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\/x2 4x+4 > V(x—2)2— (f) dt=dx

= —In t+/ t? 2|+ c=In|x=2++/(x+2)2=2|+c
«/tz—(
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Riesené priklady — 109, 110

teR

cen

dx _{Subst. t=x—2
WZ 4x+4+2 \/(xf2)2+(ﬂ)2 (5t
dt 2
—————=In(t+ +(v2)?) +c=In (x+24++/(x—2)2+4)+c
/ (i VEH(VEP) o= (x4 24 (2
=In(x—24+vx2—4x+6)+c, xR, cER.

=In|x—2+vx2—4x+2|+c

‘ dx
/ \/ x2—4x+2

dx {Substt x—2
] Vxe— 4x+4 > V(x—2)2— (f) dt=dx

F—In‘t—i—\/ V22| +e=In|x—2+/(x+2)2=2|+c

=In|x—2+vx2—4x+2|+c, x€(—o0; 2—\@) U (2—1—\@; ), ceR.

€(—00;2—V/2), te(—00; —V?2)
Xv(2+\/2 0), te(v /2; o)
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Riesené priklady — 111, 112

\/ —x24+4x—3
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Riesené priklady — 111, 112
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Riesené priklady — 111, 112

dx
/\/ (x2—4x+5) /\/—(x2—4x+4+1)

dx

/7x2+4x 3
dx
\/ (x2 4><+3) \/—(x2—4x+4—1)
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Riesené priklady — 111, 112

dx _ dx _ dx
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1

dx

/7x2+4x 3

dx . dx . dx
/\/ (x2—4x+3) /\/—(x2—4x+4—1) /\/—(X—2)2+1 /\/1—(x—2)2
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Riesené priklady — 111, 112

dx _ dx _{ (x—2)? 121>0}
V- (><2 4><+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky x € R

dx

/7x2+4x 3
dx . dx . dx
V- (x2 1x13) | /—(e—axra1) | /—x—2pr1 | 1-(x—2)

x€(1;3)
t?(—l,l)}

__[Subst. t=x-2
dt=dx
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x+4x=5
_ dx _ dx _ dx _ [-(x=22-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx . dx
/\/ (x2—4x+3) /\/ 4x+4 1) /\/—(X—2)2+1 /\/1—(x—2)2

_ [Subst. t=x—2|xe(1;3) |_
dt=dx | te( |

1—t2
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x+4x=5
_ dx _ dx _ dx _ [-(x=22-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx . dx
/\/ (x2—4x+3) /\/ 4x+4 1) /\/—(X—2)2+1 /\/1—(x—2)2

_ [Subst. t=x—2|xe(1;3) |_
*{ dt=dx | te(— }7 1—t2
=arcsin t+¢; = — arccos t+ ¢
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Riesené priklady — 111, 112

nema riesenie

dx
J V/—x?>+4x—5
dx _ dx . dx _{ (x—2)2-1>1>0
V/—(x2—4x+5) V/—(—ax+4+1) V= (x—2)2-1 pre vietky xR |’

Neexistuje rieSenie pre ziadne x € R.

dx = arcsin (x—2)+c¢; = — arccos (x—2)+ ¢

\/ —x2+4x—3
_ dx
V- (x2 1x13) | /G- 4x+4 ) ) Vox—2pr1 ) im(x—2p

dx

_{Subst. t=x—-2|x€(1;3) }_

dt=dx | te(-1;1) 1—t2
=arcsin t+¢; = — arccos t+ ¢
=arcsin (x—2)+c; =—arccos (x—2)+ ¢, x€(1;3), a1, 2€R.
v
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Riesené priklady — 113, 114

dx _ dx
x(2—x) J VvV —x3+2x
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Riesené priklady — 113, 114

dx _ dx
x(2—x) J VvV —x3+2x

dx

:/m
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)
x€(1;00), te(%;00)

dx dx __ | Subst. t:xfé
V==t JVeh-Gr i

\/ X 2 X) \/ —x +2x

— dx _ dx
V= (2=2x+1)+1 V1= (x—1)2
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)
x€(1;00), te(%;00)

dx dx __ | Subst. t:xfé
\/x2 25+1-1 J Vo107 i

\/ X 2 X \/ —x +2x
Subst t=x-—1
V=(2— 2><+1)+1 \/1 (x—1)2 dt=dx

x€(0;2) }
te(-1;1)
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)

x€(1;00), te(%;00)

dx _ dx _ {Subst. = x——
\/x2_21+l—% \/(X_%)z_(%)z dt=dx
:/7ﬁln|t+\/ (3)+a

dx _ dx
\/x(2—x) - \/ —x24+2x
Subst t=x-1
V=(2— 2><+1)+1 \/1 (x—1)2 dt=dx

x€(0;2) 1__ dt
te( 1:1)% Vi-e
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)

x€(1;00), te(%;00)

dx _ dx __ | Subst. t= x——
\/Xz_zz_,_l_% \/(X_%)z_(%)z dt=dx

/7fln|t+\/ (3| +e=In|x—2+VxP—x|+a

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1
V=(2— 2><+1)+1 \/1 dt=dx

x€(0;2) 1_ dt
te( 1:1)}_ \/1—t2

=arcsin t+¢; = — arccos t+ cz
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)

x€(1;00), te(%;00)

— dx _ dx _{Subst. = x——

V=25 41— Vx=5)2=(1)? de=dx
:/7fln|t+\/ (3)?|+c=In|x—3+Vx2—x|+c
2x—1+4/x2—x

2

Sl

+c1

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

x€(—00;0), t€(—o0; —1)

x€(1;00), te(%;00)

— dx _ dx _{Subst. = x——

V=25 41— Vx=5)2=(1)? de=dx

:/7fln|t+\/ (3)?|+c=In|x—3+Vx2—x|+c
=In|2x—14+vx2—x|—In2+¢;

2x—14+/x2—
2

Sl

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

— dx . dx _{Subst. = x—— x € (—00;0), t'c(fx‘fé)
\/x2—2§+%— \/(X_%)z_(%)z dt=dx | xe(1;00), te (3;00)
:/7 In!t—i-\/ (3)?|+c=In|x—3+Vx2—x|+c

/t2
=In2x—1+vx2—x|—In 2+c1:{ oo '?2}

Sl

2x—14+/x2—
2 a€R, ER

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 113, 114

=In|x—14+vx2—x|4+c1 = In|2x—1+Vx2—x|+

dx _ dx
\/x(x—1) - J Vx?—x

x€(—00;0), t€(—o0; —1)
x€(1;00), te(%;00)

dx _ dx __ | Subst. t= x——
\/Xz_zz_,_l_% \/(X_%)z_(%)z dt=dx

:/7%In|t+\/ (3) ’—i—clfln\x—i%—mH-q

=In 2X1+V’+c1:|n\2x—1+\/xz—x|—|n 2+c1:{§f;16 ':ﬂ
=In[2x—14+Vx%2—x|+c2, x€(—00;0) U (1;00), cER.

= arcsin (x—1)+¢ = —arccos (x—1)+c

dx _ dx
\/x(2—x) - \/ —x24+2x

Subst t=x—1|x€(0;2) }_ dt
V=(2— 2><+1)+1 \/1 dt=dx |te(-1;1) \1-t2
=arcsin t+¢; = — arccos t+cz— arcsin (x—l)—i—cl = — arccos )+cz,

(x—1
X€(0;2), a,€ER.
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Riesené priklady — 115, 116
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1

dt=dx =(x+2)*+1=t3+1

__[Subst. t=x+2
teR

x(:R}

x?4+4x+3=x2+4x+4—1 |x€(—00;—3), t€(—o0; —1)
(x+2)2—1=1t2—1|x€(-1;00), te(1;00)

_ [Subst. t=x+2
dt=dx
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1

__[Subst. t=x+2
=(x+2)2+1=13+1

dt=dx

teR

o Ve

__[Subst. t=x+2
dt=dx

(x+2)2—1=1t2—1|x€(-1;00), te(1;00)

X H4x+3=x2+4x+4-1 x:vj(fx;73),te(fx‘fl)}:/mdt
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1

__[Subst. t=x+2
dt=dx

xe Nz
. /Wdt—rr Y

. {Subst. t=x+2

X H4x+3=x2+4x+4-1 x:vj(fx;73),te(‘;ﬁ;‘fl)}:/mdt

dt=dx (x+2)2—1=12—1|x€e(-1;00), te(l
_tvt2-1 1 dt
2 Vi2—1
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Riesené priklady — 115, 116

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1

__[Subst. t=x+2
dt=dx

xe NES)
i, /\/t2 lde=ttt 4 1 T

r\/tgﬁ + In (t+\2/t2+1) +c

__[Subst. t=x+2
dt=dx

x?4+4x+3=x2+4x+4—1 |x€(—00;—3), t€(—o0; —1) /\/tzidt

(x+2)2—-1=t2—1|x€e(— l,x) te( 1 o)

_tver—1 1 dt  __ tVit2—1 In|t+\/t2
2

1
- 2 21 21 +c
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Riesené priklady — 115, 116

/ XE T Ax 5 dx = U2V THads

X2 +4x+5=x2+4x+4+1
=(x+2)2+1=t>+1|t

__[Subst. t=x+2
dt=dx

X€E t tz
}/\/t2 lde=20H 47 [ g

t\/tzi_F (t+\/ﬁ) C_(x+2) (2x+2)2+1+In(x+2+\/2(><+2)2+1)+C

:(x+2)\/)2<2+T+ |n(x+2+x/W)+C x€R, ceR.

e 5 3 x+2-+/x2+4x+3
/ X2+4X+ dX— : +4 3 In|x+ \j +4 ‘*C

__[Subst. t=x+2
dt=dx

x?+4x+3=x2+4x+4—1 |x€(—00;—3), —o0; —1) )
(x+2)2—1=t>—1|x€e(— lx) te( 1 o) / te—1dt

_tver—1 1 dt  _ tVt2—-1 In|t+\/t2

- 2 Vi2— 2

_ (x+2)\/)2<2+4x+3 In \X+2+v 21 4x+3| tc, XG( 00: _3) U (_1; OO), ceR.

|+c
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Riesené priklady — 117, 118

/x2—4x—|—6 dx
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

_ {Subst. t=x—2

x€ER
terR

x?—4x+6=x2+4x+4+2

dt=dx | =(x—2)2+2=1>+(v2)?

x2—4x+2=x?>—4x+4-2 |x€(—00;-3), t€(—00; —1)

dt=dx| =(x—2)2—2=t>—(v/2)?|x€(~1;00), t€(1;00)

_ {Subst. t=x—-2
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

{Subst t=x—2

x€ER
terR

x?—4x+6=x +4x+4+2
=(x—2)2+2=1t2+(

dt=dx

/Wdt

:{Subst. t=x—2|x>—4x+2=x2 4x{4/72 X €(—o00; =3), te(—o0; / /t2 dt

dt=dx| =(x—2)2-2=t>—(v2)?|xe(-1; x) te(1;00)
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Riesené priklady — 117, 118

/x2—4x—|—6 dx

Subst. t=x—2|x?—4x+6=x +4x+4+2
dt=dx| =(x—2)2+2=1t2+(

W /
\/t2+(f

x€ER

/Wdt

_{Subst. t=x—2|x>—4x+2=x2 4x{4/72 X €(—o00; =3), te(—o0; / /t2 dt

dt=dx| =(x—2)2-2=t>—(v2)?|xe(-1; x) te(1;00)

/e (Va2 1 at
2 Ve (V2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 117, 118

/x2—4x—|—6 dx

{Subst t=x—2
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:7m+% %arctg + c= 1aarctg§fﬁ+C,X€R, CER.

u'=1 S e dx
2 |v= X,,la,l - 2[ x2+a2 + /x2732:|

NI
’X\\
N
NI
(AN
I\)NQ.
SR
l
LU
< =
I
=l x
e
S

— 1.1 —
- _2(x2X a?) +§'Z|n|x+a‘ +c= 4a|n ’x+a| - 2(x2):a2) tc
= iln|x—a|—i|n|x+a\—ﬁ+c, x€R—{+a}, ceR.
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a>0,neN, n#l
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_ {Subst t=x2+a2 | x€(—00;0), t€ (a2 o0)

dt=2xdx

x€(0; 00), t € (a% 00)

a>0,neN, n#l

X €(—00;0), t§<32, x:)

_{Subst t=x2+22

dt=2xdx | x€(0; 00), t € (2% 00)
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__ | Subst. t=x24a?
dt=2xdx

x€(—00;0) te(a%o00) |_ 1 [dt
x€(0;00) te(a?o0) [ 2f ¢t

a>0,nelN, n#1

__ | Subst. t=x?4a?
dt=2xdx

x€(—00;0), te(a?00) |_ 1 [dt
xe(0;00) te(atoo) | 2 [ t7
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31

Riesené priklady — 133, 134

=1In|x*+a%|+ ¢

_ 1 [ 2xdx_ 1 [(x*+a°) dx__
T2 [ x24+a2 2 x2+a?

__ | Subst. t=x24a?
dt=2xdx

x € (—00; 0), t € (2% c0)

x€(0; 00), t € (a% 00)

dt_ 1
}—2/t Int+c

a>0,nelN, n#1

__ | Subst. t=x?4a?
dt=2xdx

x € (—00; 0), t € (a%; 00)

x €(0; c0), t&\’a2 o)
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Riesené priklady — 133, 134

x2+a?

2 2/
d
ZL/MXZA/(X L= Lin x4 2% + =3 In (x2+2%) + ¢,

XER, ceR.

x’é(

dt=2xdx o0), t € (a% 00) 2[ t

__ | Subst. t=x24a?
X

xvor‘vf“\a?*)}: l/ﬂ:% Int+c=1In(x*+a%)+c,

xXER, ceR.
v

a>0,neN, n#l

x€(—00;0), te(

x€(0; 00) te(

__ | Subst. t=x?4a?
dt=2xdx

iza.sk/~beerb
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Riesené priklady — 133, 134

+a’)'d
:é/fzxsz 2/(sziz,z *=1In|x2+22| + =3 In (x*+2%) + c,
xER, ceR.

Subst. t=x2+2?
dt=2xdx

€(—00;0), te (a% 00) dt_ 1 1
XVO'X-)IL\Q o) }_ 2/t In t+c= ln(X +a )+C’
xX€R, ceR.
v

a>0,nelN, n#1

€(—00;0), te (a? 00) 1 —n N
x€(0; 00), t € (2% 00) / E/t dt_Z(l—n)+C
(X2+32)1_"

2(1—n) +C:_2(n 1)(X2+32)n :+¢, xER, ceR.

__ | Subst. t=x24a?|x
dt=2xdx
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Riesené priklady — 135, 136

a>0,nelN, n#1
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Riesené priklady — 135, 136

_ 1 [ 2xdx
T2 x2-22

__ | Subst. t=x2—2a?
dt=2xdx

X € (—00; 0)—{—a}, t € (—a? 00) — {0}
x €(0;00)—{a}, t€ (—a?; 00) —{0}

a>0,nelN, n#1

x € (—00; 0)—{—a}, t € (—a? 00) — {0}

__ | Subst. t=x?>—2%
x€(0;00)—{a}, te(—a% o00)—{0}

dt=2xdx
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Riesené priklady — 135, 136

__ | Subst. t=x2—2a?
dt=2xdx

x€(—00;0)—{—a}, te(—a% 00) —{0} |_ dt
x€(0; 00)—{a}, t € (—a? 00) — {0} 2 t

a>0,nelN, n#1

__ | Subst. t=x2—2%| x&(—00; 0)—{—a}, t
dt=2xdx

(=a%o0)—{0} | _ 1 [dt
x € (0; 00)— {a}ti»’—a 00) —{0} 2 [t
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Riesené priklady — 135, 136

2 2\/
_ 1 [ 2xdx__ 1 x“—a“) dx__ 1 2 2
_§/x2732_§/( x27=')12 —§|n‘X =d |+C

7{Subst t=x2—a?

S

x€(—00;0)—{—a} te(-a%o0)—{0} |_ 1 fdt__ 1
dt=2xdx | x€(0; 00)—{a}, t € (—a? 00) — {0} }_ 2/t_ 2 In |t‘+C

a>0,nelN, n#1

x € (—o00;0)—{—a}, te(

(=a%o0)—{0} | _1 [dt _ 1 [r—n
x € (0; 00)—{a}, t € (—a%; 00) — {0} }_Z/t” _2/t dt

__ | Subst. t=x2—2a%
dt=2xdx
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RieSené prik

31

lady — 135, 136

31-32 33-34 35-36 37-38 39-40

2xdx

(x*—a%)’ dx__

x2—32" 2

/

J

sIn|x*—a?| + ¢, xe R—{=*a}, ceR.

— 32

Subst. t=x2—2?
dt=2xdx

|

=3In|x?—2a?

x€(—00;0)—{—a}, te(—a%00)—
—-{0}

Wl %/%:% In [¢]+c

|+c, x€eR—{*a}, ceR.

x€(0; 00)—{a}, te (—a? o0)

Subst. t=x?—2a?

dt=2xdx

.

a>0,nelN, n#1

%/t‘”dt— el

2% 00)

{0}

x € (—o00;0)—{—a}, te(

{a} te(—a%o00)—

x €(0; c0)—

0= 1 fdr
=2
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RieSené prik

31

lady — 135, 136

31-32 33-34 35-36 37-38 39-40

2xdx

(x*—a%)’ dx__

x2—32" 2

/

J

sIn|x*—a?| + ¢, xe R—{=*a}, ceR.

— 32

Subst. t=x2—2?
dt=2xdx

|

=3In|x?—2a?

x€(—00;0)—{—a}, te(—a%00)—
—-{0}

Wl %/%:% In [¢]+c

|+c, x€eR—{*a}, ceR.

x€(0; 00)—{a}, te (—a? o0)

a>0,nelN, n#1

__ | Subst. t=x2—2%| x€(—00; 0)—{—a}, t€( _1 —n _ tin

_{ dt=2xdx | x€(0; 00)—{a}, t€ (—a% c0) {0} / - 2/ dt = 2(1—n) +c
- (X2732)1—n 1 R :l: R

= Si=m— T &= 5o T 6 x€ER—{+a}, ceR.
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Riesené priklady — 137, 138
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Riesené priklady — 137, 138

_ x—1+4+1
—/7)(_1 dx

xeR—{1}]_ [t+1
ttR—{O}}_/ t dt

_ [Subst. t=x—1
dt=dx
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Riesené priklady — 137, 138

:/% dx:/[l—&—xil} dx
ok [ [[1ed] e

_ [Subst. t=x—1
dt=dx
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Riesené priklady — 137, 138

-

oo o

xdx 1|
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0
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Riesené priklady — 137, 138

_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

=x—1+In|x—1|+¢q
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Riesené priklady — 137, 138

_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

:x—1+|n|xfl|+c1:{ ot }

ceR, ceR

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

31 31-32 33-34 35-36 37-38 39-40

Riesené priklady — 137, 138

_/X—Hldx—/x— %dx—/ “1+ Hx+1+4 }dx

:%+-~-+7+x+ln [x—1|4+c=In \x—1|+z 7+c, x€R—{1}, ceR.
i=1

xdx __ 1l
/ﬁforlnx 1|+c

Subst. t=x—1
dt=dx

xER- m /t+1dt /1+ dt t+In|t[+c

teR— {0

:x—1+ln|xfl|+c1f{ e } x+In|x—1|4+c, xe R—{1}, ceR.

ceR, ceR
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Riesené priklady — 139, 140
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2
_ | x*=1+41
—/7X_1 dx

xeR—{1}
teR—{O}}

_ [Subst. t=x—1
dt=dx
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Riesené priklady — 139, 140

—/X —1+1 dﬁ/X+1+ﬁ:| dX

xeR—{1 (t+1)%de
teR— {0}} t

Subst. t=x—1
dt=dx

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{l}}:/(Hfl)zdt:/(t2+2t+1)dt
te R—{0} t t

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)?dt_ [(P2t+1)dt_ 1
WHO}}_/ - _/ - —/[t+2+;}dt

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)?dt_ [(P2t+1)dt_ 1
WHO}}_/ - _/ - —/[t+2+;}dt

:%2+2t+|n [t|+ci

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1}_ [ (t+1)*dt__ (t2+2t+1)dt7 1
o {O}}—/ - _/ —/[t+2+;}dt

=242t 41In [t +c= S 4 2(x—1) +In [x—1|+¢;

:/X =Cal dx—/x X7+ x84+ x5+ x*+x34x2 —|—X+1—|—X 7| dx
:%‘F@—F?—FF—F?‘FT‘F?‘F?—FX—HH‘X—1|—|—C, XGR—{].}, ceR.
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1 (t+1)%dt__ (t2+2t+1)dt7 1
o / - _/ —/[t+2+;} dt
=242t 41In [t +c= S 4 2(x—1) +In [x—1|+¢;

:r% Lio(x—1)
£ 1
7%—x+§+2x—2

c=a—3
cER, c€R

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
R e e S e i =, e [ e SR
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Riesené priklady — 139, 140

: +x+In|x—1|+c

_/x —1-t1 dﬁ/X+1+ﬁ} dx=% +x+|n|x 1|+c, xeR—{1}, ceR.

