t.j
{ x#1 x—1<0& x<1l: 0>x+1>x-1, t.
_ u = arcsin \/i‘% f Z'(X7(1)71<;+1)

vi=1 vV =x =t

V/—2(x+1)

_ : x+1 V2 x dx _

=X arcsin 1 5 T = {
2

_ : x+1 V2 [(=ti-1)(=2t)dt

=X arcsin —1 5 7(715272)1_

(=12 V2|x—1|y/—(x+1)

2=—x—1
dx=—-2tdt

Subst. t=v/—x—1
t2—-1

xX=

2(1—x)y/—(x+1)

x€(—o0; —1)
te(0; 00)

2(x—1)vV—»x—1
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x—1>0& x>1: 0<x+1<x-1, t.j. 1<x, 1, t.j. x neexistuje

1<
x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

1

x| L1(x41\ "2 (x=1)—(x+1) 3(=2
. u arcsm\ 1| 2(x 1) x=1) = \/Q\/W V= 1)
/ -1 -1 —2 V2
vt e Vv =2(x+1)(x—1)2 V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
— x arcsin x+1 \/i x dx __| Subst. t:\/fxfl t2=—x—1 |x€e(—o0; —1)
x—1 (x—1)v/—x—1 x=—t>—1|dx=—2tdt | te(0; )

—2—1)(—2
=X arcsin X“ \[/ t7t2 t)dt—xarc5|n1/x+l+f/ttﬁ)zdt
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
— 1 1
u = arcsin /XL |y 1 1(x41) 72 (e=D=(xt) () 1
= Vv Vi-i 2(5) =y VL EVeD S
=il = 52 -1 = v2
V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1
— x arcsin x+1 f x dx __ | Subst. t:\/fxfl 2=—x—1 |xe(—o0;—1)
x—1 (x—1)v/—x—1 x=—t2—1|dx=—2tdt | t(0; 00)

2 1)(-2
=X arcsin il \[/ t7t2 t)dt—xarc5|n1/x+l+f/ttﬁ)zdt
—xarc5|n,/x+1—|—f/tt§+21
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
— 1 1
u = arcsin /XL |y 1 1(x41) 72 (e=D=(xt) () 1
= Vv Vi-i 2(5) =y VL EVeD S
=il = 52 -1 = v2
V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1
— x arcsin x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
x—1 (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

t2+42

—t?—1)(=2
= x arcsin —*1 f/ tftz 2tt)dt—xarcsm X+1+\[/t+1)dt
_ /x+1 (t?42—1)dt__ x+1
= x arcsin —|—f/ t2+2 = Xx arcsin —ﬁ—f dt— f t2+(\/2
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Riesené priklady — 174

s x+1
/arcsm S dx

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
. .
u = arcsin /X‘l u' 1 1(x41) 72 (e=D=(xt) () 1
= v VimE 2(5) &= VEED BV e
I—1 -1 -1 v V2
Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
_ x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=X arcsin — — 5 | T .
x—1 (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

42 242

_ /x+1 (t?42—1)dt__ +1
= x arcsin —|—f/ t2+2 =Xx arcsin, / % —ﬁ—f dt— f/t2+(\/

_ E x+1 2 t
—Xx arcsin ﬁJrﬂtfﬁ arctg %+cl

—2—1)(—2
=X arcsin —*1 \[/ £ t)dt—xarcsm X+1+\[/t+1)dt
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Riesené priklady — 174

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#1 x—1<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.x<-1
1 1
u = arcsin /X‘l u' 1 1(x41) 72 (e=D=(xt) () 1
= v VimE 2(5) &= VEED BV e
I—1 -1 -1 v V2
Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
_ x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=X arcsin ~1 2 | o T .
- (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

42 242

_ /x+1 (t?42—1)dt__ +1
= x arcsin —|—f/ t2+2 =Xx arcsin, / % —ﬁ—f dt— f/t2+(\/

= x arcsin )X(—ﬂJr\ﬁtf

—2—1)(—2
=X arcsin —*1 \[/ £ t)dt—xarcsm X+1+\[/t+1)dt

\/g arctg % +c1

=xarcsiny /22 +/2(—x—1)—arctg y/ %L +c1, x€(—00; —1), c1ER.
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Riesené priklady — 174

s x+1
/arcsm S dx
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arcsin |/ 243 dx

1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.]j. x neexistuje
—1<0& x<1: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1)

X X

beerb@frcatel
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arcsin |/ 243 dx
_[0<2<1|x-1>0& x>1: 0<x+1<x-1, t.j
x#1 x—1<0& x<1l: 0>x+1>x-1, t.
__ [Subst. t=x—1|xe(—o0; 1)
dt=dx | te(—o0; —2)

1<x,1<-1, t.j. x neexistuje

—1>x,1>-1, t.j. x€(—o0;—1)
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Riesené priklady — 174

. x+1
/arcsm S dx

x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

x€(—o0;—=1)1__ . t+2 . 2
e (co0t2) }—/arcsm A dt:/arcsm 1+2dt

__[Subst. t=x-1
dt=dx
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) toj.ox<-1
Subst. t=x—1|x€&(—o0; —1) : t+2 : 2
=|[subst et ixe(mosi Ul [ oregin o /12 4= [ arcsin 4 /1+ 2 dt
dt=dx | te(—o0; —2) t t
_ 2| 1 1 2\"%, 2y _ 1 _ 1
_ u = arcsin /142 uf\/m 5(1432) (-2t )7\/*%\?\/77\/W i )
/ =il —2 V2
v=1 VSt VAl () AOVEZ a2
—tarcsin, /2 V2 [ tdt
t 2 | t/—t-2
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Riesené priklady — 174

_ O§§l1<1 x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.x<-1
Subst. t= 1 €(—o0; —1) t
=[sust = e U= [aresin /52 dt= [ arcsin | /1+2 dt
dt=dx | t€(—o0; —2)
2 ’ 2\"%, 2 1 _
_ u = arcsin \/ u'= \/1 (1\ 5 S(1+2) (=2t = TR \/W
V=1 -1 -2 V2
/2|t| /—(t+2) 2(—t)V/—t-2 2ty/—t—2
. S bst. z=—t-2 (E R=2
:tarcsln t+2 f tdt ubst. z (—o0 )
== 2 dz=—dt ZC(O‘X>
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__[0<35 <1 x-1>0& x>1: 0<x+1<x-1, t. ] 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#A1  |x—1<0&x<li 0>x+1>x—1, t.j. —1>x,1>—1, tj. x€(—o0;—1) ). x<—1
Subst. t=x-1 00; —1)
:{ R X‘(( * 2} /arcsm,/"“+ dt—/arcsm 1+2dt
=dax o0, )
- 2 / 2\—% 2y _ 1
_ u = arcsin \/ u'= \/1 (1\ 5 2(1+2)7 2 (=2t7?) T/ Y Z(r e i )
V=1 _ -2 V2
\/zmv —(t+2)  2(-t)vV-t-2  2ty—t-2
=g rcsm t+ f tdt Subst z=—t-2 te(—oo; —2)
== 2 dz=—dt z€(0; 00)
:tarcsim/izfﬁ —dz
t z
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tjox<-1
Subst. t= 1| x€(—o0;—1) i
=[sust = e U= [aresin /52 dt= [ arcsin | /1+2 dt
dt=dx | t€(—o0; —2)
- / 2\"%, 2 1
_ |u= arcsin \/ u'= \/T\") S(1+2) (=2t = TR \/W
v'=1 =l V2 V2
V2|t \/—(t+2) ~ 2A-V-t-2 T 2tV/—t-2
S bst. —(=2 te(—o0; -2
—ta rcsm t+ \[ tdt ubst. z (—o0; —2)
== 2 dz=—dt z€(0; 00)

_ i 2 V2 [—dz o 2 V2 f 1
=t arcsin 5 2/\ﬁ—tarcsm . —+ 2/2 3dz
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1  |x-1<0& x<l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj. x<-1
Subst. t= 1|{x€e(—o0;—1) i
R i arcsin + dt= [ arcsin 1+ dt
dt=dx | t€(—o0; —2)
in /142 | o 2\~3, 2 1
_ |u= arcsin Y2l u'= \/1 (1\ 5 S(1+2) (=2t = TR Y Z(r =
v'=1 —1 —V2 V2
V2|t /—(t+2)  2(=t)V=t=2 T 2tV/—¢t-2
S bst. —(=2 HE((=cas =2
—ta rcsm t+ \[ tdt ubst. z (—o0; —2)
== 2 dz=—dt z€(0; 00)

=tarcsin, / ”2

1
t+2 | V2 z2
t+2 %—"

=t arcsin H +f/ “3dz

=t arcsin
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1  |x-1<0& x<l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj. x<-1
Subst. t= 1|{x€e(—o0;—1) i
R i arcsin + dt= [ arcsin 1+ dt
dt=dx | t€(—o0; —2)
in /142 | o 2\~3, 2 1
_ |u= arcsin Y2l u'= \/1 (1\ 5 S(1+2) (=2t = TR Y Z(r =
v'=1 —1 —V2 V2
V2|t /—(t+2)  2(=t)V=t=2 T 2tV/—¢t-2
S bst. —(=2 HE((=cas =2
—ta rcsm t+ \[ tdt ubst. z (—o0; —2)
== 2 dz=—dt z€(0; 00)

=tarcsin, / ”2

t42 |, V2 z
£ T2

=t arcsin H +f/ “3dz

—I—cz:tarcsin,/#—&-\ﬂz—&-cz

=t arcsin

N\H‘ N
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75 T

__[o< “1 1|x-1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1

#1  |x—1<0&x<1l: 0>x+1>x—1, tj —1>x,1>—1, t.j. x&(—o0;—1) tjx<-1

Subst. t=x-1 00; 1» i

= < arcsin /2 dt= [ arcsin | /1+2 dt

dt=dx|te ( 00; —2)

2 / 2\"%, 2 1
_ u = arcsin \/ u'= \/1 (1\ 5 S(1+2) (=2t = TR Y Z(r =
—1 —V2 V2
V2|t /—(t+2)  2(=t)V=t=2 T 2tV/—¢t-2

z
== 2 dz=—dt

_ i 2 V2 [—dz o 2 V2 f 1
=t arcsin 5 2/\ﬁ—tarcsm . —+ 2/2 3dz

=t arcsin t+ +ﬁ z —|—cz—tarc5|m/t+ +v2z+0c

— t arcsin t+ \[/ tdt Subst —t—2=—x—1|te

=(x—1) arcsin ;‘—ﬂ+«/2 (—x=1)4cp, x€(—00; —1), 2 €R.
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Riesené priklady — 175

. x—1
/arcsm \/ 371 dx
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_[0<S5F7 <1 | x+1>0 6 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—1 x+1<0& x<-1 >x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
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_[0<S5F7 <1 | x+1>0 6 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—1 x+1<0& x<-1 >x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
— . 1
o= e S || o= 1 1(x=1 71_(X71)7(X’71) 32 _ 1
= Vi == 2(5) &2 VRS AE VY R e
,_ _ 1 _ 1 _ V2
v=1 = VR G  VERTIVAST T ZeADvaT
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x+1>0& x>-1: 0<x—-1<x+1, t.j. 1<x,

1<1, t. ). xe(l;00)
x+1<0& x<-1

>x—1>x+1, t.j.1>x,-1>1, t.j

x € (1;00)
X neexistuje t.j. 1<x

1

1 1
. —3 ()= (x=1) 12 1
u = arcsin /% u'= L1 & = — 2 =
V \/lﬁ‘l 2 x]) (x+1) Vm\\;lv/*,”;\(xﬂy \/f]’\,‘(”l)‘
vi=1 v=x

1 _ _ V2
V26D ()2 V2IxHVA—T T 2V T

_ : x=1_ /2 x dx
fxarcsmw/xﬂ 2 | ) v/r—T
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x+1>0 & x>-1:

0<x—1<x+1, t.j.1<x,—1<1, t.j. xe€(1;00)
>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

x+1<0& x<-1

x€(1; 00)
tj. 1<x

= i 1 1(x=1\"3 (x+1)=(x=1) 12 1
_ u= arcs\"\ 1 u= V= 2(x 1) (x+1)? N %v/ﬁ\/(rl) Y Em=wm
= = 1 _ 1 o /5
ol e V20D (H1? V2 VAT Q(X—I)\/ﬁ
— x arcsin 1 f de Subst. t=+/x—1|t?=x—1 | x€(1;00)
+1 (x+1)Vx—1 x=t2+1|dx=2tdt | te(0; 0)
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_[0<S5F7 <1 | x+1>0 6 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x € (1;00)

x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x

— arcsing /=L || yi= = A = 1
_ u = arcsin /355 | u VT S o AR

,_ _ _ _ 1 _ /2

v=1 = = VRO | VARHIVAT  HevaT
— x arcsin x=1__ V2 x dx __ | Subst. t=/x—1|t?=x-1 | x€(1;0)

x+1 2 (x+1)v/x—1 x=t2+1|dx=2tdt | te(0; 00)

_ ; x—1 /2 [ (+1)-2tdt
=xarcsiny / 2/7(t2+2)t
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71 3 73 74 74 75 75

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(l;00)
x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

u = arcsin 4/ 2=L (=2 =: (X’IX)’(X’U =
— \ x+1 \ 1) (x+1) v

vi=1
_ . X— 1 f x dx Subst. t=+/x—1 x—1 | x€(1;00)
=¥ ele X+1 /(x+ { X*Z2+1 dx=2tdt | t€(0; 00)

[x=1_ 2 (t2+1)2tdt =1 (£+1) dt
=X arcsin 1 5 +2)t A ———Xx arcsin S f o
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(l;00)

#— x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.] 1<x}
1 1
u = arcsin o= — iy =5 (easl=le=i) 32
— \ “ Vo= 2(7) (x+1) ==y =W ey
vi=1 v=x

=1l

i ~=1| 2
=Xx arcsin, / %= 1 ‘f de Subst. t=1/x—1| t
(x+1)vx—1

X+1 x=1+1|dx=2tdt

x—1 2 (t2+1 2tdt (£241)dt
=xarcsiny /5= / @2y X arcsin ><+1 —2/! i
_ (£24+2-1)
=xarcsiny /21 f/ t2+2
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71

_ Oii—ﬂil x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
. 1
u = arcsin u'= — L .1(x=1)77 (HD)=(l) 22 = 2
= \ H Vi-& Z(X ]) &=R) VG S )t RS ()
V=1 v=x = = 1 = V2
V2 (1 V2t VaeT | 2G)VAT
_ H X— 1 f de Subst. t=+/x—1 x—1 xif(l;ac)
=X arcsin 5
X+1 (x+1)v/x—1 x=t2+1|dx=2tdt|te(0;00

x—1 2 (t2+1 2tdt (£241)dt
=xarcsing /Sy / @+t X arcsin ><+1 -v2 /! P12
o t +2-1) x—1 dt
=xarcsiny /21 f/ t2+2 (21 dE_  arcsing / =22 dt—k\f/t2+
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_[0<S5F7 <1 | x+1>0 6 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
1 1
o= anEli o= 1 LL(x=1y72, Gl =(xl) 22 _ 1
— \ \1 \/T% Q(X 1) (x+1) == vq\m Y Em=wm
vi=1 v=x = z e V2

V20D (1?2 V2 Va1 T 2(x+1)vx—1

:)(arcsin x=1 f de Subst. t=+v/x—1 |t Xif(l;ac)
(x+1)vx—1

x+1 x=t2+1 te(0;00

x=1_ /2 (t2+1 2t dt (2+1)dt
=xarcsiny /375 / (= x arcsin ><+1 _ /2! (450
— (£24+2-1) 1 ar
=X arcsm\/: \[/ s —xarcsm\/: V2 dt+f/t2+

_ : —1 V2
=x arcsm\/);j_ﬂfﬂﬂr% arctg %+c1

=1l
dx=2tdt
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71

_ Oii—ﬂil x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
. 1
u = arcsin u'= — L .1(x=1)77 (HD)=(l) 22 = 2
= \ H Vi-& Z(X ]) &=R) VG S )t RS ()
V=1 v=x = = 1 = V2
V2 (1 V2t VaeT | 2G)VAT
_ H X— 1 f de Subst. t=+/x—1 x—1 xif(l;ac)
=X arcsin 5
X+1 (x+1)v/x—1 x=t2+1|dx=2tdt|te(0;00

— 241)-2td 1)d
=X arcsin Fi ‘[/(t ;Ht t—xarcsmw/x+1 \[/ttﬁ+)2t
2-1)
=xarcsiny /21 \[/H;ZH S =xarcsing /X1 —V2 dt+\f/t2+df
_ in./x=L_ V2 t
=xarcsing /{77 ﬂt+ﬁarctgﬁ+q
:xarcsin,/i—j— 2(x—1)+arctg /%5t +c1, x€(—00; 1), 1 ER.
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Riesené priklady — 175

. x—1
/arcsm \/ 371 dx
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_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—1 x+1<0& x<-1 >x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
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— Oiﬁfl X
x#-1 X+
__[Subst. t=x+1
dt=dx

+1>0 & x> -1

71

0<x—1<x+1, t.j. 1<x,

1<0&e x<-1 >x—1>x+1, t.j.1>x,-1>1, t.j

x€(1;00)
te(2;00)

1<1, t.j.

x€(1;00)

X neexistuje

x€(1;00)

t]

lix}
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__ [0S S x+1>06 x> -1 0<x—1<x+1, t.j. 1<x,-1<1, t.j. x€(l;00)
x#-1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x

__[Subst. t=x+1
dt=dx

R, ” /arcsm Pdt—/arcsm th
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_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x € (1;00)

x#—-1 |x+1<0& x<-1: 0>x—-1>x+1, t.j.1>x,—1>1, t.j. x neexistuje Jo 1<x

Subst. t=x+1|x€(1;00 =2 2
= s '= [ arcsin di= [ arcsin dt

dt=dx | t€(2;00)
_2 1 1l(_2 J‘, -2 V2

:{u ezl A=t o W?U ) D2 = s = e = VRV Zﬁ}

V=1

tarcsmﬂ—2 ‘?/ acl
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{Subst. t=x+1

t

{u arcsin V 1—;

dt=dx

u'

vi=1

arcsiny /2 —

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(1;00)
x+1<0& x<—-1: 0>x—-1>x+1, t.j.1>x,—1>1, t. j. x neexistuje

x€(1;00)

71

)} /arcsm,/t 2dt—/arcsm,/ 2dt

S3a-9Hen-a)

\@ tdt Subst z=t—2
2 dz=dt

V2
2(: 2)t2 VZM\/! 2 2t\/t z}
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__ [0S S x+1>06 x>-10 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€
x#-1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
_2 L 1(1=2) 2 (= -2 V2
__ | u=arcsin \/1 2 oD 1(1-2)72 —2t7?) VIVEEVE /72“ e VQMV, 3 /e
V=1 =t
. Subst. =2 te(2;00
=tarcsiny /=2 — i tdt ubst. 2 €(2i09)
t tyv/t dz=dt z€(0;00)

=t arcsin ;2 f/
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__ [0S S x+1>06 x>-10 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€
x#-1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
1 1 3 2 5
__ | u=arcsin \/17; u' oD )‘5(17;) (=1)-(=2t7?) VIVEEVE /72“ e VQMV, 3 /e
V=1 =t
Subst. =2 = (231
=tarcsiny /2 i tdt — [Subst. 2 te( )
72 dz=dt z€(0; 00

—tarcsm1/7t / <Z—t arcsin ;2 ‘[/
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x+1<0& x<—-1: 0>x—-1>x+1, t.j.1>x,—1>1, t. j. x neexistuje tj. 1<x