Subst. t=x—1
dt=dx

xeR—{1 (t+1)%dt__ (t2+2t+1)dt7 1

o / - _/ —/[t+2+;}dt
—+2t+|n|t\+c—(x D 4 2(x—1)+In |x—1|+c

c-as } 2-i-x—i—ln|x 1|4c, xe R—{1}, c€R.

CER, c€R

:r% Lio(x—1)
£ 1
7%—x+§+2x—2

7/)( =il dx—/x XX x5 x4+ X34+ x2 +X+1+X 7| dx
R e e S e i =, e [ e SR
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Riesené priklady — 141, 142

‘ dx

A
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Riesené priklady — 141, 142

= T2 —

__ | Rozklad na parcialne zlomky % = +g+
1=ax?+ Bx(x—1) +y(x—1) = =y + (—B+7)

__ | Rozklad na parcialne zlomky: 2

1 _ _ o B )
Fas = e et etetE
L=at®+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (y+0)t+(B+7) 2+ (a+B)t3
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Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky

= =7 ~
1=ax?+Bx(x—1) +y(x—1) = =y + (=B+)x + (a+B)x?> = 1=—v, 0=—P+7, 0=a+8

1 o B,
t+1 t

)
1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

__ | Rozklad na parcialne zlomky: T t %

1 —
A2 — B

3
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Riesené priklady — 141, 142

Rozklad na parcidlne zlomky: ﬁ = y=-1, B=-1, a=1

R =
1=ax?+Bx(x—1) +y(x—1) = =y + (=B+)x + (a+B)x?> = 1=—v, 0=—P+7, 0=a+8

Rozklad na parcidlne zlomky: m ( =5+ f &

L=at®+Bt2(t+1)+yt(t+1)+6(t+1)

t

5= =L -L+% 0=19=-18=1a=-1
S+ (v+8)t+(B+7)2+(a+B)t3 = 1=6, 0=7+0, 0=F+7, 0=a+8
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Riesené priklady — 141, 142

__ | Rozklad na parciélnezlomky ﬁzx‘ll{ X]Tl % Xl y=-1, B=-1, a=1
1=ax?+ Bx(x—1) 7 +(a+B)x® = 1=—v, 0=—fB+7, 0=a+p
1 1 —
= [=—— dx— S —1_x"21dx
x—1 =5l

1

_{Rozkladna parciélnezlomky:m:ﬁ:éﬁ-%{#{f;: m{ﬁ %)}7, =1, v=-1, 8=1, a=-1

1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

(v+0)t+(B+7)t?+(a+p)
:/{%-%-&-%—Xz—lﬂ}dx:/{x_2—x_4—|—x_6—xz—1+1 dx

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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41

Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky ﬁ =5 Xl y=-1, B=-1, a=1
1=ax?+ Bx(x—1) +y(x—1) = =y + (- B+ > 1=—v, 0=—B+7, 0=a+f
=[] _1_1 BRI R —1|— X
—/{Xd 2 Xz} dx:/[xi1 $—Xx } dx=In|x—1|=In|x| - %5 +c
__ | Rozklad na parcialne zlomky: W:mzﬁ'%{ ol H* X;{f %)}7, =1, v=-1, 8=1, a=-1
1=at3+Bt3(t+1)+yt(t+1)+6(t+1) =5+ (v +(a+B)t? = 1=4, 0=7+6, 0=8+7, 0=a+f
- /L _ 1, 1 —4 -6 _ 1
_/|:><2 x4 + X 2+1 dX_/ + X x2+1 dx
= -3 -5
:_—17—+—farctgx+c

http:/ /frcatel.fri.uniza.sk /~beerb
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Riesené priklady — 141, 142

L 9=-1, B=-1, a=1
—B+7. 0

a+f

1 =1 _ a8
x5(1+x2) = t3(1+ r)*t+1 t

__ | Rozklad na parcialne zlomky:
1=at3+Bt3(t+1)+yt(t+1)+6(t+1) =5+ (v

= (X -1, 1_ X= — x4 6 _ _1

_/|:><2 ><“—"_><6 2+1 d / X +x x2+1 dx
=1 3 5

:X_—lf—Jr—farctgx+c—ff+@fﬁfarctgx+c,

xeR—{0}, ceR.
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Riesené priklady — 143, 144
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

XtRf{l}}
te R—{0}

_ [Subst. t=x—2
dt=dx

XE’R—{Z}}
te R—{0}

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

XtRf{l}}: (t=1)*dt
te R—{0} &

__[Subst. t=x-2
dt=dx

x?R—{Q}}: (t+1)* dt
te R—{0} 2

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

__[Subst. t=x-2
dt=dx

teR—{0} i i

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/{t2—4t+6—%+t—2] dt

t2

__[Subst. t=x-2
= 2

dt=dx

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

te R—{0}

:/[t2+4t+6+%+t—2] dt

beerb@frcatel.fri http:/ /frcatel.fri.uniza.sk /~beerb
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Riesené priklady — 143, 144

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/{t2—4t+6—%+t—2] dt:?—‘;ﬁ+6t—4ln \t|+%+c

__[Subst. t=x-2
dt=dx

xe’R—{Z}}if(H*l)Adti/.(t4+4t3+6t2+4t+1)dt

teR—{0} i i

:/[t2+4t+6+%+t‘2} dt=§+4 +6t+41n|t|+ 1 +c
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Riesené priklady — 143, 144

(x—1)2+6(x—1) —4In|x—1| - L +¢

__[Subst. t=x—1
dt=dx

xeR—{1}_ [(@=1)*dt_ [(t*—4>+6t>—4t41)dt
ttRf{O}}_ 2 i

:/[ 4t+6—7+t—2}dt—t 2—&-67?—4|n\1.‘|—&-";;11—i-c
=0’ o(x—1)% 4+ 6(x—1) — 4In|x—1] —= +¢, xeR—{1}, ceRr.

__[Subst. t=x-2
dt=dx

xeR—{2}1_ [ (t+1)*dt .(t4+4t3+6t2+4t+1)dt
teR—{O}}_ e t2

:/{t2—|—4t+6+%+t_2} dt=§+“2ﬁ+6t+4ln\t|+%+c
:L—;V+2(x_2)2+6(x—2)+4|n Ix—2| — =5 + ¢, xe R—{2}, ceR.
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Riesené priklady — 145, 146
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Riesené priklady — 145, 146

: dx _ . dx
L/X377X76 - /(xfl)(x72)(x+3)

' dx _ dx
/x372x27x+2 - ./(x+1)(x71)(x72)

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

41 41-42 43-44 45-46 47-48 49-50

Riesené priklady — 145, 146

: dx _ . dx
L/X —7x—6 /(xfl)(x72)(x+3)

_ {Rozklad na parcialne zlomky WW = ﬁ+x752+

o1

X+
1 = a(x—2)(x+3) + B(x—1)(x+3) + 7(x—1)(x—2) = (=6a—38+27) + (a+26—37)x + (a+B+7)x?

_ dx
— ) (x+1)(x—1)(x—2)

8
(X+1)(X£1)(X*2) =ihateites
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7)x?

_ {Rozklad na parcialne zlomky

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 145, 146

__[Rozklad na parcidine zlomky: (mryebarray = 51t et = r i bk a=-1 =L 4=4%
1= a(x—2)(x+3) + B(x—1)(x+3) + y(x—1)(x—2) = (—6a—3B8+27) + (a+28—37)x + (a+8+7)x>

_ dx
— ) (x+1)(x—1)(x—2)

_ {Rozklad na parcialne zlomky

1 _ o B4y &
A (x—1)(x—2) x+1 T x=1 " x=2" x+1 g
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 145, 146

dx
(x—1)(x—2)(x+3)
:{Rozkladna parcialne zlomky m o +—+xH X;%lJrﬁerL% « —%, B % b %
1:4\()<72)(x+3)+i(xfl)(x+3)+'5(xfl)(><72):(761»73‘J’+27‘) (@+28—37)x + (a+B+7)x?

SR
:/|:X—1 = Ti|dX

dx

11
(x-l)(xll)(x 2)*ﬁ+ﬁ+ﬁ’x\1 ﬁJr =) “*%' ‘7)*7%' /=3
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (— 3<\7f)x+((\+1+)

_ {Rozklad na parcialne zlomky

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 145, 146

dx _ dx . 1 1 )
x3—7x—6 — [ (x—1)(x—2)(x+3) 4 5 - c

_ {Rozklad na parcidlne zlomky.

1 o :
—Dx-2)(x+3) +7+x\5 Sitrstas a=—3 B=5 V=%
1= a(x—2)(x+3) + i(xfl)(x+3)+'5(xfl)(><72)7( 6a:—38+27) + (a+28—37)x + (a+B+7)x?

11 1
:/[7_41 == +%}dx:—%ln\xfl|+%ln |x—2| + 5 In |x+3| + ¢,
' xeR—{1,2, -3}, ceR.

dx

1
o=y = & Inlx+1 = 3In|x—1] + 3

(x+1)(x—1)(x—2) x+1 " x—1 " x=27 x+1 " x

7{Rozk|ad na parcialne zlomky: ———t—— = ¢ 4 F 4 ¥ s ;lJr %
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (— 3<\7f)x+((\+1+ )x?

1 11
:/[X—il—i-x_z z }dx—fln|x+1|—1|n|x 1|+ 3In|x=2|+c,
xeR—{£1,2}, ceR.
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Riesené priklady — 147, 148
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

41-42 4344 45-46 47-48 49-50

‘ dx _ ‘ dx
/X3+X27X71 i /m
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky:

a B
(x—2)ix+1)9 =S tart ooy
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

. N
xr—x—1 [ GeD0He

1

— {Rozklad na parcialne zlomky: DGR = ﬁ#»%“ﬁ»(x;i'l)z

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

beerb@frcatel.fri.uniza.sk http://frcatel.fri
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Riesené priklady — 147, 148

Rozklad na parcialne zlomky: = J~+

N

1 _
G=2)(xF1E — it er= X+1+(x+1)2 :
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

dx
D17

1 -1 -1
Rozklad na parcidlne zlomky: m (»1+ﬁ+[x\l)7:xil+ﬁ+ﬁ‘ a=3, B ,/lw

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky: ——d——0 = 2 g

(x—2)(x+1) x—2 1 xu t (x\l) ot
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (a—28-27)

1
:/{x 2+x+1+(x+1) }dx

dx dx
x3+x2—x—1 = [ (x—1)(x+1)?

_ Rozklad na parcidlne zlomky: m ﬁ*’ﬁ*’[xu)’ ﬁ+%+W a=3, B=-1
1= a(x+1)? + B(x—2)(x+1) + 7(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

1
:/|: . +x+1+(x+1) i|dX

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

_ {Rozklad na parcialne zlomky:

— ey = 25 }
x—2)(x+1)2 — x—2 xu (xm

Sy
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28—27) +

a=3, fB=—z, y=—3

-
(2(\ ﬂ"‘)x F (atB8)x?

1
x+1
:/{X 2+X+1+(X+1)}dx— In|x— 2|—1In|x+1|—7+(_)1) +c

: dx _ : dx
/X3+X27X71 7 ‘/(xfl)(erl)2

_ {Rozklad na parcialne zlomky:

3 b A= —3 1
Ty = ittt oy =3 B

1 o4
x—D)(x+1)2 x—1
1= a(x+1)? + B(x—2)(x+1) + 7(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

—/[X 1+X+1+(X+1)}dx— In|x— 1|—l|n|x+1|—%+c

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 147, 148

dx _ dx _ 1 o 1
/X373X72 - \/(x72)(><+1)2 — 9 In|x “‘ 9 In ‘\+1‘ + 3

_ {Rozklad na parcialne zlomky:

.
i 3 =k 1L 1
temE =9 A=-3 7=-3

1 _
. (x—Z)(x}l)‘7x7}x{1}(x\l) ot
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (a—28-27)

1
1 x+1
:/{ . +X+1+<x+1>}“'r Infx—2] = In|x+1] — S~ + ¢

=5In|x=2| = §In|x+1| + 345y + ¢, x€R—{~1,2}, c€R.

dx _ dx 1 1] 1 e 1 e
/X3+X27X71 7 /(xfl)(erl)2 4 In "\ 1‘ 4 In ‘X 1+ 2(x+1) €

_ {Rozklad na parcialne zlomky:

1 7 i = =5 1. 1
—D)(x+1)? x(1+7+(xu)7 sitartery =@ 3=—3 1=—3

1= a(x+1)? + B(x—2)(x+1) + y(x—2) = (a—B—7) + (2a+7)x + (a+B)x?

1 5%
:/[ - +x+1+(x+1)}dx_ In\x 1|_l|”|x+1|_%)1)+c
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Riesené priklady — 149, 150

dx
x3—3x2+4x—2
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

41-42 43-44 45-46 4T

dx _ dx
x3—3x243x—1 — [ (x—1)3

beerb@frcatel.fri.
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Riesené priklady — 149, 150

dx
—2x+2)(x—1)

1 — _oax+f8 Y
P2 (=1) — P-2x+2 T %=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

o {Rozklad na parcialne zlomky

dx _ dx
x3—3x243x—1 — [ (x—1)3
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Riesené priklady — 149, 150

dx
—2x+2)(x—1)

ax+8

1 ~ _
F2)(=1) — P—2x42 T =1 e @=—1,
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

o {Rozklad na parcialne zlomky

dx _ dx
x3—3x243x—1 — [ (x—1)3
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

CFF2x+2)(x—1)  x2—2x+2 " x—1 x?—2x+2

1= (ax+B8)(x—1) + y(x®—2x+2) = (—B+27) + (7r\+\17;i)x + (a+7)x?

= [t ) o

_{Rozklad na parcialne zlomky: ——— Coddl g 3 =4l 1 a=-1, B=1 ~=1

dx . dx .
x3—=3x243x—1 = [ (x=1)3 = 2
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dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

_{Rozklad na parcidlne zlomky: = 12)(X ) X:“XQ‘X’QJrXﬁ'l e le‘z

1= (ax+B8)(x—1) + y(x®—2x+2) = (—B+27) + (7r\+\17;i)x + (a+7)x?

—x+1 —1)d d
:/{ = 7]dﬁ />(<§—21+);+ %1

dx _ dx .
x3—=3x243x—1 = [ (x=1)3 = 2

:/(x—l)*3dx—&+c——w+c x€ER—{1}, ceR.
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

dx . dx .
x3—=3x243x—1 = [ (x=1)3 = 2

:/(x—l)*3dx—&+c——w+c x€ER—{1}, ceR.
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

_ 1 (x2—2><+2)' dx+ dx
- 2 Xx2—2x+2

x=1

dx . dx .
x3—=3x243x—1 = [ (x=1)3 = 2

:/(x—l)*3dx—&+c——w+c x€ER—{1}, ceR.
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Riesené priklady — 149, 150

dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

:—g/%;ixﬂ#%:_%m |x2—2x+2| +In|x—1| + ¢

2x+4-2 X

dx . dx .
x3—=3x243x—1 = [ (x=1)3 = 2

:/(x—l)*3dx—&+c——w+c x€ER—{1}, ceR.
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dx _ dx
x3—=3x2+4x—2 = [ (x*—2x+2)(x—1)

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

. b1 (x—1)dx dx 1 ‘(2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2Jr -1 2 =2 T [ x=1

:—g/%;ixﬂ#%:_%m |x2—2x+2| +In|x—1| + ¢

2x+4-2 X

:[xz :2(2\ 21)2 \ 1>0}

dx . dx .
x3—=3x243x—1 = [ (x=1)3 = 2

:/(x—l)*3dx—&+c——w+c x€ER—{1}, ceR.
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2x+2)(x—1)

__ | Rozklad na parciélne zlomky: 6 2X12)(X ) X:“XQ‘XJ’QJrX”'l X;X,II‘,Aﬁ, a=-1, B=1, ~=1
)X

1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7

. b1 (x—1)dx dx 1 (2x72) dx dx
—/{ —oxt2 }dﬁ /x2—2x+2 Rl B it e Jr X—1
1 (x2—2><+2)' dx

Toxqs T Xd 1 In ‘x —2x—|—2’ +In|x=1|+¢
:{xZ :2(2\21)2‘1/\0}:_% (X 2X+2) 1 In (X_1)2 +c

L dx _ fdx 1
x3—3x24+3x—1 — [ (x—-1)3

= [(x=1)Bde= &=V 4 =1 _ _
(x—1)7"dxe="=—+c= s T ¢ XER {1}, ceR.
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dx
x3—3x2+4x—2

__ | Rozklad na parciélne zlomky: (o 12)(X ) X:“XQ‘XJ’QJrﬁ X;XQII‘ZAﬁ, a=-1, B=1, ~=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—-27)x + (a+7)x?

_ —x+1 1 (x=1)d dx _ 1 [(2x=2)d d
—/{mem]dﬁ*/x?Txfﬁ T_Xl—*i/XZXTer;JF =
—1 (X2‘2X7+2)'dx+/d—x——%ln\x2—2x+2]+In\x—1|+c

x2—2x+2 x—1
__[x*—2x+2 1 1
_{ :(X‘ 1)2\1/\0}__5'” (X2_2X+2)+§|n (X—1)2—|—C

=lin Lo o xeR—{1}, ceR
-2 x2—2x+2 U U :

dx _ dx .
x3—3x24+3x—1 — [ (x—-1)3

= [(x=1)Bde= &=V 4 =1 _ _
(x—1)7"dxe="=—+c= s T ¢ XER {1}, ceR.
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niec 10. casti priklady b

Dakujem za pozornost.
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24+2x+2)(x—2)
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: dx _ . dx
./X e /(X2+2X+2)(X72)

_ {Rozklad na parcidlne zlomky.

1 _ _axtB ~
T — ek Tx2
1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?
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dx _ dx
x3—2x—4 = [ (x®+2x+2)(x—2)

_ {Rozklad na parcidlne zlomky.

1 ax+8 Yy _ 5w il 1 4
D)D) — ok Txa— etz Txezr =i 0 Y=

1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+f | v ], _1 _4
2 (=2) — P4oxr2 Tx=2— ¥ \Zx\2+ @ 0 B 0 T=10

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (72(\+J+2 Ix + (t7)x?

x _ 4
_ 10 10
/|: X242x+2 :| dx
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+B | 4 ], 1 4.
2 (=2) — P4oxr2 Tx=2— ¥ \Zx\2+ @ W B 0 T=10

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (- 2(\+J+2 )><v(uv7)><2

_ =t bt dx=_ L (X+4)dx+ dx
x242x+2 T x—2 — 10 x242x+2 10
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+B | 4 ], 1 4 1
2 (=2) — P4oxr2 Tx=2— ¥ \Zx\2+ @ 0 B 0r m}

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (- 2(\+J+2 )><v(uv7)><2

_ -4 % d 1 (X+4)dx+ dX—,i 2(X+4)dx+i dx
x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2 10 [ x—2
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 ax+8
FF2x+2)(x—2)  xP+2x+2

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (- 2(\+J+2 )><v(uv7)><2

Y [ = dxe — L [Cd)dx | 1 dx_ii 2(x+4) dx
- x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2

_1 [exaiee 1 [
20 x2+42x+2 10 [ x—2

ol ]r _ 1 _ 4
txm== \Zx\2+ @ o B 10’

1
1o

dx
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 axtf | 1
i =2) — Phexi2 T k2= ¥oiaxis

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) + (- 2(\+J+2 )><v(uv7)><2

o —1%—147] % d 1 (X+4)dx+ dX—,i 2()<+4)dx+
- x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2

__ 1 M+i dx 1 [(2x+2)dx 6 L
20 x242x+2 10 [ x—2 20 [ x242x+2 20 x2+2x+2 10

], _1 L
+ a 0 B 00

1

10

dx

—2
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51

dx
(x2+2x+2)(x—2)

-/

Rozklad na parcidlne zlomky.