Xf\l,xn /arcsm,/t 2dt—/arcsm,/ 2dt

Subst. t=x+1
dt=dx

—

:{u arcsin \/1*2 u' e t )‘%(17;) 2.(=1)-(-2t7?) W vﬂt\w 5 27“”%}
V=1 =t

— 3 t=2 i tdt _ [Subst. z=t-2 t&(Z;x)

=tarcsiny/ & /t\/ﬁ_{ o }

:tarcsinq/t;i_,2 {/ftarcs|n ;2 f/ ~3dz

=tarcsiny/ 52— ‘f +c
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x+1<0& x<—-1: 0>x—-1>x+1, t.j.1>x,—1>1, t. j. x neexistuje tj. 1<x

Xf\l,xn /arcsm,/t 2dt—/arcsm,/ 2dt

Subst. t=x+1

—

dt=dx
1 1 4 . :
—|u arcsm\,lfz u \/ﬁ‘i(lfz) (=1)-(—2t72) W =
V=1 =t
=tarcsiny /=2 — i tdt _ [Subst. z=t-2 M(Z;x)
t t/t—2 dz=dt

:tarcsim/t;t2 {/ftarc5|n ;2 ‘[/ —3dz

=tarcsin t;tz i%—&—cz—tarcsm,/ —V2z+0
2
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_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—-1 |x+1<0& x<-1: 0>x—-1>x+1, t.j.1>x,—1>1, t.j. x neexistuje tj. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
1 1 3 2 5
—|u arcsm\,l—; u' \/ﬁ‘i(l’f) (=1)-(=2t7?) W szw 5 = 51
V=1 =t
. Subst. =2 1
= i avreslin =2 i tdt _ [Subst. z x+
t t\/t—2 dz=dt

:tarcsim/t;t2 {/ftarc5|n ;2 ‘[/ —3dz

=tarcsin t;tz i%—&—cz—tarcsm,/ —V2z+0
2

:(x—f—l)arcsin,/’;—:ll—wﬂ (x+1)+c, x€(1;0), cER.
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RiesSené priklady — 176, 177
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RiesSené priklady — 176, 177

— 1 . Vx—=3—v/x=5 dx
Vx=3+vx=5 +/x—3—/x=5

ETBEVTE

_ 1
_/\/XT3—\/XT5 Vx=3+vx—5
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RiesSené priklady — 176, 177

\/Xi \/7 Vx=3—v/x=5
/,/ +‘/ V= dX_/x 3—(x=5) dx

— 1 ﬁ*‘hdx— ﬁ**ﬁdx
Vx=3—Vx=5 Vx—3+Vx—5 (x=5)
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74 75 75 7677 78 79-80

Ji\/idx_x/i
\/7+\/7\/7\/7

:;/(X 3)2dx—7/(x 5)} dx

Y= R P P
TS VT

_5/(x—3) 2dx + 5/(x75)5 dx

)dx—/v *V 2 dx

(x—5
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74 75 75 7677 78 79-80

RiesSené priklady — 176, 177

V=N P N= ¢ ==
/ﬁ+ﬁﬁﬁdx_/ (- 9) dx_/ S

:%/(X_:)')?dX— 5/(X—5)§ dX’:i.(X 33)2 _% (x— 5)2 g

2 2

= R Ry =
TS VT =

_5/()(*3) dX+§/( — )de:§~(X ;’)2 +§ (x— 5)2 B
2

==y
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Vx=3—+/x=5 \/7 \/7\/7
g =y ey

:%/(X_:)')?dX— 5/(X—5)§ dX’:i.(X %3)2 _% (x— 5)2 g
= v T+, x € (5;00), c€R.

3 3

\/7‘5’\/7 dx= \/7+
\/7 Vx—5 /x—3+/x—5 =

:E/(X73)§dX+7/( — )de:§~(X ;’)2 +§ (x— 5)2 .
B

)P
(33) T

=

(X 5)°

+ ¢, x€(5;00), ceER.
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Riesené priklady — 178
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Riesené priklady — 178

x

L Vx—=3—vb5—x dx
\/x—3+\/5 X V/x—3—+/5—
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Riesené priklady — 178

VX3 VO X (y— [ VX v5de
x/7+\/57X\/7\/57x X3(5X
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_ L Vx—=3—vb5—x Vx—3—+/5— X Vvx—3dx [ /5—xdx
[ Vx +\/5 x V/x—3—/5— xdx_/ dx=

X— 3 (5—x) 2x—8 2x—8
_[Subst. u=v/x=3 | u*=x-3]|x u2+3 dx=2udu |x€(3;4), uc(0;1), ve(1;v2)
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beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71

73 73 74 74 75 75 76-77 78 79-80

_ . Vx—3—+v5— xdx_/\/ —\/5= de: Vvx—3dx [ /5—xdx
V/x +\/5 x /x—3—/5—x x—3—(5—x) 2x—8 2x—8

_[Subst. u=vx=3|P=x-3|x=v?+3|dx=2udu |x€(3;4), ue(0;1), ve(l;v2)
Subst. v=+v6—x | v2=5—x | x=5—v?|dx=—2vdv X((4§5,“ u:(l;\/Q;, ve(0;1)

_ 2u’ du 4 2v2dv
[ 2u?+6-8 —2v2+10—8
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_ \/7 mdx:/\/mfde: Vx=3dx _ [+/B—xdx
V/x +\/5 X V/x V5—x x—3—(5—x) 2x—8 2x—8

_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), uc(0;1), ve(1;v2)
Subst. v=+v5—x | v?=5—x | x=5— dx=—2vdv|x€(4;5), Ct(l;\/i;, ve(0;1)

_ 2u’ du 4 2v2dv u du v dv
[ 2u?+6-8 —2v2110-8
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Ji\/ﬁdx_ \/ﬁ\/ﬁdx_ Vx=3dx _ [+/B—xdx
\/7+\/57X\/7\/57x x—3—(5—x)

2x—8 2x—8
| Subst. u=+v/x-3 P =x—3|x=v?+3|dx=2udu
v2=5—x

Subst. v=+/5—x x=5—v?|dx=—2vdv

x€(3;4), ue(0;1), ve( 1:/2)
X((4§5,“ ue(1;v2), ve(0;1)

_ 2u® du 2v2 dv u”du vidv_ [P —1+41 [ vP—141
_/2u2+6—8+/ 2v2+10—-8 / o= /v2—1— -1 du o dv
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_ Ji\/ﬁdx_ \/ﬁ\/ﬁdx_ Vx=3dx _ [+/B—xdx
\/7+\/57X\/7\/57x x—3—(5—x)

2x—8 2x—8
| Subst. u=+v/x-3 P =x—3|x=v?+3|dx=2udu
v2=5—x

Subst. v=+/5—x x=5—v?|dx=—2vdv

x€(3;4), ue(0;1), ve( 1:/2)
X((4§5,“ ue(1;v2), ve(0;1)

_ 2u”du 2v2dv [ vPdu vidv_ [P —1+41 [ vP—141
/2u2+6 8+/ 2v2110-8 / /v2—1— -1 du o dv
/dU-I—/ du /dV dv
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_ Ji\/ﬁdx_/\/ﬁ mdx: Vx=3dx _ [+/B—xdx
V/x +\/5 x V5—x x—3—(5—x) 2x—8 2x—8

_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), uc(0;1), ve(1;v2)
Subst. v=+v5—x | v?=5—x | x=5— dx=—2vdv|x€(4;5), ue 1\/2, ve(0;1)

2 2
T SN S Y i S
/du—l—/d“ /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c
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\/7 mdx: \/xfsﬂ/ﬁdx_ Vx=3dx _ [+/B—xdx
Vx +\/5 x \/x—3—1/5—x x—3—(5—x)

2x—8 2x—8
7{Subst u=vx—3|P=x-3|x u2+3 dx=2udu

XE

v2=5—x

Subst. v=+/5—x x=5— dx=—2vdv

(3;4), ue(0;1), ve 1;/2)
x€(4,5), ue(1;v2), veOl)

2 2 2
=/232“+218+/_23:+‘15 -~ / - [ / P du- [V v
/du—l—/ dul /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c

=X +1|n}\/7+1’—\/5 X — = In‘%‘—&-c
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_ \/7 mdx:/\/mfde: Vx=3dx _ [+/B—xdx
V/x +\/5 X V/x V5—x x—3—(5—x) 2x—8 2x—8

2 2
T SN S Y i S
/du—l—/d“ /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c

=Vx=3+ 3In[VEEE  — VBox = din |2+ e

_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), uc(0;1), ve(1;v2)
Subst. v=+v6—x | v2=5—x | x dx=—2vdv|x€(4;5), ue 1\/2, ve(0;1)

fo371‘7 VE—x—1 Vx=3-1 +/x=3-1| | |VE=x—1 E—x-1 ‘x—3—zv’x—3+1 o ‘b—x—z\/b—xﬂ

_|:‘n Vx—3+1 In V5—x+1 In Vx=3+1 /x-3-1 In V5—x+1 /5—x—-1 In x—3-1 In 5—x—1 ‘
[ x—2-2Vx=3 6—x—2V/B—x+1 | _ | |x—2-2\/x=3 4—x | x—2=2V/x=3
=In | =222 In a—x =In |*=222 57x72v57x‘*‘" 6-x—2/5 x
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_ 1 x—3—/5—x x—3—/5—x V/x—3dx VB—x dx
T | Vx3+v6-—x Vx—3—5-—x dx:/ x—3—(5—x) dx= [ 5= —

2 2
:/232u+218+/_23;+<15 = /u du /v dv /u —1+1 du / 1+1 dv
/du—l—/ du /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c

_\/7+1In}\/7+1’— X—fln‘\/ﬁf1

2x—8
_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), uc(0;1), ve(1;v2)
Subst. v=+v6—x | v2=5—x | x dx=—2vdv|x€(45), ue(l; V2), ve(0; 1)

vbh—x+1 ‘
fo371‘7 VE—x—1 Vx=3-1 +/x=3-1| | |VE=x—1 E—x-1 ‘x—3—zv’x—3+1 o ‘b—x—z\/b—xﬂ
_|:‘n Vx—3+1 In V5—x+1 In Vx=3+1 /x-3-1 In V5—x+1 /5—x—-1 In x—3-1 In 5—x—1 ‘
[ x—2-2Vx=3 6—x—2V/B—x+1 | _ | |x—2-2\/x=3 4—x o | x—2—2V/x=3
=In |22y In 7— |=In | =222 vaVE‘*‘" 6—x—2/5—x

=Vx=3—VB—x+3In|Z=22V8 | ¢, x€(3:4) U (4:5), cER.
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Riesené priklady — 179, 180

' X dx = Vx dx
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. 1+\/1—X2.1+ 1—x2 dx
T 1oy/1-x2 144/1-x2

VX dx

) v/ 1—x+/x

__ [ Subst t=4/x
x=t?, dx=2tdt

x€(0;1)
te(0;1)

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 3 73 74 74 75 75 T76-77 78

14+4/1—x2 1+ = ><2 1+2\/ —x241—x?
1-/1-x2 14+/1— ><2 —(1-x%)

dx

VX dx
v/ 1—x+/x
__[Subst. t=yix|xe(0;1)]_ [ 22dt
x=t?, dx=2tdt |t€(0;1) \/1—t3
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Riesené priklady — 179, 180

I+4/1=x% 144/1— ><2 1+2\/ —x241—x2 2—x2+2\/1—><2d
1-4/1-x2 14++/1— ><2 —(1—x%) eh= x? X

VX dx
v/ 1—x+/x
__ [ Subst t=/x|x€(0; N— 2t2dt Subst. u=1—#3|t€(0;1)
x=t?, dx=2tdt |tc(0;1) \/1—13 du=-3tdt | ue(0;1)
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I+4/1=x% 144/1— < 4 1424/1—x24+1—x> A 2—x*424/1—x2 dx
1—/1—x2 1+4/1— ><2 1-(1-x%) _ x2

_ / *2dx7/dx+2/vl —xdx

__ [ Subst t=/x|x€(0; 1) 2t2dt Subst. u=1-¢|te(0;1)]_ _ [2du__ 2 U_%du
x=t?, dx=2tdt|t€(0;1) A/1—13 { du=-3t?dt L/C(O;l)l_ 3Vu 3
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I+4/1=x% 144/1— < 4 1+2\/ —x241—x2 A 2—x*424/1—x2 dx
1-/1-x2 14+/1— ><2 —(1-x%) x2

— Vv 1—x2d =V1i-x?

:/ 2dx—/dx+2/ S dx { v

v X" Clv=-"3 —

1

W= 3(1-x)H(-2x) = f]

x 1
X

X2

:{Subst t=1/x|x€(0;1) 2t2dt Subst. u=1—1t3|t€(0;1) . f2du_ 2 U_%du
x=t2, dx=2tdt |t€(0;1) } i { du=—3t2d¢ L/C(O;l)l_ 3Vu 3
1
2 2
:_§'UT+C
2
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I+4/1=x% 144/1— < 4 1424/1—x24+1—x> A 2—x*424/1—x2 dx
1—/1—x2 1+4/1— ><2 1-(1-x%) _ x2

fg / 72dX*/dX+2/\/ﬁdX {u/: \fmz ; ‘ 1

v X T X

W= 3(1-x)H(-2x) = f]

=2 x—|—2[ — \/ﬁ]

:{Subst t=1/x|x€(0;1) 2t2dt Subst. u=1—1t3|t€(0;1) . f2du_ 2 U_%du
x=1t?, dx=2tdt C/Ol} A/1—13 { du=—-3t?dt L/C(O;l)l_ 3Vu 3
2 4/u
S N N
2
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14+4/1—x2 144/1— ><2 14+24/1—x24+1— x2

1—w1ﬁ1+¢f§ 1-(1-x%)
/ 72dX7/dX+2/\/1 x2 dx {U,:\fmz

v X

dx :|:_g

/
u'=

v

2—x2424/1—x2
xi/ = dx

3(1=x%)"
1

1 x

( &)= V1 x7:|

24/1—x2 .
—x——jfi—2m$mx+a

e(—LO)U(Oﬂ),ceRJ

__[Subst. t=yx|xe(0;1)]_ [ 2t2dt _ [Subst u=1
x=t?, dx=2tdt |tc(0;1) \/1—13 du=-3t2dt

1
e e WIE

2lte©1)]_ _ f2du_ 2 [,—3%
L/C(O;l)}_ /3\/u 3/“ du
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1— X2 1—x2
dx—
2 14++/1— ><2
/ /dx+2/ ufx/l 1-x2 u’:%(‘l—xz)*f(—Qx):TXx?]
e =xTt|v="p =
24/1—x2 2
—X—— X _2arcsin x+c,

€(—1;0) U (0;1), ceR.)

24/1—x2 .
Ve 2 arcsin x+c

/1+2\/1 x2+1—x? dX_/2_X2+2V1_X2 dx
— =

1—1—x2)

7

__[Subst.  t=yx|x€(0;1) 2t% dt Subst. u=1—13 | te(0; 1) 2 u_%du
L(:tQ, dx=2tdt | te(0;1 } /113 { du=—3t2dt | ue(0; 1} 3
1
2 u3 4 44/1—1t3 44/ 1—x+/x
= §'UT+ — ‘[—l—c:— L = - f—|—c,x (0;1), ceR
2
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Riesené priklady — 181

Vx=Vt2=t*
X V2 =3

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

c(0oo) | [12e7 dt
tF(O,x) th+t3
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Riesené priklady — 181

Vx=Vt2=t*
X V2 =3

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

€(0;00) | [ 126t de 2 dt
t?(O,'x,) }*/ R *12/m
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__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xe(0;00) | [12t de_ 2 dt
= [5—5=12 | =5
te(0; 00) th+t3 t+1

:12/t8+(t7—t7)—(t6—t6)+(t5—t5)—(t“—t4)+(t3—t3)—(t2—t2)+(t—t)—(1—1) dt

ol
Ix=v/t2=13

t+1
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Riesené priklady — 181

Subst. x=112, t= ¥/x | /x=VtR=t*|xe(0;00) |__ [ 12t dt__ 12 5 dt
dx=12t"1dt | ¢/x=Vt12=1t3 | t€(0; ) th+t3 t+1

g [ ) () (B ) () () (=)= (11
—12 / — Lde

_ 12/(t8+t7)—(t7+t6)+(t6+t5)—(t5+t4)+(t4+t3)—(t3+t2)+(t2+t)—(t+1)+1 dt
t+1
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Ix=v/t2=t

Subst. x=t12, t= ¥/x
dx=12t1dt

Ix \t” £3| t€(0; 00) th+t3 t+1

xF(O,X)}: 12t dt_ 12/@

V= (£ —tO)+ (2 — %) — (t* —tY) (3 —t3) — (> —t}) + (t—t) — (1—1

(B4t = (" +0) (2 + %) = (P +tH+ (¢ + ) = (B + ) +(P+t) = (t+1)+1
12/ O (O (11 g

12/ e R S A t2+t—1+t+—1}dt
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Subst. x=112, t= ¥/x | /x=v/t2=1¢*

dx=12t1dt

xF(O,X)}_ 12t de_ 12/@

te(Oio0) | | tHHER T t+1

—

ppan—.
Vx=vtR2=t

- (7 =)= (8 —tO) (2 — %) — (¢* —tY) (3 —t3) — (> — D)+ (t—t) — (1—1
—12 — Lde

t+1

—

t7—t6+t5—t4+t3—t2+t—1+i}dt
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[

=12[8 L+ L L4 8 B4 piin|e+l]] +e
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x=Vt2=t*

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xF(O,X)}: 12t de_ 12/@

te(0; 00) th+t3 t+1

ppan—.
Vx=vtR2=t

t8+(t7—t7)—(t6—t6)+(t5—t5)—(t4—t4)+(t3—t3)—(t2‘—t2)+(t—t)—(l—l) d
t+1

|
L L

12 t

(B4t = (" +0) (2 + %) = (P +tH+ (¢ + ) = (B + ) +(P+t) = (t+1)+1 dt
t+1

[ﬂ—t6+t5—t4+t3—t2+t—1+t+%}dt
. N e sl
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Subst. x=1t%2, t= ¥/x xe(000) [ f12eMde_ g0 [£dt
dx=12t"dt t€(0; 00) t4+t3 t+1

B (7 —t7) = (P —tO) (2 —t2) — (¢* =t + (3 —t3) — (> —t?)+(t—t) — (1—1) d
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.. N e B e e e e ti—1 (tc—1)(t°+1)
_ Rozklad na parciélne z\omkzy od = T =t—1+ o i t—1 W
Cpqg EDEDEY g () g St g 11 11
=il 4t ey =il 4t o t—1 = t—1+3—S+5—=

)

6/(1'—1—1—%—712 713—t%)dt:6/(t—l—|—%—t_2+t_3—t_4)dt

—6(5 —t+n|t| -S4+ 5 +5) +c
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_ [Subst. t=x|v/x=vVo=£ |xe(0ioo)]__ (t6—1)6t5dt_6 (t°—1)dt
= = 31i4)6 T 45
x=1t5 dx=6t5dt | Vx2= V2 =t* |t e (0; 00) (+t%)t t-¢
6 6,.,5_,5_ .4 4 4 2 2
.. N e B e e e e ti—1 (tc—1)(t°+1)
_ Rozklad na parciélne z\omkzy od = T =t—1+ o i t—1 W
Cpqg EDEDEY g () g St g 11 11
=il 4t ey =il 4t o t—1 = t—1+3—S+5—=