1 ax+8 7
(=2 — 2+ox+s T x—2

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) +

X2 \Zx\Z

|

+ 10

52 53 53 54

b _1 3 4

ot

(= 2(\+J+2 Ix + (t7)x?

_ —1%—147] % d 1 (X+4)dx+ dx _7i 2()<+4)dx+
x242x+2 T x—2 — 10 x242x+2 10 27 20 [ x2+42x+2
1 [ (2x+2+46) dx + 1 1 [(2x+2)dx 6 +L
20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10
— Subst. t=x+1|x?4+2x+2=x>4+2x+1+1 |x€R
{ dt=dx =(x+1)>+1=t>+1 tGR}

1

10

dx

=2
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51 52 53

dx
(x242x+2)(x—2)

-/

53 54

1 ax+8 7
(=2 — 2+ox+s T x—2

1= (ax+8)(x—2) +y(x2+2x+2) = (—28+27) +

Rozklad na parcidlne zlomky.

X2 \Zx\Z

(—2a

|

M= ]’ «

+J+2 Ix + (t7)x?

_ —1%—147] % d 1 (X+4)dx+ dX—,i 2()<+4)dx+ dx
x242x+2 T x—2 10 [ x24-2x+42 10 27 20 [ x2+42x+2 10
1 [ (2x+2+46) dx + 1 1 [(2x+2)dx 6 +L
20 x2+42x+2 10 -2 20 [ x2+42x+2 20 X2+2X+2 10
_ Subst. t=x+1|x?+2x+2=x2+2x+1+1 XER|_ _ (X +2X+2) dx_i +1
{ dt=dx =(x+1)2+1=t2+1 tGR} 20 x242x+2 20 t2+1 10 2

beerb@frcatel.fri.uniza.sk

http://frca

tel.fri.uniza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57

Koniec 10. casti priklady b — 151

_ . dx
_ /(x2+2x+2)(x72)

58 59-60

1 axtf | 1 i
(Z+2x+2)(x—2) X242x+2 T x—27 XP42x+2

1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

x=2'

_ {Rozklad na parcidlne zlomky.

Y [ = dxe — L [Cd)dx | 1 dx_ii 2(x+4) dx
- x242x+2 T x—2 — 10 [ x24-2x+2 10 27 20 [ x2+42x+2

__[Subst. t=x-+1|x®+2x+2=x24+2x+1+1 XER|_ _ (X +2X+2) dx_i
_{ dt=dx =(x+12+1=1+1 tGR} 20 X2 +2x+2 20
=—5In|x?+2x+2| — Sarctgt + 55 In |[x—2| + ¢

_x_ &1L
010 4 10 a=-—L, B=—2,

dx
+10 10

(2x+2+6) dx _|_ dx 1 (2x+2) dx 6 +1
20 x242x+2 x—2" 20/ x24+2x+2 20 x2+2x+2 10

1+10
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_ . dx
_ /(x2+2x+2)(x72)

_ {Rozklad na parcidlne zlomky.

1 axtf | 1 i
(Z+2x+2)(x—2) X242x+2 T x—27 XP42x+2

1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

x=2'

Y [ = dxe — L [Cd)dx | 1 dx_ii 2(x+4) dx
- x242x+2 T x—2 — 10 [ x24-2x+2 10 27 20 [ x2+42x+2

__[Subst. t=x-+1|x®+2x+2=x24+2x+1+1 XER|_ _ (X +2X+2) dx_i
_{ dt=dx =(x+12+1=1+1 tGR} 20 X2 +2x+2 20
=—5In|x?+2x+2| — S arctg t + 55 In\x 2| +c

:% In(x—2)% — & In (X +2x+2) — Zarctg (x+1) + ¢

_x_ &1L
010 4 10 a=-—L, B=—2,

+10

(2x+2+6) dx _|_ dx 1 (2x+2) dx 6 +1
20 x242x+2 x—2" 20/ x24+2x+2 20 x2+2x+2 10

dt 1
2+1+T0

dx
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[ d 1 ‘ 3 ’
= /(x2+2x+x2)(x72) =20 5 — g arctg (x+1) + ¢

__[ Rozklad na parcidine zlomky: gty = 5+ 2 T{Tﬁ% a=-1i, p=—i, =1
1= (ax+8)(x—2) + v(x2+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

x _ 4 1
Y [ = 1 [ (x+4)dx dx __ 1 [2(x+4)dx
_/|:x2+2><+2 x—2:| dx= 10 x242x+2 +10 10 27 20 [ x2+42x+2 +1o 10

(2x+2+6) dx _|_ dx 1 (2x+2) dx 6 +1
20 x242x+2 x—2" 20/ x24+2x+2 20 x2+2x+2 10

_ [Subst. t=x+1|x>+2x+2=x>4+2x+1+1 XER|_ _ (X +2X+2) dx_i dt +L
_{ dt=dx = (x+1)2+1=12+1 tGR} 20 Xx24+2x+4-2 20 [ 2+1 " 10
=—5In|x?+2x+2| — S arctg t + 55 In\x 2| +c

:% In(x—2)% — & In (X +2x+2) — Zarctg (x+1) + ¢

:ilnﬂ—iarct( 1 R—{2 R
Piaes — 10 arctg (x+1) + ¢, xeR—{2}, ceR.

dx
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_ dx
_/(><2+1)(x2 —/3x41)(x24+/3x+1)
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— dx _ i 2\f+3 f+3
_/(x2+1)(x27\/§x+1)(x2+\@x+1)_/[x211 + x24++/3x+1 + —/3x+1 dx
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_ 3 Ats 333
/(><2+1)(x2 \[x+1 (x®+/3x+1) /[XQ%Fl + xzi\fx+1 + fx+1:| dx

2X+4f 2= 4\/ q
2+1 + 4\[ x2+fx+1 —V/3x+1 } x
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Koniec 10. casti priklady b — 152

_ 3 Ats 333
/(><2+1)(x2 \[x+1 (x®+/3x+1) /[XQ%Fl + xzi\fx+1 + fx+1:| dx

i 2><+4‘[+\f V3 2x— f+\f} d
2+1 4\[ x2+fx+1 ffx+1 X
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Koniec 10. casti priklady b — 152

_ & 2ats f+3 }
/(x2+1)(x2 fX+1 (x®+v3x+1) /[XQ%H = X2+fx+1 - —V3x+1 e
i 2X+4‘[+\f V3 2x— f+\f} d
2+1 4\[ x2+fx+1 ffx+1 X

_1 1 2x+/3 N33 __2x—/3 Y53
— 3 arCth + 4\/5/ x2+\fx+1 + X2j>\/§><+1 x2—+/3x+1 + 2i\/§x+1 dx
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Koniec 10. casti priklady b — 152

5b

55 56 57 58 59-60

1

1 +1
_ S 2\[ 3 + f dx
(x2+1)(x>— fX+1 (eV3x+1) | [P T et vaxl fx+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4f PRy P o}
_ 2x+/3 -V3 2x—\/3 V3
=1larct —= —
3 gx + 4\/5/ x2+\fx+1 + x24/3x+1 x2—+/3x+1 + —V/3x+1 dx
— Subst u:x+§ du=dx | xR, ueR|x*+V3x+1= (X:Tﬁ%) +1 f ﬁ(% \/5)
Subst. v=X7§ dv=dx |xeR, veR (xi%g)zf% (xi;) 7@)2 >0 11431
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HEEHY

51 52 53 53 54

51

Koniec 10. casti priklady b — 152

1
_ 3 i Ats - it dx
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24++/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4f PRy P o}
4V3 4v3
o5 /3 _ w3 \/3
= § arctgx + —= 22X+\[ e 3 f _ 2x—/3 + 3 \f dX
4\/§ x ++/3x+1 x24++/3x+1 x2—/3x+1 x2—+/3x+1
_ Subst. u=x- ‘/T‘ du=dx |x€R, uER |x*£V3x+1= (x4 ) +1-3 ﬁ'%ﬁ V3)
Subst. v xff dv=dx |xeR, veR (xié)zf% ”76 4 % >0 %*% 41;3 ﬁ
1 (P+V3x+1) (x —\fx+1 1 [ du 1/ d
=zarctgx+—»= = =
34 g 4\/5/ x24+/3x+1 —V/3x+1 12 [ w2+1 + 12 | v24+

iza.sk/~beerb
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Koniec 10. casti priklady b — 152

_ 3 Ats VR
/(><2+1)(x2 \[x+1 x2+\[x+1) /[XQ%Fl + xzi\fx+1 + fx+1:| dx

i 2X+4‘[+\f V3 2X———f+\f} d
sl 4f PRy 2—V3x+1 X

43 43
:7 2X+f T*\/g o 2x—/3 Ti\/g
3 arctgx + 74\/5/ x2+fx+1 + RIS | P + x2—/3x+1 dx

o
—
i
w

du=dx
dv=dx

x€ER, ueR
xeER, veR

xPE£V3x+1 = (x4
(xié)zf% (x+
1 1 (x2+\/§x+1)/ (x —/3x+1)’
_3arctgx—&—4\/§ [ XY ] At
|n(><2+\/§><+1)—|n(x2—\/§><+1)+ 1
43 2’

__ | Subst. u=x {‘ﬁ
Subst. v xff

,
t
o
S
V
o

1 du 1 dv
dx+ 12/u2+% + 12/v2+%

N~
m\»—-\»—ﬂ —

=3 arctg x+

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 152

_ 3 Ats VR
/(><2+1)(x2 \[x+1 x2+\[x+1) /[X%Jrl + xzi\fx+1 + fx+1:| dx

i 2X+4‘[+\f V3 2X———f+\f} d
2+1 4\[ x2+fx+1 2—\/3x+1 X

V3 43
_1 1 2x+V/3 V3 3 53
— 3 arCth + 4\/§/|:x2+\fx+1 + x24++/3x+1 x2—/3x+1 + 2_/3x+1 dx

du=dx
dv=dx

x€ER, ueR
xeER, veR

X Bx1 = (x+8) 412
( /3\2 /3 2
() 5 = (2 9)+(3) >0

_1 1 [[CEBr1) (x =il L[ du_ 4 1 [ dv
_3arCth+4\/§/|: x2+/3x+1 —V/3x+1 +12 “2+%+12 vitg

_ {Subst u=x+ %i

Subst. v ><7V73

2 _ 2

:%arctgx—&-'n(x +\/§X+1‘)1\/|§n (x fXH)—&- i i arctg 4 ¥ +35- %arctgé—kc
_1 1 M

=3 arctgx+4\[ In e +1—1— arctg2u+ arctg2v+c
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Koniec 10. casti priklady b — 152

55 55 56 57 58 59-60

1
_ i nat3 - A3 | gy
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24+/3x+1 \[x+1
i 2X+4‘[+\f V3 2x-%3_31/3 dx
2+1 4\[ x2+fx+1 ffx+1
_1 1 [ 23 V3 3 -3
— 3 arCth + 4\/§/|:x2+\fx+1 + x24++/3x+1 x2—/3x+1 + x2—+/3x+1 dx
— Subst. u=x+ %i du=dx |xeR, ueR|x®+\/3x+1= (X: ) il — 2 ﬁ(%} \/5)

Subst. v xf%i dv=dx |xeR, veR (xié)zf% (xi%ﬁ) 7@)2 >0 %*% 41;3 ﬁ
1 1 [ [P HVEx+1) (x —xfx+1 1 [ du_, 1 [ dv
_3arctgx+4\/§/[ Ry W] ] —1-12 u2+%+12 24T

1 In(x2+\/§x+1)—|n(x2—fx+1) 1 1

3 arctg x+ wel +12 1 arctg 1+12 garctgg—kc
1 _1 x 24 /3x41
=3 arctgx+4\[ In e +1+ arctg2u+ arctg2v+c

1 P +fx+1 arctg (2x++/3) | arctg (2x—+/3)

3 arctg x+ fln 27\/§x+1+ 7 + 7 +c, xeER, ceR.
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Koniec 10. casti priklady b — 153
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Koniec 10. casti priklady b — 153

_ x dx
_/(><2+1)(x2 —/3x41)(x24+/3x+1)
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Koniec 10. casti priklady b — 153

x dx 3 58— \? 7%+§ d
- (x2+1)(x27\/§x+1)(x2+\@x+1)_ [X2+1 + x24++/3x+1 + x2—/3x+1 e
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Koniec 10. casti priklady b — 153

_ xdx _ [ S k. S S, N
(x2+1)(x27\/§x+1)(x2+\@x+1)_ x2+1 x24++/3x+1 x2—+/3x+1
_;/2xdx 1 [ 2x+2v3 | 2x=2/3 }dx

T6[ X1 T 12 | x2+vBx+1 | x2—/3x+1

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 153

_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
:;/2xdx 1 { 2x4+2V3 | _2x=2V3 }dx

6 [ x2+1 12 [ | x24-+/3x+1 x2—/3x+1

_1 [ dx 1 { 24v3 4 V3 2x=VE V3 dx
6 x24++/3x+1 x24++/3x+1 —v/3x+1 x2—+/3x+1

x2+1 12
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Koniec 10. casti priklady b — 153

_ x dx _ [ 5 + —3- + -3+ }d
T (PH1)(x2—V3Bx+1)(x2+V3x+1) x2+1 x24+/3x+1 \[x+1
:;/2xdx 1 { 2x4+2V3 | _2x=2V3 }dx

6 [ x>+1 12 [ | x24-+/3x+1 x2—/3x+1

1[0y 1 T 2x4vE VB 2=vB VB dx
6 X241 12 x24/3x+1 Xx24+/3x+1 —/3x+1 x2—/3x+1
2

_ Subst u:x+§ du=dx |x€R, ueR|x iy3x}17(xv”) F1-3 = (xi%?)z-%: (xi%ijz } (%) >0
Subst: V:X—? dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
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10. casti priklady b —

Koniec
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53

x x_ V3 3
_ x dx — + 66 + 5% dx
(x2+1)(x27\/§x+1)(x2+\@x+1) X2+1 x24++/3x+1 \[x+1

_ 1 f2xdx 1 2x+2+/3 2x—2/3 A

6 x>+1 12 x24+/3x+1 —v/3x+1
_ 1[0+ dx 1 24v3 V3 4 2B V3 dx
6 X241 12 x24/3x+1 Xx24+/3x+1 x2—/3x+1 x2—/3x+1
__ | Subst u:x{% du=dx|x€eR, ueR xiy3x}17(xv”) +1 f:(xi%i)z-%:(xi%i)z} %)2 >0

Subst. v=x L; dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
1 2 1 [[(P+VEx+1) (x f\/erl)’ VB[ du V3 [ _dv
=¢In(x*+1)—5 [ Adaad T AJoa dx— % A+T T 15 [ el

beerb@frcatel.fri.
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Koniec 10. casti priklady b — 153

_ x dx _ [ 5 + —3- + -3+ }d
- (x2+1)(x27\/§x+1)(x2+\@x+1)_ x2+1 x24++/3x+1 \[x+1

_ 1 f2xdx 1 2x+2+/3 + 2x—2/3 A
6 [ x>+1 12 [ | x24-+/3x+1 x2—/3x+1

_ 1[0+ dx 1 2x+3 + V3 + 2x—V3 V3 dx
6 x24+1 12 x24/3x+1 Xx24+1/3x+1 —V/3x+1 x2—/3x+1

_ Subst u:x{% du=dx|x€eR, ueR xiy3x}17(xv”) +1 f:(xi%i)z-%:(xi%i)z} %)2 >0
Subst. v=x L; dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0

1 2 1 [[(P+VEx+1) (x f\/erl)’ VB[ du V3 [ _dv

=¢In(x*+1)—5 [ Ry Ty e dx—3 [ 1+ 1 4T
In x2+1 2 In ><2+\/§><+1 +In x2—\/§x+1 3 1 3 1

= (12 L _In( )12 ( )—T‘gjarctg%—&—l—\g-jarctg +a

2 2
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Koniec 10. casti priklady b — 153

_ x dx _ [ 5 + —3- + -3+ }d
- (x2+1)(x27\/§x+1)(x2+\@x+1)_ x2+1 x24++/3x+1 \[x+1

_ 1 f2xdx 1 2x+2+/3 + 2x—2/3 A
6 x24+/3x+1 | x2—/3x+1

X2+1 T 12
_ 1 [P+ dx 1 2x+v3 V3 2x—/3
| / 1 { x N 42

X7+1) dx _ V3
x24+1 12 x24/3x+1 Xx24+1/3x+1 —V/3x+1 x2—/3x+

Subst. u= ><{‘i du=dx|x€eR, ueR xiy3x}17(xv”) +1 f:(xi%i)z-%:(xi%i)z} %) >0
Subst. v=x ‘7 dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
_1 2 1 [ [P+ VBxF1Y (x 7\[x+1)’ VB[ du A3 dv
=5 |n(X +].) |: X2-/3x+1 = — el dx 12 u2+%+ 12 [ v241

In(A+1)°  In (+v3x+1)+In (x> —/3x+1
— ”(XJ )’ In(:C 4Bt )E"(X ‘f” ) _ f 4 rarctg ¥ —&—‘[ Larctg Y +¢
2 2
_1 (?+1)° 3 Vi
=35 In VD2 VoD 6 arctg2u+-% arctg2v+c1
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Koniec 10. casti priklady b —

55 56 57 58 59-60

= x dx — + 6 6 + d
(x2+1)(x27\/§x+1)(x2+\@x+1) X2+1 x24++/3x+1 \[x+1
_ 1 f2xdx 1 2x+2+/3 2x—2/3 A
6 x>+1 12 x24+/3x+1 —v/3x+1
_ 1[0+ dx 1 24v3 V3 4 2B V3 dx
6 X241 12 x24/3x+1 Xx24+/3x+1 x2—/3x+1 x2—/3x+1
_ Subst. u=x- g du=dx [x€R, u€R | x>+ V3x+1= (xv”) F1-3 = (Xi%i)z 1= (xi%ijz } %)2 >0
Subst. v=x L; dv=dx |x€R, vER| (x*+V3x+1)(x®—v3x+1) = (x2+1)>—(v/3x)? = x* —x2+1 >0
_1n(x2 1[G vExt1) (x ffxﬂ)’ _ V3 [ du_ | V3 [ dv
=gIn(x*+1)- 12/{ v T oava | [err T v
In(x*+1)*>  In(x 1)+In (x*— 1
— ”(XJ )’ In(:C 4Bt )E"(X ‘/§X+ ) _ f 4 arctg + ‘[ Larctg Y +¢
2 2
_1 (E+1)2 _ V3 L
=35 In VD2 VoD 6 arctg2u+-% arctg2v+c1
2,132
1 x“+1 V3arctg (2x+V3 V3arctg (2x—/3
=1l ><(47x21)L1_ gﬁ( Lt gé ) 4c1, xeR, c€R.
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Koniec 10. casti priklady b — 153
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niec 10. casti priklady b — 153

x €(—00; 0), t€(0; 00)

__[Subst. t=x?
x€(0; 00), t€(0; 00)

dt=2xdx
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niec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x€(=00;0), te(0;00)__ 1 dt
x € (0; 00), t € (0; 00) }_ 2 | 341

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52

Koniec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x€(—00;0), te(0;00)]_ 1 dt 1 dt
x €(0; 00), t € (0; o0) }_ 2 [ 341 2 [ (t4+1)(#2—t+1)
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Koniec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x€(—00;0), te(0;00)]_ 1 dt 1 dt
x € (0; 00), t € (0; 00) }_2 341 2 [ (t+1)(2—t+1)

_1 3 +2
_ /[t-&-l+ 3t+1:|dt
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54

Koniec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x € (—00; 0), t € (0; 00) 1 dt 1 dt
XC/'O‘X),tC{O,x,)} 2 [ BT 2 [ (trD)(2—t4D)

. , . :
_1 3 —$i+2 > 1 [dt 1 2t—4
= /[tﬂ+ t+1} dt_6/t+1 12/r2—t+1 dt
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Koniec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x € (—00; 0), t € (0; 00) 1 dt 1 dt
x € (0; 00) t & (0; 00) } 2 [ BT 2 [ (trD)(2—t4D)
1 2 : :
_1 3 —5+3 21 fdt 1 [ 2t—4
_ /[t-&-l+ t+1} dt_6/1:+1 12/t2—t+1 dt
2t 1— 3
t+1 t+1
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Koniec 10. casti priklady b — 153