6/(t—1+%—712+713—t%)dt:6/(t—1+%—t—2+t—3—t—4)dt
—6(5 —t+n|t| -S4+ 5 +5) +c
=3t2—6t+6Int++8-124 181 ¢
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Vx=Vito=1
V2= V2=t

_ |:Subst. t=Yx

x=t5 dx=6t>dt

x€(0;00)]__ (t6—1)6t5dt_6 (t°—1)dt
tﬂ&x)_> (B+tH)te — tAt>

6_ 6,,5_5_.4, 4 _1)(¢2
__ | Rozklad na parcisine z\omkzy' 5= = f“[}ijﬁ’l =t—1+ :5#11 14 & t4:2$1)“)
_ (E=1)(e+1)(£241) _ (E=1)(241) _ B5—24e—1 _ 11,1 1
14 S e p ) — o Bl b b
:6/(t—1+%— +———)dt—6/(t—1+%—t‘2—|—t_3—t_4)dt
t t—! t—2 t—3
6(7 t+|n|t|—j+j2+f3)+C
=32—6t+6Int++8 -2+ 84 c=326t+Intd+8 121 B34
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Vx=V1tb =13
V2= V2=t

x=t5 dx=6t>dt

_ |:Subst. t=Yx

x€(0;00)]__ (t6—1)6t5dt_6 (t°—1)dt
¢ € (0 00) - (B+tH)te — tAt>

6 6,,5_,5_,4, 4 5
Rozklad na parcidlne zlomky: =l — £+ —t+ef—1 . o -1 4 (T -1)(E74])
= parciaine = mzy o+t tgﬂ“ Bl u 4 (t+1)
—1)(t+1)(¢%+1) (t=1)(£2+1) B—24e—1 11,1 1
—t—14 & =t—1 —t—1+ =t—-14+1_-1 41 1
T t4(t+1) ¢ o t4 ¢ t4 B=8sF g ro R e

6/(t—1+%—712+713—t%)dt:6/(t—1+%—t—2+t—3—t—4)dt
—6(5 —t+n|t| -S4+ 5 +5) +c
=3t2—6t+6Int++2—124 8 c=312 6t+Int0+8- 124184

t
= 3Vx2—6¥/x+In Vx*+ 9= — 35+ g +c
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RiesSené priklady — 186

_ [Subst. t=x|v/x=vVo=£ |xe(0ioo)]__ (t6—1)6t5dt_6 (t°—1)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) () tirts
6_ 6,,5_5_.4, 4 _1)(¢2
_ Rozklad na parcidlne z\omkzy' ;57;1 = mfsfritg*‘l —t—1+ :5+t411 —t—1+ (t t4:25:1)+1)
—1)(t41) (241 1)(£2+1 3.2,
*f*1+%*t—l+(‘ )z(l )*t—lAt rz4}r 1*t—1+%—%2+%37%4
_g(t e e
—6(7—t+|n|t|—j+j2+f3)+C
=3t2—6t+6Int++2 -1+ 184 =312 6t+Int0+ -+ B¢

= 3V X2 —63/x+In VxS + - — gL+ 5%

=3y/x — 6f+|nx+f—7+f+c x€(0; ), ceR.
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Riesené priklady — 187, 188
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Riesené priklady — 187, 188

__ | Subst.  t=v/x—2|x€(2;00)
x=1t242, dx=2dt | t€(0; o0)

_ {Subst. t=+1-x x(i(fx:l)f{fl}}

x=1-t? dx=—2dt|te(0;00)—{V2}

beerb@frcatel.fri.uniza. frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb
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__ | Subst t=1/x—2
x=t2+2, dx=2dt

X €(2;00) — 2tdt
t€(0; 00) (t2+1)t

__ | Subst. t=+1—x|x€(—o00;1)—{-1} _ —2¢tdt
x=1-12, dx=-2dt | te(0;00)—{V2} (2—t?)t
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Riesené priklady — 187, 188

__ | Subst t=1/x—2
x=t2+2, dx=2dt

x€(200) | __ 2tdt 2dt
te(000) | [ (241t [ 241

_ Subst. t=+1—x|x€(—o00;1)—{-1} — —2tdt =3 dt
x=1-12, dx=-2dt | te(0;00)— {v2} (2—-t2)t t2=2
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Riesené priklady — 187, 188

| Subst. t=y/x—2
x=t242, dx=2dt

x€(200) | 2tdt
tif(O;oc)}_ /(f2+1)t_ /t2+1_ 23rctgt-|—c

x=1-1t2, dx=—2dt

_ {Subst. t=vI=x

xe(coui)—(-1}]_ [ —2edt _ o [ dt _
e(0:00)- ¥} %/(2—32)3—2/#52 s In|=2| +c
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Riesené priklady — 187, 188

/Mixxm:Zarctg\x 2+ c

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

= 2arctgvVx—2+ ¢, x€(2; ), ceR.

__ | Subst t=1/x—2
x=t2+2, dx=2dt

__ | Subst. t=+1—x|x€(—o00;1)—{-1} —2tdt __ dt

= {X 1-t?, dx=—2dt|te (0 o0)—{v2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
_ 1 VI—x—V2

B In | \/E+ﬁ| +c
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Riesené priklady — 187, 188

g R
/Mixxm:Zarctg\x 2

1T C

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

=2arctgvVx—2+c, x€(2;00), ceR

_ | Subst.  t=+/x-2
x=t2+2, dx=2dt

_ {Subst. t=v1-—x

x€(—00;1)—{-1} —2tdt __ dt

x=1-12, dx=-2dt|te (0 o0)—{v2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
1 g, | VI=x=V2 1
= In|\/ﬁ+ﬁ|+c_ In |

VIZx=vE VIR=VE| ¢
VI—x+V2 1—x—+/2
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Riesené priklady — 187, 188

g R
/Mixxm:Zarctg\x 2

1T C

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

=2arctgvVx—2+c, x€(2;00), ceR

_ | Subst.  t=+/x-2
x=t2+2, dx=2dt

_ {Subst. t=v1-—x

x€(—00;1)—{-1} —2tdt __ dt
x=1-12, dx=-2dt|te (0 o0)—{v2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
1 VI—x—/2 1 VI—x=V2 I=x—V2
= Ja Vel o= G lvEa v el e
_ 1 In | 1—x—v2-/T—x+42
V2

1—x—2 { +c
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Riesené priklady — 187, 188

g R
/Mixxm:Zarctg\x 2

1T C

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

=2arctgvVx—2+c, x€(2;00), ceR

_ | Subst.  t=+/x-2
x=t2+2, dx=2dt

_ {Subst. t=v1-—x

x€(—00;1)—{-1} —2tdt __ dt
x=1-t?, dx=-2dt|te (0 o0)—{v2} } /(271:2)1:_ 2/t272 |n ’ t+\[} T+ €
_ 1 Vi—x—/2 1 VI—x—V2 JI—x—V2
_ﬁln|m|+c_7ln|mﬂ['m f’JrC
_ 1 In | 1—x—v2-/T—x+42
V2

1—x—2

|+ e= J5n |22 e
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Riesené priklady — 187, 188

83 84-85 86 87-88 89-90

d R
/ﬁ ZZarctg\X 2 4

__ | Subst. t=vx—2|x€(2;00)|__ 2tdt _
_{ t%(o;x)}_/g(fz%»l)t_ /t2+1 2arctgt + ¢

x=t2+2, dx=2dt
= 2arctgvVx—2+ ¢, x€(2; ), ceR.

__ | Subst. t=+1—x|x€(—o00;1)—{-1} —2tdt __ dt

= {X 1-t?, dx=—2dt|te (0 o0)—{v2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
_ 1 Vi—x—2 VI—x=V2 I=x—V2

= v [Visavs | T e= s Vel e

:%In|l_x_1\/_§x#{+c:%ln’3 X—_\X/ 11 X) }+

= % In|3—x—+/2(1—x)| — % In|x+1|+ ¢, x€(—o00;1)—

{-1}, ceR.
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RiesSené priklady — 189, 190
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RiesSené priklady — 189, 190

__ | Subst.  t=+/x—2|x€(2;00)
x=1t242, dx=2dt | t€(0; o0)

_ {Subst. t=+1—x Xt(*%;l)*{*l}}

x=1-2, dx=—2dt | te(0;00)— {2}
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__ | Subst t=1/x—2
x=t2+2, dx=2dt

x€(2;00) | _ 2
tﬁ(o;xﬂ—/(t +1)t-2tdt

x=1-t2, dx=-2dt

_ {Subst. t=v1-x

xe(—o01)—{-1}] _ [ =2£%dt
te(0;00)—{v2} 2—t2
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RiesSené priklady — 189, 190

__ | Subst t=1/x—2
x=t2+2, dx=2dt

t((jz;}Z /(f2+1)t-2tdt: /(27?4 +2t2)dt

X
x+1

__ | Subst. t=v1-x
x=1-t2, dx=-2dt

xe(-oo)—{-1}| _ [=2t2de_ o [ t2dt
te(0;00)—{v2} 2—t2 t2-2
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RiesSené priklady — 189, 190

__ | Subst t=1/x—2
x=t2+2, dx=2dt

t((jz;}Z /(f2+1)t-2tdt: /(27?4 +2t2)dt

5 3
e T

X
x+1

__ | Subst. t=v1-x
x=1-t2, dx=-2dt

xe(—o0;1)—{-1}| _ [ —2%dt__ t?dt t2—242dt
2 2| ==
te(@oo)—{v2} | 2—t2 2—2" t2—2
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Subst.  t=+/x—2
x=t2+2, dx=2dt

t((jz;}Z /(f2+1)t-2tdt: /(27?4 +2t2)dt

—2f g2y ol WO 2V e (9:00), ceR.