__[Subst. t=x?
dt=2xdx

x€(=00;0), te(0;00)__ 1 dt 1
x € (0; 00), t € (0; 00) } 2 t3+1 2 [ t+D)(2—t+1) t2*f+1)
1 t 2
_1 3 —3t3 =1 t 1 [_2t—4
- /[t-&-l+ t+1} dt_6/1:+1 12/t2—t+1 dt
2t 13 4p 1 [dt 1 (2t71)df+1 dt
t+1 t+1 6 [ t+1 12 t2—t+1 4 [ t2—t+1
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Koniec 10. casti priklady b — 153

__[Subst. t=x?| x€(—00;0) te(0;00)]_ 1 dt 1 dt
{ dt=2xdx | x € (0; 00), t € (0; 00) }_2 341 2 [ (t+1)(2—t+1)

_1 i =4
_ /[t-&-l+
/m

Subst uft—f
du=dt
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Koniec 10. casti priklady b — 153

x€(—00;0), te(0;00)]_ 1 dt 1 dt
dt=2xdx | x € (0; 00), t € (0; 00) }_ 2 [ 341 2 [ (t+1)(t2—t+1)
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niec 10. casti priklady b — 155

x € (—00;0), t€(0; 00)

x € (0; 0), t € (0; 00)

_ X-x2 dx__[Subst. t=x2
x0+4+1 dt=2xdx
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niec 10. casti priklady b — 155

_ x~x2dx: Subst. t=x? | x€(—00;0), t€(0;00)]_ 1 tdt
XSS! { dt=2xdx | x€(0; 00), t€(0; 0) }_ 2 341

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 155

_ x~x2dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) _ 1 tdt 1 tdt
x0+4+1 { dt=2xdx | x€ (0; ), t € (0; c0) }_ 2 341 2 (t+1)(t2*t+l)
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Koniec 10. casti priklady b — 155

_ x~x2dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) _ 1 tdt 1 tdt
x0+4+1 { dt=2xdx | x€ (0; ), t € (0; c0) }_ 2 341 2 (t+1)(t2*t+l)

_1 s
_ /[t-ﬁl 3 t—3}—1:| dt
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Koniec 10. casti priklady b — 155

_ X-x2 dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) _ 1 tdt 1 tdt
x0+4+1 dt=2xdx | x€ (0; ), t € (0; c0) } 2 t3+1 2 t+1 t2*t+1)

1 3 3+3 1 .dt 1 t+2
_ /[t+1 t+1} dt= 6/t+1+12/t2—t+1 dt
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Koniec 10. casti priklady b — 155

_ X-x2 dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) _ 1 tdt 1 tdt
x0+4+1 { dt=2xdx | x€ (0; ), t € (0; c0) } 2 t3+1 2 t+1 t2*t+1)

1 3 3+3 1 [ dt 1 [ 2t42

- /[t+1 —t+1 dt = 6 t+1+12 2—t+1 dt

i_i 2t 1+3

- t+l 12 t+1
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Koniec 10. casti priklady b — 155

x04+1 dt=2xdx

_1[[=2 3‘*‘3 dtfil 1 2t+2

-2 t+1 t+1 6 t+1 12 [ 22—t+1

f_f 2t 2t-143 4, 1 2r 1) 1 dt
_ t+l 12 —t+1 t+1 12 t+1 4 t2—t+1

[ x-x®dx__[Subst. t=x2|x&(—o00;0), t€(0; 00) 1 _ 1 tdt
- { x€(0;00) te(0;00) | 2 t3+1 2 | t+D)(2—t+1)
dt
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Koniec 10. casti priklady b — 155

x04+1 dt=2xdx

_1[[=2 3‘*‘3 dtfil 1 2t+2

-2 t+1 t+1 6 t+1 12 [ 22—t+1

f_f 2t 2t-143 4, 1 2r 1) 41 dt
_ t+l 12 —t+1 t+1 12 t+1 4 t2—t+1

Subst uft—f o
+a ?>0
du=dt

[ x-x®dx__[Subst. t=x2|x&(—o00;0), t€(0; 00) 1 _ 1 tdt
- { x€(0;00) te(0;00) | 2 t3+1 2 | t+D)(2—t+1)
dt

v\m—A

t2—t+1 t**

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 155

[ x:x?dx__[Subst. t=x|x&(—00;0), t€(0;00)]_ 1 dt _ 1 tdt

[ x5+1 _{ dt=2xdx | x € (0; 00), £ € (0; 00) }_2 t3+1 2 | (t+1)(2—t+1)

_1 3 3+3 _ 1 fdt | 1 [ _2t42

- /[t+1 t+1] dt = 6/ t+1 + 12 | 2—t+1 dt
2

f_f 2t— 1+3 1 +1 (2t—1) 1 dt
- t+l 12 t2—t+1 6 t+1 tz—t+1 4 t2—t+1
D+

Sbt 7t—t'0
ubst. u 00) =@

2

2—t+1=(t—
du=dt

AHW

u€(—1%;00)

§In(t+1)+5; /“ ‘tii)ld"’ﬂ/u;‘i%
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Koniec 10. casti priklady b — 155

_ X-x2 dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) _ 1 dt 1 tdt
x04+1 { dt=2xdx | x€(0; x,),tf«’O o0) }_ 2 t3+1 2 (t+1)( t2*t+1)
1 3 3+3 1 [ dt 1 [ 2t+2

- /[t+1 —t+1 dt= 6 [ t+1 +1 t2—t+1 dt

f_f 2t 1+3 _ 1 dt +i (2t71)dt+l dt
- t+l 12 t+1 t= 6 [ t+1 ' 12 t2—t+1 4 [ t2—t+1

— Subst. u=t 5 t€(0; 00) - 1y 1 C1y.3 2L (\Ey2 o
du=dt | u€(—3;00) ot = (tg) 1= = (E) 5 = B H(F) >0

1 1 [ (P=t+1) dt du

¢ In(t+1)+12/ 71 T 7+T

1
4
— g In(t+ 1)+ 55 In(2 e +1)+ 3 Farctg &+
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Koniec 10. casti priklady b — 155

_ x-x2 dx__[Subst. t=x2 | x€(—00;0), t € (0; ) _ 1 dt 1 tdt
[ x5+1 _{ dt=2xdx | x € (0; 00), £ € (0; 00) }_2 t3+1 2 | (t+1)(2—t+1)
_1 3 3+3 _ 1 fdt | 1 [ _2t42

- /[t+1 t+1] dt = 6/ t+1 + 12 [ 2—t+1 dt

f_f 2t 1+3 _ 1 dt + (2t71)dt+l dt
- t+l 12 t+1 t= 6 [ t+1 t2—t+1 4 [ t2—t+1

__ | Subst. u=t—3 | te(0; )

2
u€(—1%;00)

2 3 3
et 2—t+1=(t—3)2+1-% = (t-3)?+3 = 2+(£)2 >0

2 ’
1 |n(t+1)+$/(t St

1
4
=—L In(t+1)2+ 5 |n(t2—t+1)+§

71| t7t+1

=151In 5 +2\[ arctg\f—i-cQ
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Koniec 10. casti priklady b — 155

_ X-x2 dx: Subst. t=x2| x € (—0o0;0), t € (0; 00) :l dt 1 tdt
x04+1 { dt=2xdx | x€(0; 00), t€(0; 0) } 2 t3+1 2 (t+1)( t2*t+1)
_1 3 3+3 1 d 1 [ 2t42

- /|:t+1 —t+1 dt= 6 [ t+1 it 2—t+1 dt

__1 2t 1+3 L dt +i (2t—1)dt + 1 dt
- t+l 12 t+1 6 | t+1 ' 12 t2—t+1 4 [ t2—t+1
__ | Subst. u=t—3 | te(0; )

: 2—t+1=(t—1)2+1-
du=dt uf\f%‘x) ( )

2 ’
1 |n(t+1)+$/(f ;iti)ldfﬁ/u;‘j%

=

P= (=P =R >0

=—2 In(t+1)%+ 5 In(t2—t+1)+1- L arctg wte
2
=2 In t(tjr§21+2\[ arctg\f—i-c Ln t’t+1+ 2t—1

W 23 arctg \[ +Co
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Koniec 10. casti priklady b — 155

[ x-x®dx__[Subst. t=x2|x&(—o00;0), t€(0; 00) _ 1 _ 1 tdt
- XSS! _{ dt=2xdx | x€(0; 00), t€(0; 0) }_ 2 t3+1 2 (24+1)( t2*t+1)
_1 3 3+3 _ 1 fdt | 1 [ _2t42

- /|:t+1 t+1:| dt= G/t 1+12 2—t+1 dt

f_f 2t 1+3 L dt +i (2t—1)dt+l dt
— t+1 12 t+1 6 [ t+1 T 12 t2—t+1 4 [ t2—t+1

o b i LRI R R R RO
ey [t o

=—ZIn(t+1)%+ 5 In(t2—t+1)+3 2 ¥ arctg f+c2

=2 In t(tjrfl;l +2f arctg f—l—cQ— Ln t(tjrtl;u—zf arctg %4—@

— L p oy 2x*—1

A2 2\[ arctg 73 +0, xER, ER.
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Koniec 10. casti priklady b — 156
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Koniec 10. casti priklady b — 156

— x*dx
_/(x2+1)(x27\/§x+1)(x2+\@x+1)
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Koniec 10. casti priklady b — 156

1

= x* dx — % + 7;?76 + ﬁ75 dX
(x2+1)(x27\/§x+1)(x2+\@x+1) x2+1 x24++/3x+1 x2—+/3x+1

1
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Koniec 10. casti priklady b — 156

_ x* dx 3 72%7% 2f =5 }
/(x2+1)(x2 V3x+1)(x2+V3x+1) /[X2+1 = x24+/3x+1 - —V3x+1 e

2><+4\[ 2x—¥
/2+1 + 4\[/ 2Jr\/§><+1 + x2—/3x+1 d
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Koniec 10. casti priklady b — 156

_ x*dx 4 72%7% 2f % ]
/(x2+1)(x2 V3x+1)(x2+V3x+1) /[XQ%H = x24+/3x+1 - —V3x+1 e

2+884v3-v3 | 2x-2E 313
/2+1+4f/ xzi\/ixﬂ + 7\/ +1 }dx
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Koniec 10. casti priklady b — 156

_ x*dx i 72%7% 2\/ % ]
/(><2+1)(x2 \[x+1 x2+\[x+1) /[XQ%Fl + x24++/3x+1 + —/3x+1 dx
2+8E4+v3-v3 | 2x—8E_31+V3
/2+1 +4f/ xzi\/ixﬂ + 7\/ +1 }dx

=larctgx + Lo [| — =8 V5 4 2x=V3 V3 dx
3 g 4/3 x24/3x+1 x24++/3x+1 x2—+/3x+1 x2—+/3x+1
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Koniec 10. casti priklady b —

51 52 53 53 54

56
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1 1

— X
2V3

1

_ x* dx 34 6 + 2f 6 dx
(x2+1)(x2— \[x+1 x2+\[x+1) x24+1 x24+4/3x+1 —V/3x+1
i 2X+4\T[+\/§—\/§+ 2x———f+f dx
2+1 4f X2+1/3x+1 P axtl

=Llarctgx+ Lo | - 2t _ = e i s Y

3 4\[ x24/3x+1 x24++/3x+1 x2—+/3x+1 x2—+/3x+1
_ Subst u:x+‘2f du=dx |x€R, ueR |x*£V/3x+1= (x ,éf}l 3 ﬁ(% V3)

Subst. v=X7§ dv=dx|x€R, veR (xi%) +1 (Xi§)27<%>2 >0 1122521
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iza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

53 53 54 55 55 56 57 58 59-60

52

5ill

56

Koniec 10. casti priklady b —

x_ _1 1
_ x*dx 3 + 23 6 + 2\f 6 dx
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24++/3x+1 —/3x+1
i 2+ 8843-3 n 2x———f+f dx
2+1 4xf x2++/3x+1 ff +1
=larctgx + L[| — 23 _ V3 2v3 | _P2V3 dx
3 4\[ x24+/3x+1 x24++/3x+1 —/3x+1 x2—+/3x+1
_ Subst. u=x+ ‘i du=dx |x€R, ueR|x2+V3x+1= (xv”) }1 E 4\1/3(4\7;{ \/5)
Subst. v xff dv=dx|xeR, veR (xig) 7% 7 \7 %)2 >0 %7% ? 7712
1 (P+V3x+1) (x —xfx+1 4L [ du_y 1 dv
x24+/3x+1 fx+1 2wyl T12f 241

=1 I
=jarctgx— =

iza.sk/~beerb
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Koniec 10. casti priklady b — 156

_ x*dx i 72%7% 2f % ]
/(><2+1)(x2 \[x+1 x2+\[x+1) /[XQ%Fl + x24++/3x+1 + —/3x+1 dx
2+8E4+v3-v3 | 2x—8E_31+V3
/2+1 +4f/ xzi\/ixﬂ + 7\/ +1 }dx

=larctgx+ Lo [| — 23 _ "k 2v3 V3 dx
8 4\/§ x24+/3x+1 x24++/3x+1 x2—/3x+1 x2—+/3x+1
__ | Subst. u=x+ ‘/Ti du=dx |x€R, ueR | x*£V3x+1= (x* Vﬁ‘)z +1-3 4\1@(4\7;{ V3)
Subst. v xff dv=dx|x€R, veR (xié)zf% (x i%) (%)2 >0 1122521
1 1 (P+V3x+1)  (x*—V3x+1) 1 [ du 1 [ _dv
=z arctgx——= = =
g SR =T [ x2++/3x+1 x2—/3x+1 b w2+ g t1z v2+3
_1 _In (x*4+v3x+1)—In (x> —v/3x+1) 1 1 v
=z arctgx +3 +12 garctgl-klzgarctgg—kc

iza.sk/~beerb
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Koniec 10. casti priklady b —

51 53 53 54

56

52

55 55 56 57 58 59-60

X 1 1
_ x* dx 3 + 23 6 + 2f 6 dx
(2+1) (2~ fx+1 [EERYPEE Y b Ry P —V3x+1
i 2+ 8843-3 n 2x———f+f dx
2+1 4f x2++/3x+1 —f +1
=Llarctgx + 1= [| - 203 _HE-V5 x=y3 _ HE-E dx

8 4/3 x24/3x+1 x24++/3x+1 —/3x+1 x2—+/3x+1
__ | Subst. u=x+ ‘i du=dx | xR, ueR|x*+V3x+1= (va%) }1 3 4\1@(4\77{ V3)

Subst. v xff dv=dx |x€ER, vER (xig) 7% 7 \—(%)2 >0 %7% ? 712
_1 _ 1 [[CEeVExH) (x —fx+1 L1 du 1 v
=g e 4\/3/[ x2+/3x+1 «fx+ 12 2+% +15 v2+1
_1 _ In(x2+\/§x+1)—|n(x2—fx+1) 1 1 v
=3 arctgx +3 G5 12 1 arctg ) 12 T arctg 1 AFC

1 _ X +\[x+1

3 arctg x 74\/ In ooy +1 g arctg 2utz g arctg 2v+c
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Koniec 10. casti priklady b

51 53 53 54

56

52 55 55 56 57 58 59-60

x_ _1 x__1
_ x* dx 34 T3iTs + 2EE | dx
(x2+1)(x2— \[x+1 x2+\[x+1) x2+1 x24++/3x+1 —/3x+1
i 2+ 8843-3 n 2x———f+f dx
2+1 4f x2++/3x+1 7\/ +1
=larctgx+ Lo [| — 23 _ "k 2ev3 PV
3 4\[ x24/3x+1 x24++/3x+1 —/3x+1 x2—+/3x+1
__ | Subst. u=x+> 7{ du=dx |x€ER, ueR|x iy3x}17(wi) }1 3 4\1@(4\? V3)
Subst. v=x—2%2 6 dv=dx |x€ER, vER (xig) 7% 7 \—(%)2 >0 %7% 2;3 71712
_1 _ 1 (P+V3x+1) (x —fx—}—l L dw 1 [ _dv
=3 arctgx 4@/[ 1\ /3xt 1 Va1 12| 2+ T 12 gl
1 In(x2+\/§x+1)—|n(x2—fx+1) 1 1 v
=gzarctgx— +3 +12 1 arctg £ +12 garctgg—kc
l _ X +\[x+1
=3 arctg x 74\/ In ooy +1 g arctg 2utz g arctg 2v+c
_1 _ x> +/3x+1 arctg(2x+\f) arctg (2x—/3)
=3z arctg x —4\[In 27\/§x+1+ 7 + 7 +c, xeER, ceR.
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Koniec 10. casti priklady b — 157
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Koniec 10. casti priklady b — 157

X €(—00;0), te(1;00)

x€(0; 00), te(1; 00)

__[Subst. t=x°+1
dt=6x°dx

— x5 dx
_/(X2+1)(X27\/§X+1)(X2+\/§X+1)
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Koniec 10. casti priklady b — 157

x € (—00; 0),

x€(0; 00), te(1; 00)

_ [Subst. t=x°+1
dt=6x°dx

x5 dx 3 §+§ 3 \éi
- (x2+1)(x27\/§x+1)(x2+\/§x+1)_ [XZJrl + x24++/3x+1 + x2—+/3x+1

dx
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Koniec 10. casti priklady b — 157

_ [Subst. t=x°+1
dt=6x°dx

X €(—00;0), te(1;00) dt 1
x €(0; ), te(1; 00) }_ 6 In t+c

= x° dx = [ L 3+% o + 5—% g dx
(x2+1)(x27\/§x+1)(x2+\/§x+1)_ x2+1 x2+\fx+1 7\[x+1

_ 1 f2xdx |, 1 2x++/3 2x V3
- 6/x2+1 + 6/|:x2+\/§><+1 + fx+1:| dx
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58 59-60

__[Subst. t=x°+1]|x€&(—o0;0), te(1;00) dt 1 1
_{ dt=6x°dx | x€(0; 00), t € (1; 00) }_6 In t+ &= |n(X +1)+C
XER, ceR.
_ X5 dx _ + 3+ \[ + §7 \/ d
(x2+1)(x27\/§x+1)(x2+\/§x+1) X2+1 x2+\fx+1 7\[x+1

_ 1 f2xdx |, 1 2x++/3 2x
_6/x2+1 + 6/[x2+fx+1 e +1} ok

_1 (x?41)" dx 1 (x®4+/3x+1)’ (x*—/3x+1)’
_6/ x2+1 + 6/|: x24++/3x+1 + x2—~/3x+1 ok
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_ [Subst. t=x°+1
dt=6x°dx

x €(0; ), te(1; 00)

el b=l [d=Rint + = F In(x*+1)+c,

XER, ceR.
_ x5 dx _ +\[ -4
_/(X2+1)(X27\/§X+1)(X2+\/§X+1)_/|:X2+1 + xzi\fx+1 + : \/§i<+1 dx
_1[2xdx | 1 2x+/3 2x
_6/x2+1 + 6/[x2+fx+1 T - fx+1:| dx
1 [ (x*+1) dx 1 (x®4+/3x+1)’ (x*—/3x+1)’
_E/ x2+1 + 6/[ x2+4/3x+1 + x2—+/3x+1 ]dX
=1In(x®+1) + L In(x2+v3x+1) + L In(x2—v/3x+1)+c
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Koniec 10. casti priklady b — 157

_{Subst. t=x%+1

xe(=00;0)te(lio0)]__ 1 fdt__ 1 1 6
Tl de=6xdx }_ snt+c=zIn(x*+1)+c,

x€(0; 00) t € (1; 00) 6| t

XER, ceR.

x5 dx 3 §+§ §7§
- (x2+1)(x27\/§x+1)(x2+\/§x+1)_ [XZJrl + x24++/3x+1 + x2—+/3x+1
_ 1 f2xdx |, 1 2x++/3 2x—/3
- 6/><2+1 + 6/[x2+\/§x+1 + x2—~/3x+1 ok

_1 (x?41)" dx 1 (x®4+/3x+1)’ (x*—/3x+1)’
_6/ x2+1 + 6/|: x24++/3x+1 + x2—~/3x+1 ok

=1In(x®+1) + L In(x2+v3x+1) + L In(x2—v/3x+1)+c
:% In [(X2+1)(x2+\/§x+1)(x2—\/§x+l)] +c

dx
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Koniec 10. casti priklady b — 157

_{Subst. t=x%+1

xe(=00;0)te(lio0)]__ 1 fdt__ 1 1 6
Tl de=6xdx }_ snt+c=zIn(x*+1)+c,

x€(0; 00) t € (1; 00) 6| t

XER, ceR.