/x+71 dx

__ | Subst. t=v1-x
x=1-t2, dx=-2dt

_ d
f2/dt+4/t2j2

xe(—o0;1)—{-1}| _ [ —2%dt__ t?dt t2—242dt
2 2| ==
te(@oo)—{v2} | 2—t2 2—2" t2—2
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Subst.  t=+/x—2
x=t2+2, dx=2dt

t((jz;}Z /(f2+1)t-2tdt: /(27?4 +2t2)dt

X— x—2)3
:25i+27t3+c: 2‘/(5 2)5+2\/(3 g + ¢, x€(2;0), ceR.

__ | Subst. t=v1-x
x=1-t2, dx=-2dt

oo

xe(-oo)-{-1}| _ [=2t?dt_ o
te(0;00)—{v2} 2—t2

t?dt 2 t?—242dt
t2—2" t2—2

—2t+f|n|

t+\[|+c
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RiesSené priklady — 189, 190

__ | Subst t=1/x—2
x=t2+2, dx=2dt

t((jz;}Z /(f2+1)t-2tdt: /(27?4 +2t2)dt

X— x—2)3
:25i+27t3+c: 2‘/(5 2)5+2\/(3 g + ¢, x€(2;0), ceR.

Subst. t=vI—x
x=1-t2, dx=-2dt

x€(—o0i1)—{-1} | _ —2t2dt_2
te (OX -{v2y | 2—t2

2dt 2_242d
S 2 S
= /dt+4/t2 2_2t+ |n|t+\[|+c

=2y1—x+2In |F7Vti:ﬂ\/g{ + ¢, x€(—o0;1)—{-1}, ceR.
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Riesené priklady — 191
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Riesené priklady — 191

| B (x+v/x2—1) " dx B (x+v/x2—1) " dx
- [ e
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Riesené priklady — 191

x+4/x2—1) dx
( )’

-/ (1) (e my—/ (G- G )
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Riesené priklady — 191

= /(2x2 —142xv/x%2— l)dx
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N~—
o
X

/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1
= ——

1

= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx
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Riesené priklady — 191

N~—
o
X

/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1
= ——

1

= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx

_ [Subst. t=x>—1
dt=2xdx

x€(—o0; 1), te(0; x)}

x€(1;00), te(0;0)
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Riesené priklady — 191

N~—
o
X

/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1
= ——

1
= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx

_ [Subst,t x2—1|x€(—o0;—1), te(0; x)}: ZTXB —x + /\/Edt

dt=2xdx | xe(1;00), te(0; 00)
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N~—
o
X

/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1
= ——

1
= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx
_ [Subst,t x2—1|x€(—o0;—1), te(0; X)}: ZTXB —x + /\/Edt

dt=2xdx | xe(1;00), te(0; 00)

:%—X—F/t%dt
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Riesené priklady — 191

N~—
o
X

/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1
= ——

1
= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx

_ [Subst,t x2—1|x€(—o0;—1), te(0; x)}: ZTXB —x + /\/Edt

dt=2xdx | xe(1;00), te(0; 00)
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:%—x+/t%dt:¥—x+
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Riesené priklady — 191

/ (X+\/);271)2dx 2:/ (x+ xzfl)zdx .
(xf\/)ﬁ) -(x+ xzfl) [(Xf\/ﬁ)-(er X2,1)]
/(X+\/X2—l)2dx/‘(X2+2X\/X2—1+X2—1 dx

[xzf(xzfl)]2 N 1

= /(2x2—1—|—2xx/x2—1)dx: 2/x2 dx—/dx—i—/2xvx2 — 1dx
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3 3 3 3
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Riesené priklady — 191

Bl
3

:/ (x+v/x2—1) " dx :/ (x+v/x2—1) " dx
(x=v/x2=1) " (x+y/x2-1)" [(x=v/x2=1)-(x+v/x—1) ]
/(x+\/>a)2dx_ /’(x2+2X\/)ﬁ+x2—1 dx
[x-(e-1)]

1

= /(2x2—1—|—2xx/x2—1)dx: 2/x2dx—/dx—|—/2xx/x2 —1dx
Xe(fx;flfy‘te\{o;x)}: ZTXB —X+/\/Edt

_ [Subst. t=x>~1
x€(1;00), te(0;0)

dt=2xdx

3
:%—x—k/t%dt:¥_X+%+C:%_X+2\§F+C

2
:%‘X‘*’w‘f‘cvxe(—oo;—UU(l;oo),CER.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 91 92-93 94-95 96-97 98 99 200 200

Riesené priklady — 192, 193
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Riesené priklady — 192, 193

_1 x*-2x dx
2 Vx241

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 91 92-93 94-95 96-97 98 99 200 200

Riesené priklady — 192, 193

x€(0;00), te(l;00)

_ 1 [ x*-2xdx__[Subst. t=x?+1
x€(—00;0), te(l;00)

T2 Vx4l dt=2xdx

v

_1 x33x? dx:[Subst t=x3+1
3 x3+1 dt=3x2dx
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2 x2y1 dt=2xdx

_ 1 [x*2x dX_{Subst t=x%+1

x€(0;00), te(l;00)

x€(—00;0), te(l;00

1 [ (e=1)°dt
J— 2 Vit

_ 1 [ x33x%dx__[Subst. t=x3+1
3 x3+1 dt=3x2dx
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Riesené priklady — 192, 193

T2 Vx4l dt=2xdx

_ 1 [x*2x dX_{Subst t=x%+1

x€(0;00), te(lioo) 1_1 f(t=1)2dt 1 [2—2t41 dt
xe( X,‘O),t!f{l,x,)} 2 Vvt o 2 2

x€(-1io0)]_ 1 [(t=1)dt_ [t—1
x €(0; c0) }7 3/ N3 /3t% dt

_1 x33x? dx:[Subst t=x3+1
3 x3+1 dt=3x2dx
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Riesené priklady — 192, 193

_1 x* 2xdx {Subst t=x2+1

x€(0;00), te(lioo) 1_1 [(t=1)2dt_ 1 t2_2t+1dt
Vv x2+ dt=2xdx | x€(—00;0), t€(1;00) 2 \/E 2 1

t2
t% 1 =3
= {77“ +T}dt

_1 x33x2 dx:[Subst t=x3+1
3 x3+1 dt=3x%dx

(t—1)dt 1 t% t_%
dt= ———}dt
xe(0;00 / /3t2 33
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Riesené priklady — 192, 193

x€(0;00), te(lioo) 1_1 [(t=1)2dt_ 1 t2_2t+1dt
x€(=00;0), te(lioo)| 2 Vvt o 2 2

t% t
T3t

_1 x* 2xdx {Subst t=x2+1

Vx2+ dt=2xdx

:/[%—t% }dt

m\m‘ GeiEn
m\»—A Geg=

(t—1)dt 1d t% t %:|
t= =L |dt
x€(0; 00 / /3t2 3 3

_ 1 [x33x% dx:[Subst t=x3+1
3 Vx3+1 dt=3x2dx
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Riesené priklady — 192, 193

_ 1 x* 2xdx {Subst t=x>+1|x€(0;00), t€(L;00)

1
Vx24 dt=2xdx t!f{l,x,)}_2 Vit
3 5 3 1
:/[%7& }dt —17%+i+<.:%72‘§73+ﬁ+c
2 2

x€(—o0;0),

1 1
_1[x .3x% dx__[Subst. t=x3+1 (t—1)dt 1 g_ t—2
3/ Vx3+1 7[ dt=3x2dx x€(0; 00 / /3t2 dt_ 3 3 :|dt
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Riesené priklady — 192, 193

1 x* 2xdx Subst. t=x2+1|x€(0;00), te(lio0) T 1 f(t=1)°dt_ 1 t_2t+1dt
Vx2+ { dt=2xdx | x€( X,‘O),t!f{l,x,)}_2 Vit 2 t3
3 5 3 1
:ﬂ t+—}dt —25—%+2f—21+<.:%72‘§73+ﬁ+c
2 3 ‘2
211)5 2 211)3
= YOIH?  2V0EH) | L30T L, xeR, ceR.
w

1 1
(t—1)dt 14 7 t_§:|
= —E 2 dlk
S / /3t2 3

_1 x33x2 dx:[Subst t=x3+1
3 X341 dt=3x2dx

3 1 311)3
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x€(—1;,0), ceR.
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Riesené priklady — 194, 195
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Riesené priklady — 194, 195

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 91 92-93 94-95 96-97 98 99 200 200

Riesené priklady — 194, 195

x€(1;00), te(0;0)
x € (—o0; —1), t€(0; 00)

_ 1 [ x*-2xdx__ [Subst. t=x*>~1
2 x2—1 dt=2xdx

it

_1 x%3x? dx__[Subst. t=x*~1
3 3—1 dt=3x2dx
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Riesené priklady — 194, 195

1 X4'2XdX_{Subst t=x?-1

:2 «/X2_1_ dt=2xdx

xe(1;00), te(0;00) }:1 (t+1)*de
x € (—o0; —1), t€(0; 00) 2 \/E

_ 1 [ x33x2dx_ [Subst. t=x3—1|xe(L;00)]_ 1 [(t+1)dt
3 Xs_li[ dt=3x%dx x%(O,x)}i:s NG
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Riesené priklady — 194, 195

1 X4'2XdX_{Subst t=x?-1

:2 «/X2_1_ dt=2xdx

x€(L;00), te(0;00) }:1 (t+1)%dt_ 1 [ P42t dt
x € (—o0; —1), t€(0; 00) 2 \/E 2 t%

xe(lioo) ] 1 [(t£1)dt [e+1
xe<o,x>}*3/ Vi /3t% dt
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3 A—il dt=3x2dx
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_ 1 | x*-2xdx__[Subst. t=x>—1|x€(1;00), te(0;0) _ (t+1)2dt 1 [ 242t+1 dt
2 X2—1_{ dt=2xdx | x €(—o0; 1),t((0,'x;)} 2 Vit 2 t%
S| 1
. t2 1 t—2
—/[7 +t2 4+ = ]dt