_ 8 d [ 2

- (x2+1)(x27\/§x+1)(x2+\/§x+1)_ x2+1 x24++/3x+1 x2—+/3x+1

_ 1 f2xdx |, 1 2x++/3 2x—+/3

- 6/><2+1 + 6/|:x2+\/§><+1 + xz—\/§><+1:| ik

_1 (x?41)" dx 1 (x®4+/3x+1)’ (x*—/3x+1)’

_6/ x2+1 + 6/[ Xx24/3x+1 + x2—~/3x+1 ]dX

=1In(x®+1) + L In(x2+v3x+1) + L In(x2—v/3x+1)+c

=2In[(x2+1)(x®+V3x+1)(x2=V3x+1)| +c =1 In(x*+1) +c,
x€ER, ceR. )
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_ [ (*+1-1)dx
- x04+1
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_ [ (P+1-1)dx_ dx H 2\/+3 f+3
_/ x04+1 = [ dx— X6+1 x2+1 + x24++/3x+1 + —v/3x+1 dx
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_ [ (P+1-1)dx_ o dx H 2\/+3 f+3
_/ pan el (s b 2 T il T avat | 9%
1 dx 1 [[2x+%f 2X—M dx

- 3/ x24+1 43 x24++/3x+1 —v/3x+1

beerb@frcatel.fri.

iza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 158

(x*+1-1) % 2\/+3 f+3
/ T T
1 2+8834v3-v3  2=2L_3+/3 dx
3 2+1 43 x2+1/3x+1 7\fx+1
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x41— 1) _ 2\/+3 f+3
/ X6 1 /dX /x6+1 X /[x2+1 t iV T avaar)

e 2+5834v3-v3 %=L _3+/3 dx
3 2+1 4\/ ey P o
_y_arctex 1 2x+/3 + 47\36*\/5 _2x—/3 4\[ —V3 s
3 4/3 x24++/3x+1 x24++/3x+1 x2—+/3x+1 \fx+1
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53 53 54
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x®+1— 1) _ 2\/+3
/ x04+1 /dX /x6+1 X /[x2+1 +

41
+ 2555 | gy
x2+4/3x+1 —v/3x+1
e 2+5834v3-v3 %=L _3+/3 dx
3 2+1 4\/ ey P o
__arctgx 1 20v3_ | V3 23 V3T
3 4./3 x24++/3x+1 x24+/3x+1 x2—+/3x+1 x2—/3x+1
Subst u:><+‘f3 du=dx |x€R, ueR|x*+y3x+1= (x:éf +1 f m(\T \/5)
Subst. v—xfi dv=dx |xeR, veR (xi%g)zf% (xi%ﬁ)z—(%)z >0 %*% 41;3 ﬁ
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x®+1— 1) _ 2\/+3
/ x04+1 /dX /x6+1 X /[x2+1 +

—V/3x+1

+
+ 2555 | gy
x2+4/3x+1 —v/3x+1
e 2+5834v3-v3 %=L _3+/3 dx
3 2+1 4\/ ey P o
__arctgx 1 20v3_ | V3 23 V3T
3 4./3 x24++/3x+1 x24+/3x+1 x2—+/3x+1 x2—/3x+1
Subst. u=x+ ‘/Ti du=dx |x€eR, ueR|x iygx}IZ(X:§)2}l f ﬁ(%} \/5)
Subst. v xff dv=dx |x€R, veR (xi%g)zf% (xié)z—(%)z >0 11431
o arctgx (P+V3x+1)  (x*—V3x+1)
3 4xf x24+/3x+1
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iza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Koniec 10. casti priklady b — 158

+1-1) =+3 Al
/X XT1 /dX /x6+1_x /[x2+1 + x22+f\/§x+1 T \ffxﬂ} dx

2+5834v3-v3 %=L _3+/3 d

3 2+1 4\/ [ P P o } X

o _arctgx 1 { 20v3_ | V3 23 %ﬁfﬁ}
3 43 [ | x2+V3x+1

__ | Subst. u=x {‘Fi x€ER, ueR

_{Subst. v xff xeER, veR

x24+/3x+1 x2—+/3x+1 x2—/3x+1
X Bx1 = (x+8) 412
() +1 = xx £+ () >0

—y_arctgx 1 [[(EHVEIAHL)T (VA1) dx—L [_du_ o 1 [ dv
S 4v3 [ | x2+v3x+1 x2—V/3x+1 2w+l T2 241

1

1

2

du=dx
dv=dx

arctgx _In (x*4+v3x+1)—In (x> —v/3x+1) 1.
3 43 12

={=
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Koniec 10. casti priklady b — 158

+1-1) =+3 Al
/X XT1 /dX /x6+1_x /[x2+1 + x22+f\/§x+1 T \ffxﬂ} dx

[2x+“f+\f V3 2x———f+f} dx
3 2+1 4\[ 24+/3x+1 2—v/3x+1

:X_arCth_ 1 |: 2X+\f s 47\3/§7\/§ _ 2X—\/§ 4\3/§ \/§:|

x24+/3x+1 x2—+/3x+1 x2—/3x+1
X Bx1 = (x+8) 412

3 43| [ x2+V3x+1
_ | Subst. u=x+ ‘Fi x€ER, ueR
Subst. v xff xeER, veR

du=dx
dv=dx

(= )%+ = (= )+ (1) > 0

_xactex 1 [[OHVEIAY (V) g 1 f du 4 1 [ dv
3 4/3 x24++/3x+1 x2—/3x+1 12 u2+% 12 v2+%
— x_arctgx In (x*4+v/3x+1)—In (x> —v3x+1) 1.1
- 3 4/3 12 1

_, arctgx 1 xX24+/Bx+1 1 1
D —4\/§In o g arctg2u+¢ arctg2v+c
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+1-1) =+3 Al
/X XT1 /dX /x6+1_x /[x2+1 + x22+f\/§x+1 T \ffxﬂ} dx

2+5834v3-v3 %=L _3+/3 d

3 2+1 4\/ [ P P o } X

o _arctgx 1 { 20v3_ | V3 23 %ﬁfﬁ}
3 43 [ | x2+V3x+1

__ | Subst. u=x {‘Fi x€ER, ueR

_{Subst. v xff xeER, veR

x24+/3x+1 x2—+/3x+1 x2—/3x+1
X Bx1 = (x+8) 412

du=dx
dv=dx

(= )%+ = (= )+ (1) > 0

_x_arcex 1 [[0CHVEIH) (VI Ty 1 [ du (1 [ dv
3 43 Xx24+4/3x+1 x2—/3x+1 12 2+1 T 12 241

1

1

_,_arctgx In (x*4+v3x+1)—In (x> —v/3x+1) _ 1. u_ 1.1 v
=x 2 v 35 2arctg%—k12 %arctg%—kc
— x_ arctgx 1 | X*4VBx+1 1

_ 1 1
: 73 M a1 6 arctg 2u+ 7 arctg 2v+c
_x_arctex 1| x24+/3x+1  arctg (2x++/3) + arctg (2x—/3)

3 43 nx27\/§x+1_ 6 6 +c, xeR, ceR.
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dx
X+

N
|
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:logQ(t 1)7\77 (t=1)

_ | Subst. t=2¥+1, 2¥=t-1
dx=

XER, tE(l;x)}

dt
(t-1)In2

{Subst t=1/2%+1, 2*=t>—

XER, tﬁ(l;x)}

x=log, (t>—1) M dx

2tdt
@-1)in2
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| Subst. t=2*+1, 2*=t-1
=log, (t~1)="{3"

B B _dt___
xeR, te(lioo) | [ G=n)m2
dX:(Qfﬁmz 2

\n(r —1)

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1)

_2tdt
XERVH—(LX)}_ [CETYS
2td —
dx ® r1)r\nz 3
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Koniec 10. casti priklady b — 159 1

| Subst. t=2*+1, 2*=t-1
=log, (t~1)="{3"

dt
xER, te(lico)|__ | t=pmz__ 1 dt
de= t In2 | t(t—1)

\n(r —1)

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1)

2tdt
x€R, te(lioo)] [ (@-1m2_ 2 dt
Ay _2tde = t In2f t2-1

@-1)in2
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Sl B2

d
Subst. t=2"+1, 2*=t—1| x€R, te(1;00) mi 1 dt

1

(t—t+1)dt

:{ —log, (t dhe= }:/ t 2 t(t=1) 2

In(t—1 d
1)=niEh =Dz

t(t—1)

2t dt
o Subst. t=1/2X+1, 2x=t>—1|x€R, te(1;00) L @—1)m2__ 2 dt 2
T xmlogy (2-1)=ED gy e [T t  In2[ -1 2In2

In 1

lic
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| Subst. t=2*+1, 2*=t-1
T x=logy (t-1)="40

d
x€R, te(l;00)] mfi dt 1 [(t—t+1)dt
dx=rtts — t  — In2 [ t(t—1)" In2 t(t—1)

STy

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1) M

1I yZHl=ly o
V24141

2tdt
xeR teoo)_ [ 2 dt 2 =1
dx (t’zr‘ld)r‘nz :|_/ t - In2 tz_l_ 2|n2 |n +C

t+1
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| Subst. t=2*+1, 2*=t-1
T x=logy (1) =050

d
x€R, te(l;00)] mfi dt 1 [(t—t+1)dt
dx:(r—?ﬁ — t  — In2 [ t(t—1)" In2 t(t—1)

=1 [ |- dt= [In(t 1)—Int]—|—c

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1) M

1 VFEI-1 1 \/X+1
5 In \/ﬁ+1+c_ln2ln|:

R, 22tdt
X€ER, te( (t —1)|n2 2 dt 2
P / =3[ 212z N t+1+c

1 =il
21+l V21— 1} e

v
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| Subst. t=2*+1, 2*=t-1
T x=logy (1) =050

d
x€R, te(l;00)] mfi dt 1 [(t—t+1)dt
dx:(r—?ﬁ — t  — In2 [ t(t—1)" In2 t(t—1)

s [In(t—1) —In t]—!—ﬁ SHint=+c

1 /|1 1
“In2 t—1 t dt=

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1) M
1 V2X+1-1 1 V2 X+1 1/2%41-1 1 g, 2X41-2v/2%+1+41

z1n \/W+1+C_|“2ln{ T v TR N TR e

R, 22tdt
X€ER, te( (t —1)|n2 2 dt
P / =Tn2 =p5n t+1+c

v
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__[Subst. t=27+1, 2*=t—1| xR, te(Lioo) |_ (r_iﬁ: 1 dt 1 [(t—t41)dt
= log, (t—1)="{=1) dx:“;ﬁ t n2 [ t(t—1)" In2 t(t—1)

_ 1 1 1 1 2%

=2 =1t dit= |n(t 1)—|n t:|+C*m|n7+C*ln2| 1

+c

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1) M

VFFI-1 1 [v2 x+1
|n2 In VT T |n2 In

R, 22rdt
x€ER, te( (t —1)|n2 2 dt
dx= e / =2 =503 In 1 +¢

V2X41-1
n2
_ In(242—2/2%41)—In 2%

%111
In2 tc

1 1 2412/ Fi+1
1+l V21— }+C:| In

+c
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_ [Subst. t=2+1, 2*=t—1| x€R, te(1;0) _ (r_‘iﬁ:i dt 1 (t—t+1)dt

- = log, (t—1)="{=1) dx:“;ﬁ t n2 [ t(t—1)" In2 t(t—1)

_ 1 1 1 2%

=2 7_1 T dit= |n(t 1)—|n t:|+C*m|n7+C*ln2| 1
_ In2¥—In(2"+1)

In2 +c

+c

_[Subst. t=v2¥+1, 2x=t2—1
- x=log, (t>—1) 7‘”071)
In \/2X+1—1+C_7|n V2X41-1 /25411 Jrc_iln 2X41-2/2%4+1+41
|n2 V>Hirl ' 2 V2 H14+1 /2511 ~In2 2 apll =1l
_In(2XJr272\/2X+1)7In2X+ In(24-2—2/2x41)—xIn 2
- In2

& (1;00) %
xeR te(Lioo) | [ (2—1)m2__ 2 dt =1
dx ‘(r‘>2t1d)r\ 2 }_/ t - In2 2 In2 |n +C

= 1

In2 +c

+c
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Koniec 10. casti priklady b — 159, 160

1)

=log, (t 1):‘"(; dx=

| Subst. t=2*+1, 2*=t-1
— t  — In2 [ t(t—1)" In2 t(t—1)

d
XER‘f%i(l?x)}i/m,L dt 1 [(t—t+1)dt

dt
(t-1)In2

= [ 1] 4=

_ In2¥—In(2"+1) xIn2—In (2¥+1)
- In2 to= In2 tc

o~ [In(t 1)—In t} +e=psIn =5 InFEo+c

_{Subst.t V2X+L, 2*=t?—1

x=log, (t>—1) M

In YZE=L 4 o= L
=iz V2 HI41 In2 | V211 V21 PF1-1

_ In@42-2VFFT) 2 | In242-2VPFT) oxin2 | In(@%42-2VOHT)
= In2 In2 n2 —XEFE

XER, ceR.
.

2t dt
x€R, te(lioo)] [ (@-1m2_ 2 dt _ -1
o2t }—/ t 2 = 7ivz In 1 +¢

@-1)in2

\/2X+1—1 V2X41-1 1 g, 2X41-2v/2%+1+41
+ce=50n +c
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Sl B2

Koniec 10. casti priklady b — 159, 160

dx 1
241 In2

| Subst. t=2*+1, 2*=t-1
T x=logy (t-1)="40

d
x€R, te(l;00)] mfi dt 1 [(t—t+1)dt
dx:(r—?ﬁ — t  — In2 [ t(t—1)" In2 t(t—1)

_1 1 1 2%
=2 |:T ?:| dt= |n2 |n(t 1)—|n t:|+fm|n7+fln2| 2x+1+C
In2 7II:2(2 +1)+C: xIn2—In(2°+1)

o = x— I"(2 +1)+c xER, ceR.

_[Subst. t=v2¥+1, 2x=t2—1
o x=log, (t>—1) M

[n ¥Y2HI-1 +e=-LIn \/2X+1—1 V2X41-1
In2 ,/2x+1+1 — In2

& (1;00) %
xeR te(Lioo) | [ (2—1)m2__ 2 dt =1
dx ‘(r‘>2r1d)r\n2 }_/ t - In2 2 In2 |n +C

= 1

1 2°4+1—-2/2X+1+1
VZAIH1 VT 71} Tz
_In(242—24/25F1)—In 2%

2+1-1 +c

72 P In(242— 2¢|n2;+) xin2 In(2+2|n22\/W) Cxtc
XER, ceR.
.
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Koniec 10. casti priklady b — 161
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niec 10. casti priklady b — 161

_ dax VOO VIgx - [1ax . [2=(1—x) _ 2 1.
:|:Subst. t= e A i Ve e = e (g )
tx R 2 2t(£+1)—(£—1)-2 2
2= 2(1_x)=1+x = x=57, dx=2ERIS02E g — ALl | v e (0; 00)
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Koniec 10. casti priklady b — 161

x€(—1;0), te(0; 1)
x€(0;1) te(0;1)

dt=—2xdx

_ dx +
v/ 1—x2 V1—x2

x dx {Subst. t=1-x°

Viee /=) v

_ Subst.  t— lix V(1+x)(1+x) VIExX
2=l 2(1-x)=1+x = x:i;—
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Koniec 10. casti priklady b — 161

x€(—1;0), t(0;1)

de
x€(0;1) te(0;1) /m Vt

x dx _{Subst. t=1-x?

dx +
1—x2 \/1—x2 dt=—2xdx
1t=2dt

14x VAH)(+x) _ IFx [11x _  [2=(1—x) = . 2
:|:Subst. t S e i ViV i VT 1|xe( 1,1)}:/ At° dt

" 27 1)2
2=l 2(1-x)=14x = x=571, dx= 72’("(1r)‘(f)’1)2fdt s | te(0;00) (£+1)
_|u=2t u=2
=, (rsz _ t)l (2 +1)!
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niec 10. casti priklady b — 161

xe( 1oytfo1» 1

xdx Subst t=1-x? o dt
1— X2 1— Xz dt=—2xdx | x€(0; 1), t€(0; 1) /1 2 2t

-1 d= m s — Ak G
/m—z t~2 dt=arcsin x 2T +c

14x @ VIFx [Lix [2=(=x) 2 —4 2
_ Subst.  t Vie i@ vVix VI=x_V 1-x Vix 1) = :’lzticitz
2=l 2(1-x)=1+x = X*H ihe= wdt @ity | te(0io0) ()

u'=2 __ 2t + 2dt
i lv=—gr = (2 +1)71 [ 241 241
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Koniec 10. casti priklady b — 161

x€(—1;0), t(0;1)

de
x€(0;1) te(0;1) //1 2 Vt

x dx _{Subst t=1—x2

dx +
1—x2 \/1—x2 dt=—2xdx

1
1 . 3 .
— I [t=2dt=arcsinx — 112 4+ c=arcsinx — vVt + ¢
m 2 2 3
14x VA+)(1+x) _ IFx [1tx [2—(1—x) /2 _ = ((—ile 2
— | Subst. t= = e E — vim Vi =V 1w =V L XECL) | at clit2
Pl P(1-x)=1+x = x=57, dx=2EHREN2 G e | e (0;00) (£2+1)
_|u=2t u'=2 _ 2t 2dt
_{V’: . —(rmrl}_ 241 +/t2+1 — ity +2arctgt + ¢
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Koniec 10. casti priklady b — 161

(1+x ) dx

. >
—arcsinx —V1—x*+c
\/1—x2

x€(—1;0), t(0;1)

de
x€(0;1) te(0;1) /m Vt

x dx _{Subst t=1—x2

dx +
1—x2 \/1—x2 dt=—2xdx

70

70

/ e : =3 dt=arcsin x — lt; + c=arcsinx — 't + ¢
=arcsinx — V1—x2+ ¢, xe(-1;1), ceR.
:|:Sub5t. . \11% % :i\i \/’g \/’@ v; xt(*l;l)}:/%
Pl P(1-x)=1+x = x=57, dx=2EHREN2 G e | e (0;00) (51)°
:{;,f% :/:it;] :7(f2+1>*1}:_t22i1+/t22f1 — i H2arctgtfc
14+x

2
:—?&i*xz + 2arctg \/1% +c
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Koniec 10. casti priklady b — 161

(1+x ) dx

. >
—arcsinx —V1—x*+c
\/1—x2

x€(—1;0), t(0;1)

de
x€(0;1) te(0;1) /m Vt

x dx _{Subst t=1—x2

dx +
1—x2 \/1—x2 dt=—2xdx

70

70

/ e : =3 dt=arcsin x — lt; + c=arcsinx — 't + ¢
=arcsinx — V1—x2+ ¢, xe(-1;1), ceR.
:|:Sub5t. . \11% % :i\i \/’g \/’@ v; xt(*l;l)}:/%
Pl P(1-x)=1+x = x=57, dx=2EHREN2 G e | e (0;00) (51)°
:{;,f% :/:it;] :7(f2+1>*1}:_t22i1+/t22f1 — i H2arctgtfc
14+x

2
=— =2 4 Darctg S~ + r[
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Koniec 10. casti priklady b — 161

(1+x ) dx

Vi

= arcsin x

x€(—1;0), t(0;1)

de
x€(0;1) te(0;1) /m Vt

x dx _{Subst t=1—x2

dx +
1—x2 \/1—x2 dt=—2xdx

_1 .
/ﬁ_% t 2dt:arcsmx—l“+c—arcsmx—\f—i—c
X 2
=arcsinx — V1—x2+ ¢, xe(-1;1), ceR.
14x VA+)(1+x) _ IFx [1tx [2—(1—x) /2 _ = ((—ile 2
_ Subst. t S = ) Vi \/1+X Y iex = 1/xe(-1;1) L 42t ?_tZ
2=l 2(1-x)=1+x = xfﬁ, dx= 26 () 2 (13 ‘(r)fl) zrdtfi( ‘}d{), te(0; 00) (t2+1)

x|, 1 L 24— 2t 4 Darctgt +
v s (t2+1) t2 41 241t +1

- 1+X1+X1 +2arctg 1+X {2“7‘7

- \/l—x2 +c xe(-1;1), ceRrR.

=2 arctg &
& /i
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Koniec 10. casti priklady b — 162

_VIEx . [1ex . [2-(1-x) _ 2 2 14x |, o
_[subst e Sl RO [E o et e (-1
P1—x)=14x = x=5=2, dx= 202 e At | e (0;00)
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Koniec 10. casti priklady b — 162

X X [2—(1—x 2 2 X —
Subst. t:i:%:\//{lX:\, %:\/ 1Zx 1, tzzilx x€e(—1;1) /4;2 dtz
> 2 2_4). , t>+1
P1-x)=14x = x=Gb, dx=2EHE02 g, sac | e (0 00) (£2+1)
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Koniec 10. casti priklady b — 162

[ /i _ v, *7 xe(-1:1) (1+x) dx x dx
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Koniec 10. casti priklady b — 162

2t [2dt
v=—g=—(2+1)71 [ t241 t241

:{\’/1 e O T T /(1+X )dx_ x dx
—x VI—=x  J1—x »m* =
V1—x2 \/1 x2 V1—x2
_ [Subst. t=1—x?|x€(—1;0),tc(0;1)
dt=—2xdx |x€(0;1) te(0;1)
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niec 10. casti priklady b — 162

st =E=iB=EE = 2 o= xeun| L [ ade

= ) = 2 2
wdt 7 ’“’) te(0; ) 5

_ 2t 2dt

- f(r2+1>*1}_ t2+1+/t2+1 t2+1 +2arctgt + ¢

70

70

:{ [fix _ I _ VI VOE __1ix ye(-1:1) (A+x)dx xdx

[T=x = Vix  VI—x Vitx ~Ji—2' * =

v Vi : T VA V1—x2 \/1 x2 V1—x2
dx

1

\/m27

_ {Subst. t=1—x?

x€(—1;0),te(0;1)]__
dt=—2xdx

x€(0;1) te(0;1)
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niec 10. casti priklady b — 162

_[subst e=vEES fEro 00 [ e=blxe-ny|_ [ ade
5 21 _ (e \(l) (L; 12t gp_atdt t€ (0; 00) (t2+1)2

(E+1y

2t 2dt
—aat 2= t2+1 +2arctgt + ¢

\’W VAx)(1—x) va

70

70

=[ v VIRV w1 (A+x)dx xdx
_{Subst.t:l x? _dx 1

dt=—-2xdx

x€(=1;0),te(0;1)]__
x€(0;1) te(0;1)

_1
VvV 1-x2 T2 7— \/1—x2_2/t s dt
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Koniec 10. casti priklady b — 162

Itx 4, — SEDY
/ 1 dx = 2arctg \/ 1-»

_ | Subst. e=EE—,frx AN S22 1 xZ:;L; xe(-1;1) |_ 4;2dt2
£(1-x)=1tx = x=f, de= MOQLEDN X gr— 8, | € (000) (£+1)
u=2t u'=2 2t 2dt
—{v’: wz{t])} v=—gl= —(t2+1)’1}_ 241 + 211 t2+1 + 2 arctgt + ¢
_ A 2 E ,‘i e R
_\‘172(1 ‘LH \V: = \/ Y [ (1-x)2=+/(1+x)(1—x) \/17><2J

=2arctg /1= — V1 +c1, xe({—1;1), ct€R.

70

70

:{ i x:v?g/m_vff o xe(-101) (A+x)dx xdx
V 1I—x V1-x Vi—x I+x /1 X2 /1 X2 /17X2
_{Subst t=1-x2|xe(=1;0), te(0;1) } _dx 1

1
= [ == — 2
dt=—2xdx | x€(0;1) t€(0;1) /1—x2 2 \/ /1_X2 2/t dt

[N

=arcsin x — %t? 4+ @
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Koniec 10. casti priklady b — 162

Itx 4, — SEDY
/ 1 dx = 2arctg \/ 1-»

_ | Subst. e=EE—,frx AN S22 1 xZ:;L; xe(-1;1) |_ 4;2dt2
£(1-x)=1tx = x=f, de= MOQLEDN X gr— 8, | € (000) (£+1)
u=2t u'=2 2t 2dt
—{v’: wz{t])} v=—gl= —(t2+1)’1}_ 241 + 211 t2+1 + 2 arctgt + ¢
_ A 2 E ,‘i e R
_\‘172(1 ‘LH \V: = \/ Y [ (1-x)2=+/(1+x)(1—x) \/17><2J

=2arctg /1= — V1 +c1, xe({—1;1), ct€R.

70

70

:{ i x:v?g/m_vff o xe(-101) (A+x)dx xdx
V 1I—x V1-x Vi—x I+x /1 X2 /1 X2 /17X2
_{Subst t=1-x2|xe(=1;0), te(0;1) } _dx 1

1
= [ == — 2
dt=—2xdx | x€(0;1) t€(0;1) /1—x2 2 \/ /1_X2 2/t dt

1
=arcsin x — %?2 + c=arcsinx — Vt + &
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Koniec 10. casti priklady b — 162

14+x - / > ) 5
/ ﬁdX72arctg\elj ) v1—x

_ | Subst. e=EE—,frx AN S22 1 xZ:;L; xe(-1;1) |_ 4;2dt2
£(1-x)=1tx = x=f, de= MOQLEDN X gr— 8, | € (000) (£+1)
u=2t u'=2 2t 2dt
—{v’: wz{t])} v=—gl= —(t2+1)’1}_ 241 + 211 t2+1 + 2 arctgt + ¢
_ A 2 E ,‘i e R
_\‘172(1 ‘LH \V: = \/ Y [ (1-x)2=+/(1+x)(1—x) \/17><2J

=2arctg /1= — V1 +c1, xe({—1;1), ct€R.

—[ x:vﬁivﬁ_vfi s xe(-131) (A+x)dx__ xdx
V=T g ) m \/ﬁ Vi-x2
_ [Subst. t=1—x2| xe(—1;0), t€(0;1) _dx 1/ dt. 1 t_%dt
_{ dt=—2xdx | x€(0;1), t€(0;1) } Jix2 2 1— X2 2
i
=arcsinx — 22 + c=arcsinx — V't + ¢ =arcsinx — V1-x2 + o,
3
€(-11), €R.
v
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__[Subst. t=—x|xe(-1;1)
dt=—dx |te(-1;1)
__[Subst. t=—x|xe(—-1;1)
dt=—dx |te(-1;1)
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__[Subst. t=—x
dt=—dx

xe(-1L1)]_ 1-t
te( 1‘1)}_ / 1+tdt

__ [Subst. t=—x
dt=—dx

xe(-1;1)]_ 1-—t
te( 1‘1)}_ / 1+t dt
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Koniec 10. casti priklady b — 162

__[Subst. t=—x
dt=—dx

xe( 1;1:;__ 1-t
te( 1‘1)}_ / 1+tdt

:{Pr. 163: /‘/}jrj dx = VI—x2—2arctg \/ 1= +c;, xe(-1;1)

__ [Subst. t=—x
dt=—dx

xe(-1;1)]_ 1-—t
te( 1‘1)}_ / 1+t dt

:{Pr. 163: 2 dx = arcsinx+v1-x2+ ¢, xe(—l;l)}
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Koniec 10. casti priklady b — 162

__[Subst. t=—x
dt=—dx

xe( 1;1:;__ —t
te( 1‘1)}_ / 1+tdt

:{Pr 163 /\,}f—;dx VI—x2—2arctg V}—uq xe(—1;1)

—[\/l—t2 — 2arctg 1+t +a

x€(-1;1) __ 1-—t
te( 1‘1)}_ / 1+t dt

:{Pr 163: /\,” X dx = arcsin x+v1-x2+c, x€( 1‘1)}:—[arcsin t+ AV, 1_t2:| + @

__ [Subst. t=—x
dt=—dx
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Koniec 10. casti priklady b — 162

1+4x dx
1=>c

__[Subst. t=—x
dt=—dx

xe(-1L1)]_
te( 11)}_ / 1+tdt

:{Pr 163 /\ Ixdx = VI—x2—2arctg \/’}’—jJrq, x€(-1; 1)}

—[\/l—t2 —2arctg (/15 | + a=2arctg /1= — /1-(—x)2+

xe(—-11)]__
te( 1‘1)}__/ 1+t ; dt
{Pr 163: /v—dxfarcsmx{ VI-x2+a, xe( 1‘1)}:— |:a|'csin t+ vV 1—t2:| + @

:—arcsm — /1 24 Co

__ [Subst. t=—x
dt=—dx
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V1—x2

__[Subst. t=—x
dt=—dx

xe(-1L1)]_
te( 11)}_ / 1+tdt

{Pr 163 /\ Ixdx = VI—x2—2arctg \/’}’—jJrq, x€(-1; 1)}

—[\/l—t2 —2arctg (/15 | + a=2arctg /1= — /1-(—x)2+
=2arctg /1 — V1-x%2 + ¢1, x€(-1;1), c ER.

x€(-1;1) __
te( 1‘1)}_ / 1+t ; dt

:{Pr. 163: .\,/gdx:arcsinx{ V1-x2+c, x€( 1‘1)}: — |:a|'CSin t + AV, 1_t2:| + @

:—arcsm — /1 —|—cfarcsmx—\/1 X2-|-C2,
x€(=1;1), o €R.

v

__ [Subst. t=—x
dt=—dx
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_VI=x_ [1—x_ [2=(14x) _ 2 21—
[ Subst t= 1+>x<7 1+)X<* I+x m_l’ t*1+; Xc( 1’1}
2 _ a2 _ 2t(P41)—(1-t2)2t 1 _atde =4
t(1+x)=1-x = x=337, d =——wnar — 9t=(zmye te(0; o0)
1-x A=x _ V/1=x 1=x 1-x =
= |V = v v e XL
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/T—x 1 2—(14x) 2 2_1 2
_ Subst. t:1/1+X:\/m:\/ e = e 1, =1 |xe(-L1 L _gt dg
2(1-+x)=1-x = x=12, dX:Wdt:@flf{z t€(0: 00) (t2+1)
1-x _ VI—x _ V/I—x I—x 1—x xé( 11)_ (1_X)dx
T VI T VIR T Vi Vix . ix — 2
1—x
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—4t% dt
(£2+1)?
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69

70

70

_|u=2t u'=2 L
T v=—@p = =@+ ) [ 2+ t2+1
:[ /ﬁ Vi—x _ VI—x /I—x 1-x xe(-1 1)}: (l_X) dX: dx _ x dx
T+x VItx VIix V1I—x —
v H ! ! Vi V1-x2 V1-x2 V1-x2

—1;0), te(0; 1‘;}

(0;1) te(0; 1)

_ [Subst. t=1—x2|x
dt=—2xdx | x€
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R

e 11}=/%
(1) —(1—-13)2t 4, _ t>+1
— SHEL% gy tede | pe (0;00)

_ 2t 2dt
(tZ—l)’l}_ ol i t2+1 —2arctgt+ ¢

70

1- X)dX dx x dx

= /lox = VIx _ vI-x V1-x 1-—x xe(~1;1)
V T+x T+x ~ VI+tx VI—x Vi-x? l—s® /1—X2 /1—X2

;:(71‘0}‘%(0,1‘;}: dx 1 [dt

€(0;1) te(0;1) /1—x2 + 2|t

_ [Subst. t=1—x?
dt=—2xdx
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| Subst. t=¥ix—, /1 X:\/Zl(i'x):\/ﬁ 1, =12 Ixe(-11) |_ [ —42dt
= . ; = | (2+1)2
TG (tli)+l()12 212t g ttde | e (0;00) (£24+1)
__ 2t 2dt
=501 | 2 t2+1 —2arctgt+ ¢

(1-x)(1+x)=v1 XQ]

1= (14+x)2 =y

70

70

:{ (== = = = e(-11) } (1—x) dx dx x dx
VE-TE-TR S e ) Vie ) Vie
Subst. t=1—x2 | xe(—1;0), t€(0; 1) dt dx 1/, 1

= —_— = 2
{ dt=—2xdx | x€(0;1) t€(0;1) } 1— Xz / /1_X2+2 tzdt
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xe(=1;1)|__ [ —at?dt
te(0;00) (£2+1)?

2(l+x)=1-x = x=1f dx="20ED0C)2 4 arde

u=2t u'=2 _ 2t 2dt
_{V’:’wzﬁ) V=i :(t271)’1}_ t2+1 /t2+1 t2+1 —2arctgt + a
_ WE oW E
== WE B e r - [T -V R
=v1—x2 — 2arctg = +a xe(-1;1), aer.

70

70

1- X)dX dx x dx

—
=[VE-B-EE- e “} Vi@ iz
v v v V1-x? 1—x2 1—x2 1—x2

€(—1;0) te(0;1) dt dx 1/,-1
x\m01) 017} 1— Xz /1_X2+2/t 2dt

_ [Subst. t=1—x?
dt=—2xdx

=arcsinx + 1 ” 4+ @
f
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xe(=1;1)|__ [ —at?dt
te(0;00) (£2+1)?

2(l+x)=1-x = x=1f dx="20ED0C)2 4 arde

u=2t u'=2 _ 2t 2dt
_{V’:’wzﬁ) V=i :(t271)’1}_ t2+1 /t2+1 t2+1 —2arctgt + a
_ WE oW E
== WE B e r - [T -V R
=v1—x2 — 2arctg = +a xe(-1;1), aer.

70

70

1- X)dX dx x dx

—
=|VE-E-RE-j= e Vi@ iz
v v v V1-x? 1—x2 1—x2 1—x2

€(-1;0),te(0;1) dt dx 1 tf%dt
le\O,l) (0;1) } /1 Xz /1_X2+2/

=arcsinx + 34 + c=arcsin x + \f—kcz
2

_ [Subst. t=1—x?
dt=—2xdx
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7
X4

[ Subst t:1;11+§:\/g:\/21(i X):\/li 1, 2=1=%Ixe( 1;1\}:/_41’2511’
P(ltx)=1—x = x=1f, dx="202 5 caede | e (p; o) (E=Any
_{Z’: ij’zﬁ) :,: il] = (t271)’l}: f22‘£1 _/tzzitl t2+1 —2arctgt +a
= =3B B E,ﬁf 15 (L= =T
=v1-x2 —2arctg /122 + a1, x€(—1;1), q €R.

=[RS 1 (1) (A=x)dx__ dx [ _xdx
VR = s = v T v X< 1-x2 m \/ﬁ
€(~1;0), te(0;1) Y de
Xv\O 1) te(0;1) } ‘/1 Xz /
=arcsinx + 14 + c=arcsinx + \f—k cy =arcsin x + \/1 x2 + o,
( 1; 1), o €ER.
.

_ [Subst. t=1—x?
dt=—2xdx
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__[Subst. t=—x | xe(-1;1)
dt=—dx |te(-1;1)
__[Subst. t=—x|xe(-1;1)
dt=—dx |te(-1;1)
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__[Subst. t=—x
dt=—dx

xe(-1L1)]_ 1+t
te( 1‘1)}_ / lftdt

__[Subst. t=—x
dt=—dx

xe(-11)]_ 1+t
te( 1‘1)}_ / 17tdt

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

61 61 62 62 63 63 64 65 66 67 68 69 70 70

Koniec 10. casti priklady b — 163

__[Subst. t=—x
dt=—dx

xe( 1;1:;__ 1+t
te( 1‘1)}_ / lftdt

:{Pr. 162:/ Lix gy = 2arctg /1% —I—x2+¢, xe(-1;1)

__[Subst. t=—x
dt=—dx

xe(-11)]_ 1+t
te( 1‘1)}_ / 17tdt

:{Pr‘ 162:/ L dx = arcsinx—VI—x2+0,, Xe(fl:l)}
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__[Subst. t=—x
dt=—dx

xe(-1L1)]_ 1+t
te( 1‘1)}_ / lftdt

[ [Tox_ T2
= | Pr. 162 /\/ﬁdx 23rctg\//ﬁ—y1—x2+q, x€e(-1;1)

:—[Qarctg,/ﬁ — \/1—t2} +a

__[Subst. t=—x
dt=—dx

xe(-11)]_ 1+t
te( 1‘1)}_ / 17tdt

:[Pr 162 ./\/gdx arcsinx—v1—x2+0, x?(fl‘l)}: — |:a|'CSin t— V4 1_t2:| + Cp)
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xe(-1L1)]_ 1+t
te( 11)}_ / lftdt

{Pr 162 /\ 5 dx = 2arctg | /15 —VI-x2+a, x€(-1;1)

—[Qarctg,/H — \/1—t2} +c1:—2arctg1/1;—; +/1—(—x)?2+

__[Subst. t=—x
dt=—dx

__[Subst. t=—x
dt=—dx

xe(-11)]_ 1+t

te( 1‘1)}_ / 1-t dt

:[Pr 162 /\/gdx arcsinx—v1—x2+0, x?(fl‘l)}: — |:a|'CSin t— V4 1_t2:| + Cp)
== arcsm + \/1 2 4 C

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

61 61 62 62 63 63 64 65 66 67 68 69 70 70

Koniec 10. casti priklady b — 163

__[Subst. t=—x
dt=—dx

xe(-1L1)]_ 1+t
te( 11)}_ / lftdt

{Pr 162 /\ 5 dx = 2arctg | /15 —VI-x2+a, x€(-1;1)

—[Qarctg,/H — \/1—t2} +c1:—2arctg1/1;—; +/1—(—x)?2+
:f2arctg,/ijr—§ +V1-x2+ ¢, xe(—-1;1), aeR.

x€( 1;1}}:_‘/ %dt
te(-1;1) —t
:[Pr 162 ./\/gdx arcsinx—v1—x2+0, x?(fl‘l)}: — |:a|'CSin t— V4 1_t2:| + Cp)

*farcsm +\/ +C2—arcsmx+\/l X2+C2,
€(-1;1), €R.

4

__[Subst. t=—x
dt=—dx
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__ | Subst. =il fOUR2 g 2 =
t2(x—1)=x+1, xff‘?% dx:%dt (‘“d)‘ x€(1;00), te(1;00)
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_ [ subst. t=/E= /008 1 2 2=t e (o -1), te (@) | [ —adt
= N = 2_1)2
P(x—1)=x+1, x= 52, dy=2ENAEM2 4 —sit | e (1;00), te(Lio0) [0
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__ | Subst. t V% VERE= 1428, =2 xe(—00i-1), te(0:1) _/74t2dt
t2(x—1)=x+1, x:f‘: 1 dx:zif({f(lr)f(f;‘“)mdt:(r¢,4‘1"]‘, x€(1;00), te(1;00) - (1)
u=2t u'=2

g L2
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Vo x=1 \11+TZ1' t2 %
2t(?—1)—(t41)-2t d

i dx:%dt:w‘“”‘,
__ 2t _ [ 2dt
(2—1)? t2—1 t2—1
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70

_ [ subst. t=/E= /008 1 2 2=t e (o -1), te (@) | [ —adt
= . = 2_1)2
t2(x—1)=x+1, x:f‘: 1 dx:%dt:w‘“f]ﬁ x€(1;00), te(1;00) e

u'=2 _ 2t _ [2dt_ 2t _ 2 t—1
Y= (z271)1}_t2—1 /t2—1_t2—1 2|n|t+1|—|—c
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Subst t \,/j’} ,’% \/1+L 2= xe(—o0; 1), te(0;1) |_ [ —4£%dt
2 — 2_1)2
t2( J=x-+1, x=54 dx=20 7(1) (412t 4y (4““ x € (1;00), te(1;00) (£2-1)
u=2t u'=2 _ 2t [ 2dt 2t 2 |t—1|
{v’ v = (21 1} 21 /t271 s il AUN e el
A i =l = Un =1 <= @
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:[Subst. t V% Ve Vitet, 2=
2

_t 1 dXZZr(r—l) (r+1)21dt
_|u=2t
V'= @iy

u'=2 _ 2
y ﬁ (271)1 / 2|n|t+1|+c
2t [xL 5

7 +In|t+1] —In|t— 1\ I c—{

70

70

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

61

61 62 62 63

Koniec 10. casti priklady b — 164

3 64 65 66 67 68 69 70 70

Subst t \,/% v L;l)rz \,/1+szl. 2= | xe(—o0
t2( ) il xftp % dx:u )—(t°+1)-2t dt= f:z]d]t?