1 x%3x% dx
3 x3—1
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Subst. t=x>—1x
dt=3x2dx

1
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Riesené priklady — 194, 195

2 2
(t+1)"dt__ l/t +2f+1 dt

_1 x*2x dx__ [Subst. t=x2—1|x€(1;0), t€(0;00) _
2 X2—1_{ dt=2xdx | xe(—o0; —1), t((O,'x;)} 2 \/ 2 t2
t3 ! 3 t2 t3 t3
= —+tf+—]dt:—+—+—+c
{ 2 2 2:3 3 21
v

_1
2

t

1
xe( (t+1 )dt +1d t2 +
00 3t 3 3

x€(

]dt

Subst. t=x3—1

_1 x%3x2 dx:[
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Riesené priklady — 194, 195

x€(1;00), t€(0;00) }_ (t+1)°de_ 1 [£242t41 g4
x(( o0; —1), t€(0; 00) 2 \/ 2 t%

1
e B R
2

Subst. t=x2—1
dt=2xdx

X '2de:{
x2—1

I
Q
3
R
NIw

_1
2
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1
/(t+1 )dt /3:_21(“__ ?2+ . }dt

XE
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Riesené priklady — 194, 195

x€(lico), te(0io0) |1 (t+1)2dt:l t242t+1 dt
2 T 2| 3

1 [ x*2xdx__ [Subst. t=x>—1
-2 «/X2_1_{ dt=2xdx | x€(—o00; —1), t€(0; 00)
1 ] S| 1
2 2 2 2 5 3
N N N Y
2 2

U (1;00), c€R.

3 PR
:/ %+t2 +%]dt—7g
BT ST T (o

1 _1
t~ 2

1 [ x23x%dx__[Subst. t=x3—1]x (t+1) dt t+1 2

73/ XS_]_*[ dt=3x%dx | x€ / /3t2 dt= + 3
v (x3—1)3 24/x3—1

] +——=—+c¢
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RiesSené priklady — 196, 197
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RiesSené priklady — 196, 197

x€(0;1), te(0;1)

1 [ x*-2xdx__[Subst. t=1—x2
x€(-1;0), te(0;1)

2 dt=—2xdx

I e=—n

_1 x3‘3x2dx:[5ubst t=1-x3
3 /1—x3 dt=—3x2dx
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RiesSené priklady — 196, 197

1 X4'2XdX_{Subst t=1—x2

_ 2 xe(1), te(0;1) 1_ 1 [ (1=t)*dt
21 /1_x2 dt=—2xdx | x&( 1,0;1((0,1;7]_ 2 Vit

xe(—o0;1)]_ __ [(A—t)dt
NN
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3 /1—x3 dt=—3x2dx
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1 X4'2XdX_{Subst t=1—x2

_ - xe(O:1), te(01) 1__ 1 f@=t)’dt_ 1 [1-2t4¢? dt
2/ 12 dt=—2xdx |xe(=1;0), te(0; 1) 2 Vit 2 r)
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x*2x dx__[Subst. t=1—x2

:5/ /1_X2_{ dt=—2xdx

_ t=3 4 ¢3
== {T —t2 + T}dt

xe(@1), te(@:1) 11 [@=t)?dt_ 1 [1-2¢4¢2 dt
x€( l,O,\tC(O,l,\y]_ 2 N t%

1 1
x€(—o00; 1) (1—t)dt t—1 t2  t 3
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2 /1—x2 dt=—2xdx |xe(~1;0), te(0;1)

1
t2 t2
*ﬂz iy glae-fr g - 5

xe(

1 1
—o0; 1) (1—t)dt t—1 t2  t 3
/ /3t% dt= {? 3 }dt
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RiesSené priklady — 196, 197

2| xe(0;1), t€(0;1) ]:_l L L
2 Vit

_ 1 [ x*-2xdx__ [Subst. t=1—x
2 /1—x2 dt=—2xdx |xe(~1;0), te(0;1)

1
t2 t2
*ﬂz iy glae-fr g - 5

xe(

1 1
—o0; 1) (1—t)dt t—1 t2  t 3
/ /3t% dt= {? 3 }dt

x €(0; 00)
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1 x*2xdx_ [Subst. t=1-x?[x€(0;1), te(0;1) 1_ _ 1 f(@=t)’dt_ 1 [1-2¢4¢? dt
A/1—x2 { dt=—2xdx | x€( 103tc(o,1>] 2 Vt 2 t%
1 3 5
2 2 2 3 5
i~ NSl 1 B A A

A==y 2\/(1 x2
- 5

—V1-x2+4¢, xe(-1;1), ceR.

_ 1 [ x33x%dx__[Subst. t=1—x3
3 1—x3 dt=—3x2dx

1
3 /13 24/( 1 x3)3 2\/17x3
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1 1
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Riesené priklady — 198
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Subst. x=sin t

dx=cos tdt

t=arccosx, sint>0
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Subst. x=cos t
dx=—sin tdt
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__ | Subst. x=sint [xe(—1;0), te(—Z;0) | t=arcsinx, cost>0 __ | cost-costdt
= 2 - in2
dx=cos tdt |xe(0;1), V1-x2=1/1-sin? t=/cos? t = |cos t| = cos t S
| Subst. x=cost|xe(—1;0), te(F;m) | t=arccosx, sint>0 ____ [sint-sintdt
= — 2
dx=—sintdt|x€(0;1), t€(0;F) | vVI-x2=vI—cos?t=Vsin? t=|sint|=sint costt
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1—x2

X

7—arcsinx+c1:—7lefxz—l—arccosx—i—cQ,
( 1,1) {0} c,0ER.

__ | Subst. x=sint [xe(—1;0), te(—Z;0) | t=arcsinx, cost>0 cos t-cos tdt
= 2 T g2 a
dx=costdt|x€(0;1), te(0; 5) VI—xZ=1/1—sin? t=+/cos? t = |cos t| =cos t sin® t

_ [ (@—=sin*t)dt

- sin’ t

— | Subst. x=cost | xe(—1;0), te t=arccosx, sint>0 ____ [sint-sintdt

= — 2
dx=—sintdt |xe(0;1), te(0; VI—x2=\/1—cos? t=Vsin’ t=|sin t| =sin t costt

(1—cos? t) dt
sin® t
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v/ 1—x2 - V 1—x2
=—>—— —arcsin x4 c;=—+——+4arccos x+ ¢,
X X
( 1,1) {0} c,0ER.
| Subst. x=sint | xe(-1;0), te(—3;0) | t=arcsinx, cost>0 cos t-cos tdt
= 2 T g2 a
dx=costdt|x€(0;1), te(0; 5) VI—xZ=1/1—sin? t=+/cos? t = |cos t| =cos t sin® t

_ [@=sin®*t)dt__ 1

_/ sint sinzt_]' dt

| Subst. x=cost|xe(—1;0), te(F;m) | t=arccosx, sint>0 ____ [sint-sintdt

= — 2
dx=—sintdt |xe(0;1), te(0 V1—x2=+/1—cos? t=Vsin t*\smt =sint cos® t

_ (1— t)dt_ 1
_/ (5:51521‘ _/[]‘_coszt}dt
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-arccos x+ ¢

u'=3(1-x?)73(=2x) = WXX‘ __V 1-—x2 dx

v= %:—f > V1—x2

V1—x2
X

=Y " —arcsin X+ c=— +arccos x+ Gy,

1; 1) {0} c,0ER.

x€(—
Vi

Sm[
V1—x2=14/1—sin t—\/cos%f\costfcost

x€e(-1,0), te(-3%;0)
x€(0;1), te(0; 5)

:/U—%;?‘“:/Lmzt—l}dt——cotgt t+c

— | Subst. x=cost | xe(—1;0), te t=arccos x, sint>0, tgt=30t— 1;X2 ____ [sint-sintdt
2
dx=—sintdt | xe(0;1), t€(0; V1—x2=1/1—cos? t=Vsin t*\smt =sint cos® t

f_/(l (s::;SZtt)dt /[]‘_coszt}dt t—tgt+o

t=arcsinx, cost>0, cotgt=

T sin2t

— | Subst. x=sint
dx=cos tdt

} cos t-cos tdt
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:—7”;)(2—arcsinx+c1:—@+arccosx+cz,
x€(—=1;1)—{0}, a,€R.

: 2
t=arcsinx, cost>0, cotgt:%‘s[’:‘lxY }_/cost-costdt

e )
V1—-x2=+/1 smzt:\/cos?t:\cost:cost sin® t

:|:Subst.x:smt x€(-1;0), te( 0)

dx=costdt|x€(0;1), te(0; 5)

1—sin’t)d V/1—x2 .
z/%:/{smzt—l}dt——cotgt t+c=—Y—" —arcsinx+cy,
xe(=1,0)U(0;1), a €R.
| Subst. x=cost|xe(—1;0), te(F;m) | t=arccosx, sint>0, tgt=2nt Q __ _ [sint-sintdt
xe(0;1), te(0; Vi—x2= \/mf\ sin t*\smt =sint cos® t
1 t)dt \/1—x2
*—/% /[l—coszt]dt t—tg t+cy=arccos x — ~—— =+,
€(-1;,0)U(0;1), weR.
y

2
)

dx=—sintdt
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_/xz\/x4+x2+1
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x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+2>0
x2/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00) | 2+t+1=(t+3)>+3>0
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x€(—00;0), t€(0; 00) | x*+x2+1=(x2

F3)°+3>0|_1 dt
x€(0;00), te(0;00) |t Ht+1=(t+2)>+3>0 2 [ tV/t24t4+1

_ x dx _ | Subst. t=x2
X2/ x44x2+1 dt=2xdx
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_ x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x+3)*+2>0|_1 dt
X2/ x44-x2+1 dt=2xdx | x€(0;00), te(0;00) |t +t+1=(t+1)>+3>0 2 [ tV/t24t4+1