_ u=2t u'=2 _ 2t 2dt: 2t
o ﬁ v= gl = (2—1)1 t2—1 t2—1" t2—1

_ 2t

7 +In[t+1] —In|t—1] —&-c:{%
=(x—1)y/22 +1n [ ;—j}ﬂ} .
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Subst ==/ = 1y, = xe(ooi-1), te(0i) [ —ai?de
= 2_1)2
(x—1)=x+1, x=55, dy= 2D 20 gr L |y (1;00), te (15 00) (£2-1)

_|u=2t

_ 2t

u'=2 _ 2t f2dt_ 2t 2
V=l (271)1}_#—1 2—1— ?—1 2|n|t+1|—|—c

7 +In[t+1] —In|t—1] —&-c:{%
=(x—1)y/22 +1n [ ;—j}ﬂ} .

=L )
:(x—l)ﬁvij +In ‘/gil +c
x—1
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—2t
(Rl ==

=Z2- +in|t+1] —In|t—1] + c:{f
— x+1 sl
=(x-1) m-‘rm[ X;_rl-i-l}—

L 4
—(x—1)xxtl Vx—1 /2 _ VXHIHVX=1 VX +H1+V/x—1
_(X l)m + In L g T o=vX 1+ In |:\/x+1—\/x—1 VXx+1+v/x—1
1

x—

| e
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—2t
(Rl ==

=Z2- +in|t+1] —In|t—1] + c:{f
— x+1 sl
=(x-1) m-‘rm[ X;_rl-i-l}—

Vx+1 41
(v 1\VXx+1 V/x—1 7 _ VXx+14+v/x—1 /x+1+v/x—1
0Dt e vl In| AR
X A/ x2—14+x—
=>2=1+In Pt 4 ¢

| e
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—2t
(Rl ==

=Z2- +in|t+1] —In|t—1] + c:{f
— x+1 sl
=(x-1) m-‘rm[ X;_rl-i-l}—

Vx+1 41
_(y_1\VxH1 Vx—1 /o2 VXx+H1+VXx—1 /x+1+/x—1
=== +|”7\/XT_1171 hESYS 1+|n{m-m\/m+m
=Vx2—1+1n —XHJ;il‘_X(ZX__ISX_l +c=vx2=1+1In 2X+2\/7 +c

| e
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70

| Subst. t \,/j’} \,’(x;l{*z \,/1+X—21. 2= xe(—o0; 1), te(0;1) |_ [ —4£%dt
= ‘ 2_1)2
t2(x—1)=x+1, X:%‘ dx= 2= (t+1)-2 7(137(1[;‘“)2’dt:(ra‘“f]ﬁ x€(1;00), te(l;00) (£2-1)
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_ x€(0;1) |— Subst. t=+/x
1—/x>0: x€(0;1)

\/7
x=t2, dx=2tdt / 2tdt

2(1+t)=1-t — /5. 2(1— z). _4zdz
- zz+1 (z2+1)?

te(0;1), ze(0; 1)

x€(0;1)
te(0;1)

Vi—t_ [1-t (==t 24
Subst. z= \/Trr*\/ e =\ Tt \, T

1-2 22(224+1)—(1 7—’).27
t=f, dt=—""1mgp——dz

20,2
o z°(z°—1)dz__[Rozklad na parcialne zlomky: |<= 2 3 1
—8/ (ZZF1)° —{u74 2 N=8 [ — e T ) 42

@y~ @H)P @2 T2

(z \ 1)2
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niec 10. casti priklady b — 170

VXER: x € (0; 00)
1—/x>0: x€(0;1)

Xft:'O;l /\/7 2tdt

tﬁ\(O;l

x€(0;1) |— Subst. t=+/x
x=t2, dx=2tdt

2(1+t)=1-t — /5. 2(1— z). _4zdz
- zz+1 (z2+1)?

te(0;1), ze(0; 1)

2z(2+1)—(1-2°)-2z
(2+1) d

Vi—t_ [1-t /z 1t [2 4
Subst. z= VI = Ve =\ T \, e 1
z

(z \ 1)2

@y~ @H)P @2 T2

[Pr 121: I, Z,"ﬁ) }
23t T

2(z —l)dz Rozklad na parcialne zlomky: 2 3 1
8/ (zz+1)3 —[7 I S ]—8 [y~ e t 2] 92
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Koniec 10. casti priklady b — 170

1—/x>0: x€(0; 1)

x=t2, dx=2tdt

:|:\/;€ R: x € (0; o0) X€<0;1>}:{Subst. t=+/x

x€(0;1) \/ 2tdt
te(0;1)

2(1+t)=1-t | . 2(1-7") —4zdz

- 2 (2211)2

G | 1e(0:1), ze (0 1) =l =l

2

—l)dz Rozklad na parcialne zlomky: 2 3 1

8<z 22 1dz_ oo =gfl 2 3 4 19q,

(ZZ+1)3 (Z‘+f)‘ :(zfil)‘ (z—'}rl)Z ! z»’l+1 [(22+1)3 (ZZ+1)2 i 22+1}

|:Pr 121: I, .Zd g } :16/3724I2+8/1

=1 1+ T

_ Vit /1=t /z 1t [2 4
Subst. Zit/mf\’l t =\ Tt \, T
22(2241)—(1-2%)-22
(2+1)? d

z
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Koniec 10. casti priklady b — 170

1—/x>0: x€(0; 1)

x=t2, dx=2tdt

:|:\/;€ R: x € (0; o0) X€<0;1>}:{Subst. t=+/x

x€(0;1) \/ 2tdt
te(0;1)

2(1+t)=1-t | . 2(1-7") —4zdz

- 2 (2211)2

G | 1e(0:1), ze (0 1) =l =l

2

—l)dz Rozklad na parcialne zlomky: 2 3 1

8<z 22 1dz_ oo =gfl 2 3 4 19q,

(ZZ+1)3 (Z‘+f)‘ :(zfil)‘ (z—'}rl)Z ! z»’l+1 [(22+1)3 (ZZ+1)2 i 22+1}

{P' 128 1,= [y } = 16/— 24k +8h=16[32+ 2 ] —24h+8h

2
z2+1
=1 1+ T ( )

_ Vit /1=t /z 1t [2 4
Subst. Zit/mf\’l t =\ Tt \, T
22(2241)—(1-2%)-22
(2+1)? d

z
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Koniec 10. casti priklady b — 170

1—/x>0: x€(0; 1)

:|:\/;€RZX€<0;OO)

x€(0;1) |— Subst. t=+/x
x=t2, dx=2tdt

x€(0;1) \/ 2tdt
te(0;1)

2(1+t)=1-t | . 2(1-7") —4zdz

- 2 (2211)2

G | 1e(0:1), ze (0 1) =l =l

2

—l)dz Rozklad na parcialne zlomky: 2 3 1

8<z 22 1dz_ oo =gfl 2 3 4 19q,

(ZZ+1)3 (Z‘+f)‘ :(zfil)‘ (z—'}rl)Z ! z»’l+1 [(22+1)3 (ZZ+1)2 i 22+1}

{P' 121: b= [ } = 165—24h+8h=16[3k + ;2 1241, +8)

2
z2+1
=1 1+ T ( )

_VIt_ [1=t (==t 24
Subst. z= \/Trr*\/l T\ e \, T

2z(2+1)—(1-2°)-2z
(2+1) d

z
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Koniec 10. casti priklady b — 170

VXER: x€(0; 00)
1—/x>0: x€(0;1)

x€(0;1) |= Subst. t=+/x
x=t2, dx=2tdt

tﬁ\(O;l

X%‘O?l /‘ﬁ 2tdt

— Subst. Z:t/]ﬁr* /’i :*\/2 lrt \/1ir 1| 22(1+t)=1-t z. 1 z ) —4zdz
- - T211 D 2
de= 2L R e Gy | te(0i1), z€ (0 1) ()
_ Rozk\ad na parcwalne zlomky > 2 _ 3 1
_8/ ZZ+1)3 { = G~ z"l+1:| _8/[ (22+1)3  (22+1)? + 22+1} dz

17, 2L Uy .zd 1y } =165—245L+8L1=16 [%4*#)2} —24/,+8h

4(z2+1
S=1 1+ T (

z I
= G — 12h+8h= oy — 12[ 4+ 5E | +8h
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Koniec 10. casti priklady b — 170

VXER: x € (0; 00)
1—/x>0: x€(0;1)

x€(0;1) |— Subst. t=+/x
x=t2, dx=2tdt

tﬁ\(O;l

Xft:'O;l /\/7 2tdt

/ omi—e. [ 2 1
_ Subst. Z:t/]ﬁr* /i :*\/2 lrt V lir 1| 2(1+t)=1-t Zo 1 Zz ) —4zdz
- - T 211 2 2
dt 2ie )»1(;12 7)27dz (ZA‘ZUZZ te(0;1), ze(0; 1) z241 (Z +1)

R
Rozk\ad na parcwalne zlomky: > 2 _ 3 1
8/ Zz+1)3 { 3 I } —8/[ (22+1)3 (ZZ+1)2 + 22+1} dZ

l+1 A 22 13 (22+1)2 T 2241

Pr 121 = [y } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

4(z2+1
S=1 1+ T (

z I z
= W —12h+8h= (z24+1) —12 [ >+ 2(22+1)] +8h= (z24+1) 2+1 +2h
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Koniec 10. casti priklady b — 170

VXER: x € (0; 00)
1—/x>0: x€(0;1)

x€(0;1) |— Subst. t=+/x
x=t2, dx=2tdt

tﬁ\(O;l

Xft:'O;l /\/7 2tdt

/ omi—e. [ 2 1
_ Subst. Z:t/]ﬁr* /i :*\/2 lrt V lir 1| 2(1+t)=1-t Zo 1 Zz ) —4zdz
- - T 211 2 2
dt 2ie )»1(;12 7)27dz (ZA‘ZUZZ te(0;1), ze(0; 1) z241 (Z +1)

R
Rozk\ad na parcwalne zlomky: > 2 _ 3 1
8/ Zz+1)3 { 3 I } —8/[ (22+1)3 (ZZ+1)2 + 22+1} dZ

l+1 A 22 13 (22+1)2 T 2241

Pr 121 = [y } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

4(z2+1
S=1 1+ T (

4z 4z
W—12/2+8I1: (Z2+1)2 12[ +2(22+1)] +8h= (Z+1)? 2+1+2/1
+2arctgz+c

4z
(z2+1)? 22+l
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Koniec 10. casti priklady b — 170

_ |VXx€R: xe(0;0) x€(0:1) |— Subst.  t=./x|x€(0;1) \/ 2tdt
T [1-vx>0: xe(0;1) T [x=£ dx=2tdt|te(0;1)
| Subst. Z:\:/%ﬂi\”i :7\’2 == V ﬁr 1| 22(1+t)=1-t . 7. 2(1—z ) —4zdz
= = 211 2 2
e (‘j)»f}z 22z g, @ \1)2 te(0;1), ze(0;1) Z+1 (z2+1)
2
—1) dz Rozklad na parcialne zlomky: 2 3 1
(ZZH)3 e R [(z2+1)3 (Z2+1)? + 22+1}

{P' 121: b= [ } = 165—24h+8h=16[3k + ;2 1241, +8)

2
z2+1
=1 1+ T ( )

4z I Az
_12/2+811: +1)? 12[ >+ 2(22+1)] +8h= @Z+12 z2+1 +2h
+2arctgz+c= { = V1vX

V1+tvx

(22+1)2

6z _ /v 2 s
1= VX=X 2y/1—x

4. v /o2
(97‘1),:»1 xX+vVx—x2

4z
(z2+1)? 22+l
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Koniec 10. casti priklady b — 170

VXER: x € (0; 00)
1—/x>0: x€(0;1)

x€(0;1) |— Subst. t=+/x
x=t2, dx=2tdt

tﬁ\(O;l

Xft:'O;l /\/7 2tdt

/ omi—e. [ 2 1
_ Subst. Z:t/]ﬁr* /i :*\/2 lrt V lir 1| 2(1+t)=1-t Zo 1 Zz ) —4zdz
- - T 211 2 2
dt 2ie )»1(;12 7)27dz (ZA‘ZUZZ te(0;1), ze(0; 1) z241 (Z +1)

R
Rozk\ad na parcwalne zlomky: > 2 _ 3 1
8/ Zz+1)3 { 3 I } —8/[ (22+1)3 (ZZ+1)2 + 22+1} dZ

l+1 A 22 13 (22+1)2 T 2241

Pr 121 = [y } = 1613 — 24 +8h=16[32 + Ay | — 24 +8h

4(z2+1
S=1 1+ T (

— z z 6z
W—12/2+8I1_ (z24+1) 12[ +2(z2+1)]+8ll (z2i1)2_@+2/1

:(22“%)2 22+l+2arctgz+c { 2=V
:\/l—x—&—\/X—x2—3\/1—X+23"Ctg%+c

4z _ et /x—x2
mfylxvxx7
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Koniec 10. casti priklady b — 170

/f dx = —2y/1—x + V/x—x? + 2 arctg f +

/V 2t dt

x€(0;1) }

x=t?, dx=2tdt|te

_|:\/;€RZX€<0;OO)

_ x€(0;1) |— Subst. t=+/x
1—/x>0: x€(0;1)

_ Subst. 27% \, r*\/zllrt*\lir 1| 22(1+¢t)=1-t — /5. 2(1— z). —4zdz
=102 dp= 202 24z | te(0;1), z€(0;1) ZZ+1 (22+1)2
z (z2+1) (22+1)
2(z —1)dz__ ozk\ad na parcwalne zlomky 2 3 1
= / z2+1)3 { et = ot -M} =8 [(22+1)3 ~ @+ +22+1} dz

_ [p,, 121: /, /ﬁ } =16/ 245 +8h=16[3 + 74(2211)2} —245+8h

= s 1t e
—12/24—8/1:(24%1)—12 [Ll-‘rm]“rshz (224;1) 22+1 +2/1
+2arctgz+c= { =

V1+Vx

___ 4z
(z2+1)2
ﬁ:yl x+Vx—x2 fj:\x x2—24/1—x

= @y~ #h
:\/1_X+\/X_X2_3\/1—x+2arctg%—&-

=vx—x2-2y1 —x—i—ZarctgﬁVi;\/g + ¢, x€(0;1), ceR.
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71 71 72 72

Koniec 10. casti priklady b — 171

dx
/x+1+3x+1
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1
_ | Subst. t=x+1 x+1 :(\6/)( F1)3 =3 |xe(=1; 00)
T f=x+1|62dt=dx | Ix+1=(Ix+1)? =1t?|te(0;00)
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ [subst.  |t=¥xFT |VxFi=(¥xT1)3 =1 |xe(-100)] [6:5dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 = |te(000) | [ 3412
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ | Subst. t=9x+1 | vVx+1 :(\6/)( i 1)3 = x€(—1;00) |__ 6t5dt_6 3dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ | Subst. t=9x+1 | vVx+1 :(\6/)( i 1)3 = x€(—1;00) |__ 6t5dt_6 3dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1

_ ‘t3+t27t27t+t+171
—6/—t+1 dt

u=t+1=YxF1+1
dt=du

Subst.
t=u—1

t € (0; co)
u€(1; o)
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71 71 72

Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ | Subst. t=9x+1 | vVx+1 :(\6/)( i 1)3 = x€(—1;00) |__ 6t5dt_6 3dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1

_ ‘t3+t27t27t+t+171 - el —il
_6/ t+1 dt=6 t+1 dt

u=t+1=YxF1+1
dt=du

Subst.
t=u—1

te(0;00) | (u—1)3 du
u€(1;o<,):|_6/ u
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ [subst.  |t=¥xFT |[VxFI=(¥xT1)7° =1t |xe(-100)] 6t5dt_6 £3dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1

. 3,2 2 1—1 4. =1 g L
_G/%dt—6/%df—6/(t2*t+1* ) dt

u=t+1=YxF1+1
dt=du

__ | Subst.
= | t=u—1

te(o0) |_g [(u=1Pdu _ o [P—3u243u—1
u€(1;o<,):|_6/ u _6/ u du
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Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ [subst.  |t=¥xFT |[VxFI=(¥xT1)7° =1t |xe(-100)] 6t5dt_6 £2dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1

3,2 2 _ 3.1
:6/—f TS R dt:6/7t A dt:6/(t2 —t+1-Z)de
6

(E—L4t—Injt+1)+c

u=t+1=YxF1+1
dt=du

__ | Subst.
= | t=u—1

te(o0) |_g [(u=1Pdu _ o [P—3u243u—1
u€(1;o<,):|_6/ u _6/ u du

:6/(u2—3u+3—%) du
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71 71 72 72

Koniec 10. casti priklady b — 171

dx
/x+1+3x+1

_ [subst.  |t=¥xFT |[VxFI=(¥xT1)7° =1t |xe(-100)] 6t5dt_6 £2dt
TP =x+1|60di=dx| IxF L= (¥xF1)2 =1 |te(0;00) | [ t3HE2 t+1

a2 2 11 4. =1 g 1
/%dt—G/ﬁTdt—6/(t2*t+lfm)dt

6
6(5 — 5 +t—In|t+1]) +c=22 =32+ 6t —6In(t+1) + ¢

u=t+1=YxF1+1
dt=du

Subst.
t=u—1

te(o0) |_g [(u=1Pdu _ o [P—3u243u—1
u€(1;o<,):|_6/ u _6/ u du

:6/(u2—3u+3—%) du:6(”§3—32i+3u—ln lul)+c
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74 74 75 75 T6-77

Koniec 10. casti priklady b — 171

/ﬁzzx+ _3Yx AT+ 6UxT1—6In(VxFI1+1)+c

t=

I|vx+i=(¥xF1)P =1+
6t° dt=dx | Ix+1=(I/x+1)2 =1+

_ | Subst. x€(71:x 6t°dt__
T [ P=x+1 te(000) |° [ B2 t+1

:e/wdtﬂ/%dt:s/(t?—tﬂ—m)dt

_6(— -z +t—|n\t+1|) +c=2t3 - 3t2+6t—6In(t+1)+c
:2\/x—|—1 —3Vx+1+6Vx+1—6In(vx+1+1) +c, xe(—1;00), cER.

__ | Subst. (0; 00) [__ u—lsdu_ =324 3u—

_Lutil ZE<1;X>}—6/( ) _6/ W3l g,
:6/(u2—3u+3—%)du:6(”—3——+3u In |u])+c

=2(Vx+1+1)® —9(Vx+1+1)* 4+ (Vx+14+1)—6In(v/x+1+1)+c,

x€(—1;00), ceR.

u=t+1=YxF1+1
dt=du
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 172

/arcsin T dx
—X

_ iniil 1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
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7172 7

Koniec 10. casti priklady b — 172

1-x>0& 1>x —x, t.j. —1<x,2x<0, t.j. xe(-1,0) |xe(-1;0)
1-x<0& 1<x —1>x,2x>0, t.j. x neexistuje
Lix

T—x

t.j. —1<x<0

2

1

B Ve y/;\ =% a0
- 1 - 1 V2
V() (12

= = vz
V2 |1-x| \/—x(1+x) 2(1-x)y

x(x+1)  2(x—1)y/—x

x2—x

beerb@frcatel



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 7172 7

Koniec 10. casti priklady b — 172

1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
J— ] |
U= arcsin ./ X e (=)= [T 22 1
= Vix (= VEER BV B
V=1 _ 1 —= 1 V2 V2
V/=2x(1tx)-(1—x)?