_ Subst. t=1=u"1|te(0;00) | VEFE+L \//%4»%4,1 v L \uﬁ‘:wrl o \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)
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x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x+3)*+2>0|_1 dt
X2/ x44-x2+1 dt=2xdx | x€(0;00), te(0;00) |t +t+1=(t+1)>+3>0 2 [ tV/t24t4+1
_ Subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 \1,1+z2+u‘ \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)
_du
:l [
2 1.V w2 futl
u u
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x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x+3)*+2>0|_1 dt
X2/ x44-x2+1 dt=2xdx | x€(0;00), te(0;00) |t +t+1=(t+1)>+3>0 2 [ tV/t24t4+1
_ Subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 \1,1+z2+u‘ \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)

du S
1 T | du

T2 Ve 2| ViP+utdl
u u
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2| x€(—00;0), te(0; 00) | x*+x2+1=(x2

_ xdx  _ [Subst t=x F3)°+3>0|_1 dt
V2L | dt=2xdx x€(0;00), te(0;00) |t Ht+1=(t+2)>+3>0 2 [ tV/t24t4+1

1 1 _ . AR /11 tute? _ Prudl _ VPrerl _ V(e3P
__|Subst. t={=u"t|te(0;00) | VEE+t+1 Ve tytl=y s

Tu u u
dt=—u"?du=—% | ue(0;0)

Y Bl SN U T
21 ViPrut 2 \/u2+u+1 \/(u+ 2+3
u u
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x€(—00;0), te(0;0)
x€(0;00), te(0; 00)

_ x dx _ | Subst. t=x2
X2/ x44x2+1 dt=2xdx

_ Subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 v 1+ﬁ2+m \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)
_du §
_1 N | du 1 du
-2 2 -2 2 2 1 3
1.V :u+1 Viul+u+1 \/(”+§)2+Z

=—1In|u++ViP+utl|+a

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 92-93 94-95 96-97 98 99 200 200

Riesené priklady — 199

2| x€(—00;0), te(0; o)
x€(0;00), te(0; 00)

_ oxdx Subst. t=x
xz\/x4+x2+1 dt=2xdx
_[Subst t=1—u1|te(0;00) | VEFEFT \u2+ 11 \,’Hﬁ;ﬂ“ ViErutl Y \/(U*u%)"

Tu|
dt=—u Zdu:,, ue(0;00) | ViP+utl= /!2+ 1= 1+:2+t2 _ vﬁmrﬂ _ \/zbtrrﬂ _ \/x‘rzxzﬁ»l }

du :
Y B SR
_2/1.\/u2+u+1 /\/u2+u+1 /\/(u+ 1243
=3 Infut3+vVir+utI[+e=|o-t-3]
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2| x€(—00;0), te(0; o)
x€(0;00), te(0; 00)

x*+x2+1=(x?

F3)°+3>0|_1 dt
Prtrl=(t+1)2+2>0 2 [ tV/t24t4+1

_ oxdx Subst. t=x
xz\/x4+x2+1 dt=2xdx

— — —
1 1|te 21 /1.1 Lbutu? _ Prudl _ VePgurd _ V(3
[Subst t=,=u""|te(0;00) | VE2+t+1 Ve tytl=y " = = =
- = = e e
= 72 — _du c o — /1,1 _ 1+r+t’ V241 V] XX+
dt=—vu"?du=—% | ue(0;00) | VP +u+l= V [,, +1 V =V = - = £

_1 _%} —_1 du du
21 ViPrut 2 [ Vu2+utl \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 VxA4x2+1
=—3In[E+3+25H +a
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2| x€(—00;0), te(0; o)
x€(0;00), te(0; 00)

x*+x2+1=(x?

F3)°+3>0|_1 dt
Prtrl=(t+1)2+2>0 2 [ tV/t24t4+1

_ oxdx Subst. t=x
xz\/x4+x2+1 dt=2xdx

— — —
1 1|te 21 /1.1 Lbutu? _ Prudl _ VePgurd _ V(3
[Subst t=,=u""|te(0;00) | VE2+t+1 Ve tytl=y " = = =
- = = e e
= 72 — _du c o — /1,1 _ 1+r+t’ V241 V] XX+
dt=—vu"?du=—% | ue(0;00) | VP +u+l= V [,, +1 V =V = - = £

du g
_1 2 1 du du
21 Vuliun1 2 | Vitu+1 \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 /x4 211 v/ x4 2
=—3iIn |5+ + R o= ¢ — L In |22
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_ oxdx Subst. t=x2| x€(—00;0), t€(0;00) | x*+x2+
Xz\/X4+X2+1 dt=2xdx | x€(0;00), t€(0;00) |t2+t+1
te(0;00) | VE2+t+1 \/’%+1+1 \/M

_[Subst t=1=y"?

dt=—u 2duzf%

Vi+u+ 1*\1 7A7+17\/

—
1+r+t’ RV ET IS

—— e [y
Virutl _ V@ yurl _ V(U3 +3
Tu u u

V£l _ VA 4x2 41
t - 3

du *
:l 2 :—l du —
21 ViPrut 2 [ Vur+u+1
u u
:—%In\u+%+\/u2+u+1{+c1:[u:¢:;g}
—_lnlL
- 2|n‘x2+

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’

_ du
\/(u+ 3

el

7,2 VxAFx2
%+\/X—)}(—2x+1|+c1 C**|n|2+x+2 x*+x2+1
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2| x€(—00;0), te(0; o)
x€(0;00), te(0; 00)

x*+x2+1=(x?

F3)°+3>0|_1 dt
Prtrl=(t+1)2+2>0 2 [ tV/t24t4+1

_ oxdx Subst. t=x
xz\/x4+x2+1 dt=2xdx

— — —
1 1|te 21 /1.1 Lbutu? _ Prudl _ VePgurd _ V(3
[Subst t=,=u""|te(0;00) | VE2+t+1 Ve tytl=y " = = =
- = = e e
= 72 — _du c o — /1,1 _ 1+r+t’ V241 V] XX+
dt=—vu"?du=—% | ue(0;00) | VP +u+l= V [,, +1 V =V = - = £

du g
_1 2 1 du du
21 Vuliun1 2 | Vitu+1 \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 /x4 211 v/ x4 2
=—3iIn |5+ + R o= ¢ — L In |22

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’:

1€R, ceR

c=c+12 }
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dx .
xVx*+x2+1

x*+x2+1=(x?

F3)P+3>0| 1 dt
Prtrl=(t+1)2+2>0 2 [ tV/t24t4+1

00;0), te(0; 00)
x€(0;00), te(0; 00)

— x dx __ | Subst. t=
X2/ x44x2+1 dt=2xdx

L T raa s S [y
1 1|te 21 /1.1 lrutru? _ ViPruil \/u‘+u+1 V(3243
:[Subst t=,=u""|te(0;00) | VE2+t+1 Vatutl=y/ =3 B -
— R
= _—u2dy=—9|,¢ [P+ utl=. /141 _ 1t Ve \/r’ t+1 _ VX x4l
dt=—u"?du=—% | ue(0;00) | VP +u 17\1/12 L+17\/ He=Yth = £

du *
_1 2 1 du du
21 ViPrut 2 [ Vu2+utl \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 4 2 4 2
=—1In|S+i+atly o= c—fln|2+x+2vx+x+

5761“"72
1€R, ceR

—c—1in|22e2/02H1) e R_ (0}, ceR.

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’:
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x> dx __ | Subst. t=x3| xe R—{0} | x*+x3+1=(x>+1)2+3>0
x3/x0+x3+1 dt=3x2dx | te R—{0} | 2 +t+1=(t+3)>+3>0
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— x> dx | Subst. t X3 [ xeR—{0} | x0+x3+1=(x*+3)2+3>0|_1 dt
x3v/x0+x3+1 dt=3x2dx | teR—{0} | P+t+1=(t+1)2+2>0 | 3 | tv/t2+t+1
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x> dx __|Subst. t=x*|xe R—{0} | x®+x3+1=(x*+3)>+3>0|_1 dt
x3v/x64+x34+1 dt=3x%dx | teR—{0} | 2+ t+1=(t+1)°+3>0 3 | tV/t24t+1
Subst. t=2=ut|teR—{0}|VETETT=y/ 5t L1 /ol _ Vit _ Jirmwm _ Vet

dt=—u"2du=—%|ue R—{0}
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SiRe2>0]_1 dt

Xo+x3+1=(x3+13 _ 1/ dt
Y+3>0 3 [ tvVi2+t+1

31 xeR—{0}

X2 dx _[Subst t=x

x3/x0+x3+1 dt=3x2dx | te R—{0}
[1tutw? _ ViPrurd _ a3+
' ul u-sgnu u-sgn u

y=uTlteR—{0} |V +t+1= 1/ G+ +1=/

Subst. t=
dt=—u"2du=—%|ue R—{0}
_du
—l Uz
31 VPiun
u u-sgn u

i.uniza.sk/~beerb
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SiRe2>0]_1 dt

Xo+x3+1=(x3+13 _ 1/ dt
Y+3>0 3 [ tvVi2+t+1

31 xeR—{0}

X2 dx _[Subst t=x

x3/x0+x3+1 dt=3x2dx | te R—{0}
[1tutw? _ ViPrurd _ a3+
' ul u-sgnu u-sgn u

uTMt€R—{0} |V +t+T= /G +i+1=1/

_ [Subst. t=1

dt=—u"2du=—%|ue R—{0}
_du
_1 2 1| —sgnudu
“ 3/ V2qur1 3 ut1)243
' usgnu \/( +2) i
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dt

O3 +1=(3+1)2+3>0|_1
2+2>0 3 | tvVP+t+1

x€R—{0}

_ X2 dx _ | Subst. t=x3
x3/x0+x3+1 dt=3x2dx | te R—{0}
[1rure _ Prurl _ Prard _ V(ut3)P+d :|
I u u-sgnu usgnu
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Dakujem za pozornost.
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