V2 |1-x| \/—x(1+x) - 2(1—x)/—x(x+1) - 2(x—1)y/—x2

x2—x

beerb@frcatel
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Koniec 10. casti priklady b — 1

_ iniil 1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
1

3, (1=x)—(14x)(=1) _ 32 —

[14x
—x

= (=xp? VaF X (1-x)*
V=1 1 = = v = vz
2x(1+x)-(1—x)2 V2 |1-x| \/—x(1+x) 2(1—x)/—x(x+1) 2(x—1)y/—x2—x

= x arcsin 1+X X4 ‘f/ dx
(x— 1

_xarcsm,/i*i—i—f/( :) 1+1 dx

beerb@frcatel. . i.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

_ iniil 1-x>0&1>x: 0<1+x<1-x, t.j —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)

x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0

— 1

. . [14x 2, (1=x)—(14x)-(=1) _ _ 1

_ u arcsm\ Tx 1—x)? v 2Lk (X
v _ 1 _ _ V2 — V2
V/—2x(14x)-(1-x)? V2 |1-x| \/—x(1+x) 2(1—x)/—x(x+1) 2(x—1)y/—x2—x
2 1 5%
=xarcsin, / +‘f/( dx
Se= 1

14+x | V2 x—1+1
=xarcsin, / + dx
1—x /(X 1)y/ —x2—x

_ o [lex | V2 d V2 d
=X arcsin ﬁ—’_T/iﬁJ’_T (X_l)ixz

—X

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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Koniec 10. casti priklady b — 172

71 72

72

/arcsin T dx
—X

_[0<iE<11-x>041>x 0<1+4x<1-x, t.j. —1<x, 2x<0, t.j. x€(-1;0) |xe(-1;0)
x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
— arcsin .« [IEx 3, (=0 —()(=1) _ _ 1
_ u = arcsin \/1—x A—x)? = = V= =
v _ 1 _ _ V2 — V2
vV —2x(1+x)-(1—x)? V2 |1-x| \/—x(1+x) 2(1—x)/—x(x+1) 2(x—1)y/—x2—x
=xarcsiny /X 2 ‘f dx
(x— 1
=xarcsiny/ 1=+ f —x=1rl gy
X (x—1)4/—x2—x
E /1 2 2
=X arcsin 1#"‘% dix_"_% -
s \/ —x2—x (x—=1)y/—x2—x
_[Subst. t=x+1[dt=dx |x€(-1;0)|te(-3i3) | P—x=—(CH+x)=—(F+2:5+1)+1 =3~ (x+1)?
_ Subst. z:—% x=—z"1 dx:% ze(l;00) |x—1=—1-1= 171 v —x?2 x=1/ ﬁ\%:v lz\Z:vzl

beerb@frcatel.fri.uniza.sk
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niec 10. casti priklady b — 172

/arcsin T dx
—X

= x arcsin iﬂJrQ - dx
—X 2 (X—l

=x arcsin, / 1+X+ f/( :) I+l gx

—aresin . J1x | — 1 (1+)-(=1) _ 32
u = arcsin T | U= —F— V] — =
o \V 1=x A ) VEEEL B0t /2B
= il = 53 _ 1 I 1 _ V2 _ V2
VX TR V2l—xly/x(tx)  20—x)/—x(xtD)  2x—1)y/——x

2_x
—xarcsm,/“x—i—‘[ d —5—‘[ G
(x—=1)y/—x2—x
Subst. t=x+1 [dt=dx |x&( 1'0) (=5 D) | —xP—x=—(+x)=—(+2- 3+ 1)+ 1 =(2)?— (x+3)?
Subst. z=—1|x=—z"!|dx=% ze(l;00) [x—1=-1-1=-1z \/ﬁ—\/l %{%:V’ l":Wzl
dz
_xarcsm,/HXJr‘[/ a4 2/ B
) 2 241 V-1

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

_ : 14+x | V2 x
=xarcsin, /24X [ — X dx
1—x 2 /(X—l /—x2_x

_xarcsm,/HX—i—f/( :) 1+1 dx

—Xarcsm,/“‘x—i—‘f/ ke _q_f/#

- Subst. t=x % dt=dx |xe(-1;0)|te( %%) 2 2
Subst. z= % iz :‘L’, z€(l;00) [x—-1= % il=
dz
_xarcsm,/HXJr‘[/ dt +—2/ 2
2 2 _z41 V-1
z z

1+x \[ 7772 dz
_xarcsm,/ + arcsin 2/(Z+1) =

beerb@frcatel.fri.

iza.sk/~beerb
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Koniec 10. casti priklady b — 172

71 72 72 73 73 74 74 75 75 7

/arcsin T dx
—X

_ ; I+x | V2 x
=X arcsin == o= — X dx
1—x 2 /(x—l \/_XT
=x arcsin, / 1+X+‘[ —x=lrl gy
(x—1)y/—x2—x
=x arcsiny /1 1+X+‘f d —5—‘[ dx
(x—=1)y/—x2—x
_ [Subst. t=x 1| dt=dx |xe( 1;0) (-5 | —XP—x=—(+x)=—(+2- 3+ 1)+ 1=(1)? - (x+3)?
Subst. z=—1|x=—z"1|dx=% ze(ljo0) [x—1l=-Ll-1=-1fz /2 x=y/ %{%:V’ 12—
dz.
_xarcsm,/HXJr‘[/ dt +—2/ =
2 2 241 V/z-1
. : : Subst. u=v/z—1|u?=z—-1
—xarcsing /X 1 V2 gregin £ V2 dz____ 22241 |dz=2udu
1—x 2 5 2 | (z+1)vz—1
z€(1; 00) | ue(0; 00)

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

_ 1+X V2 x—=1+1 d
=X arcsin < /(X 1\/7_)( X

_xarcsm,/HX—i—f/ Gl —&-%/dix
7x (x—1)y/—x2—x

Subst. t=x+1 |dt=dx |x€(=1;0)|te(=3: 1) | —x2—x=—(x2+x)=—(x*+2-3+1)+3=(3)—(x+3)?
Subst. z=-1|x=—z"1|dx=% z€(l;00) |x—1=-1-1=-1= \/—XQ—X:V’—TEJr%:\/ i)‘:@

1+ V2 dt 2 %
X z
=X arcsin <+ / 2—4— 2/7 =

Subst. u=vz—1|wP=2z-1

=X arcsin H—X—i—ﬁarcsmé—i _dz z=u?+1|dz=2udu
1—x 2 3 2 (z+1)vz—1

z€(1;00) | ue(0; 0)

= in. /Ex V2 [ 2udu
=X arcsin l_X—i- 2 arcsin 2t — /(u2+2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

— ; 1+ V2 d V2 d
=X arcsin X+ /ﬁ+ 2/m

Subst. t=x+1 [dt=dx xr(fl 0)|t
Subst. z=-1 dx=

=X arcsin,/ ”X-i-‘[/
Subst. u=+v/z—1

_ : 14x V2 A £ /2 dz — -

=xarcsin, / 15+ arcsm% 3 | 41 Zl—{ z=12+1

z€(1;00)
—xarcsm,/1+X+‘[arc5|n2t—£ %

1+x \[
—xarcsm,/1 S arcsin 2t —+/2 u2+2

K==z

rP=z-1
dz=2udu

u€(0; 00)

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

_ [Subst. t=x+3 |dt=dx |x€(=10)|te(=3:i3) | —x2—x=—(F+x)=—(E+2-5+ 1)+ =(3)*—(x+3)
" | Subst. z —Lix=—z"1|dx=% ze(ljo0) |x—l=—l-1=-1z /7% \/7}7+% \//7?2
dz
_ ; 14x \/i/ dt 2/ 2
=Xxarcsin, / — +-5= aF 2= <
1—x 2 /1_12 2 1 Vz—1
d 7% z )
Subst. u=v/z—1|uv*=z-1
o . 14+x \/i ot V2 dz . B B
=xarcsing / $5 + 5" arcsm% 5 /(z+1)\/ﬁ_ zquAl dz=2udu
z€(1; 00) | ue(0; 00)
_ 1+x f _f 2udu
=xarcsin, / 1 + 5= arcsin 2t — 5= W+
=x arcsin, / Hx—i— ‘[ arcsin 2t —+/2 u2+2

V2

5 arctg % +a

=x arcsin, / %—i—g arcsin 2t —

9

http:/ /frcatel.fri.uniza.sk /~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

dz
e[ i
JVize T2 e

—1|u?=2z-1
dz=2udu

Subst. u=+/z
_ . 14+x V2 st V2 dz _ 5
=xarcsing /1= +5° arcsm% 2 | Tyt z=12+1
u€(0; 00)

ze(1;00)
=xarcsiny /X 4 ‘[ arcsin 2t — i (lfz‘fgs

_xarc5|n,/1+x+‘[arcsm2t \f/u2+2

— i I+x | V2 i V2 u
=xarcsin, /1 + -5 arcsin Zt_ﬁ arctg ﬁ—l-cl

= xarcsiny / 2% 1 ¥2 arcsin (2x4-1) —arctg Vf +a

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

dz
e[ i
JVize T2 e

—1|u?=2z-1
dz=2udu

Subst. u=+/z
_ . 14+x V2 st V2 dz _ 5
=xarcsing /1= +5° arcsm% 2 | Tyt z=12+1
u€(0; 00)

ze(1;00)
=xarcsiny /X 4 ‘[ arcsin 2t — i (lfz‘fgs

_xarc5|n,/1+x+‘[arcsm2t \f/u2+2

— i I+x | V2 i V2 u
=xarcsin, /1 + -5 arcsin Zt_ﬁ arctg ﬁ—l-cl

_ ine /X L V2 qrcsi vz—1 E v
=X arcsin, / 7% 4- 5= arcsin (2x+1) —arctg 5 o= ;u o

beerb@frcatel.fri.
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Koniec 10. casti priklady b — 172

/arcsin %ﬂdx = x arcsin, / 1 4 ;arc5|t1(7\ F1)
—x \ 1—x

Subst. u=vz—1|wP=z-1
/ 1+X \[ t i dz 5 B
= Xx arcsin + arCSln (Z+1)\/ﬁ_ z=u’+1|dz=2udu
z€(1;00) | ue(0; 00)
1+X \[ _ \[ 2udu
=xarcsin, / 1= + 5% arcsin 2t 120

—xarc5|n\/1+7x+‘[arcsm2t \f/u2+2
— i 1+x | V2 ; V2 u
_xarcsm\/g—i-Tarcsm2t—\/§arctgﬁ+c1

=5 arcsm\/m—k V2 arcsin (2x+1) —arctg ‘/\7+c1_

Vz—1

=L
V2~ V2V T x

[_1-x_ [—1-x

1
2V x V 2x

= x arcsiny /X 4 ¥2 aresin (2x+1) —arctg / — 52 +-¢1, x€(~1;0), c€R.

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X
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niec 10. casti priklady b — 172

/arcsin T dx
—X

o QS%Sl 1-x>0<1>x: 0<1+x<1l-x, t.j. —1<x,2x<0, t.j. x€(—1;0) |x€(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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71 72 72

Koniec 10. casti priklady b — 172

_{Ogmil‘l x>0 1>x: 0<1+x<l-x, t.j. —1<x,2x<0, t.j. xe(=1;0) |xe(-1;0)

l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje t.j. —1<x<0
__[Subst. t=1-x|xe(-1;0)
dt=—dx|te(1;2)

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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Koniec 10. casti priklady b — 172

_ o<1 |1-x>01>x: 0<14x<1—x, t.]. 1<x, 2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Xﬂ1 2) } /arcsm \/7d7-'_ /al’CSm \/:dt

x({ 1;0)
—1<x<0

__[Subst. t=1-x
dt=—dx

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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Koniec 10. casti priklady b — 172

_[0<:=Z<1|1-x>0&1>x: 0<1+4x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

x({ 1;0)
—1<x<0

jffl_;o\'\’l:— arcsin y/ 2=t dt= /arcsm,/f—ldt

u = arcsin \//%—1 u'=——L_.1(2_1)77.(-2t7?)

__[Subst. t=1-x
dt=—dx

V-1V

V=1 v=t = e =
2[t] 4/ (t-1)(2—1)

beerb@frcatel. . i.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

0<iZ<1|1-x>0&1>x: 0<1+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

x({ 1;0)
—1<x<0

jffl_;o\'\’l:— arcsin y/ 2=t dt= /arcsm,/f—ldt

{Subst. t=1-x
u=arcsin /21| u —L_.1(2-1)72.(-2t7?)
— Ve 2 2\t \/77*;\/

dt=—dx

V=1 v=t = =
t/(t-1)(2—1)

= —|tarcsiny/ +‘[/\/%

beerb@frcatel. . i.uniza.sk/~beerb
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71 71 72

Koniec 10. casti priklady b — 172

_ OS% 1|1-x>0&1>x: 0<14+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1,0) XC{ 1;0)
x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x<0

Subst. t=1-x
dt=—dx

jffl_;o\'\’l:— arcsin y/ 2=t dt= /arcsm,/f—ldt
V2-2y/

[u aresin /21 |w'= e 3 (2-1)7F (2672

V=1 v=t = = —_— =
tly/(t-1)(2—8)  2t\/3t—r2—2  2t\/—242.F-3+7-2  2t/3—(t—3)?

_ V2 tdt __|Subst. z=t—3|¢t —(1 2)
= tarcsm\/>+ /\/T*)Z —[ dz=dt|ze( 5%)}

beerb@frcatel. . i.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

Oimil‘l x>0&1>x: 0<14+x<1l-x, t.]. 1<x,2x<0, t. j. x€(-1;0)

x({ 1;0)
—1<x<0

Xﬂ1 2) } /arcsm \/7d7-'_ /al’CSm \/:dt

[u arcsin \//; u'=——L_.1(2_1)77.(-2t7?)

l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Subst. t=1-x
dt=—dx

Vi-(G-1) V-1
_ =i — V2 _ —V2 _
t] \/(t=1)(2—t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?

— V2 tdt Subst. z=t—3 t—(l 2)
tarcsmw t / T_(t_3) [ dz=dt | z€( 5%)}

= —tarcsin % f

dz
1222

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 172

/arcsin T dx
—X

—1<x<0

X((m» } /arcsmw tdi= /arcsm./f—ldt

[u arcsin \//%—1 u'=——L_.1(2_1)77.(-2t7?) =

<= 1‘1 x>0 1>x: 0<14x<1l-x, t.j. 1<x, 2x<0, t.j. xe(-1;0)

x({ 1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

Subst. t=1-x
dt=—dx

\/;va a
I V=t _ 32 __ =\ _
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?

te(1;2) }
é

_ f tdt Subst. z t,%
= tarcsm\/>+ /\/ﬁ [ dz=dt

ze( %)
— _tarcsing /2=t Y2 [ __dz ___tarcsin — V2 3rcsin Z1c
t 2 (%)2,22 2 5

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

x€(-1;0)

_JosiEx<1|1-x>01>x: 0<14+x<1-x, tj 1<x, 2x<0, t.j. xe(-1;0)
l1-x<0& 1<x: 0>214x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje

:[S“b“'d:l o i } /arcsm \/7dt— /arcsm./f—ldt

u = arcsin \//%—1 u'=——L_.1(2_1)77.(-2t7?)

—1<x

W=

= v=t = = —_— =
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?

—— [tarcsm,/ +f/ td:)z] [subst, zdzt—d—t

=—tarcsiny /3 — f \/dz—— t arcsin —Ztt—garcsinﬁﬁ—q
2
1+X \f

=—(1—x) arcsin arcsin 2z+¢,

1—
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Koniec 10. casti priklady b — 172

/arcsin T dx
—X

_[0<iE<1|1-x>0&1>x: 0<1+x<1-x, tj 1<x, 2x<0, t.j. x€(=1;0) X\_i 1,0)
_[ x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x
bst. t=1 =
:[Su st d;, x /: 2 } /arcsm \/7dt— /arcgm,/f_]_dt
f2_ 1|y 1 L2 -2
| arcsm\/L 1|u V=) 1(2-1)72(-2t7?) NN )(2 -
V= v=t - —v2 _ v 3
2|t]y/(t=1)(2—1) 2t\/3t—t2—2 2ty/— 242 -3+3 2 2t/3—(—2)%
_ /2 f tdt Subst. z=t—3 (1 2)
= [tarcsm =i \/ﬂ A Mo
=—tarcsiny/ 3t — f \/dz—_ t arcsin %—garcsin§+c2
2
(- 3)—D(—x_1
=—(1—x) arcsin i*x ‘[arcsm22—|—c2_{2272(f 3)=2(—x 2)}
=—2x—1=—(2x+1)
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Koniec 10. casti priklady b — 172

OS% 1|1-x>0&1>x: 0<1+4+x<1-x, tj 1<x, 2x<0, t.j. xe(-1;0) XC{ 1;0)
{ x#1 1-x<0&1<x: 0>21+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje —1<x
bst. t=1 c
{Su std;7 x| x€ ) } /arcsm,/ tdt= /arcsm\/f—ldt
f2_1 |y 1102 -2
u = arcsin /3 1| V=) 1(3-1)2 2.(—2t72) e )(2 5
V= v=t S S S v
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
f tdt Subst. z=t—3 (1 2)
[tarcsm,/ tt \/T—)? dz—dt|ze(-3: 1)
—t arcsin % f \/dz—_ t arcsin %—% arcsin £ +¢,
2
—o(t_3)=(_x_1
—(1—x) arcsiny /1= — ‘[arcsm2z—|—cz—{2“2” 2)=2(x 2)}
=—2x—1=—(2x+1)

(x—1) arcsin, / i‘f—i—i—g arcsin (2x+1)+¢,, x€(-1;0), ceR.
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Koniec 10. casti priklady b — 173

. 1—x
/arcsm v Thx dx
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 173

. 1—x
/arcsm v Thx dx

_{Ogﬁ:gl‘l+><>0<>x>—1 0<1-x<1+x, tj. x<1,0<2x, t.j. x€(0;1)

1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje
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Koniec 10. casti priklady b — 17

H X
arcsin 4 / T dx

1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) xﬂ(O‘l\:
1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
_ S 1 1 =) =(1=x) _ —32 _ 1
_ u = arcsin \ T u = ) (T+x)? V== \/?\/7“ 0 (1)
=il V= 52 ~1 —1 -2 —Vv2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x

beerb@frcatel
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Koniec 10. casti priklady b — 173

H X
arcsin 4 / T dx

73

1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) xﬂ(O‘l\:
1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
u = arcsin /2= | u'= L. (L0 = (1= P —z2 = z
— V 1+ \/1 == T+x)2 ( \/\] v L= (1)
o ~1 —1 -2 —Vv2

V/2x(1—x)-(1+x)? V2|14x| y

= x arcsin } +‘f dx
+x (x+1) —x2+><

x(1—x i

(1—x) 2(1+x)4/x(1—x) 2(x+1) 24X

beerb@frcatel
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Koniec 10. casti priklady b — 17

arcsin -
_ 0117:11 1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1

_ o f1ex | o (1=x\"7 —(1+x)—(1-x) _

Uiy | U= =) = = (14t
—V2

V2x(I=x)-(Hx)2  V2[1x| /x(1—x)  2(1+x)y/x(1=x)  2(x+1)y/—x+x

v v X
- 1—x ﬁ X
=xarcsin,/ 7=+ %= [ ————dx
14x 2 (x+1)y/ —x2+x
_ - 1—x | V2 x+1—1
—=xarcsin, / === 4+ ¥= | —XT—=___ dx
Ltx 2 (x+1)y/ —x2+x

Tix

va V*

'—1 —1

beerb@frcatel. . i.uniza.sk/~beerb
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 173

/arcsin ;

_ 0117:11 1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 1+x<0& x<—-1: 0>1-x>1+4x, t.j. x=>1,0>2x, t.j. x neexistuje| t.j. 0<x<1
u = arcsin /2= | u'= 1 1(1x)7E Z9-(on) 22 = 1
— V 1+ \/1 = 2(1 j (1+x)? \/1 \/\ \/(1 ) \/% T (1x)*
=il ~1 —1 -2 —Vv2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x

_ : V2
= x arcsin 1+X+ dx

(x+1 RV —x2+><

f x+1—1
— X arcsin X 4+ — X2 dx
1+X (x+1)y/ —x2+x

1—x \f dx \/5 dx
=X arcsin + -5 | T —
V 1+x / ><2+x 2 | (x4+1)y/—x2+x
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Koniec 10. casti priklady b —

72

17

_ O;U:il 1+x>0& x>—-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1
x#1 1+x<0& x<—1: 0>1—-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
o1 = et o/ == | = 1 1(1x) 73, =(0)-(-x) _ —22 = i
— V 1+ \/1 = 2(1—x) (T+x)? \/1 \/\ \/(1 x)* v 2o ox (14x)t

V=1 v = 5¢ -1 —1 —V2 —V2
V/2x(1=x)-(1+x)? V2|14x| y/x(1—x) 2(1+x)/x(1—x) 2(x+1)y/—x2+x
=X arcsin —|—
1+X (x+1)4/ —x2+><

x+1—1

d
(x+1)y/ —x2+x x

=Xx arcsiny / i+)x<+f/

1—x \[ dx \[
=xarcsin, / =
T+x / /x+1 \V —x2+x
Subst. t=x—3 [dt=dx xk(O 1) | te % D —x*+x=—(x2—x)=—(x*-2-3+ 1) +31=(3)—(x—3)?
{Subst. z:% = dx=—9 z€(1l;00) |x+1=14+1=1 7‘, vV —x2+x v—%+§:\,’ jﬁ:vé

beerb@frcatel.fri.uniza.sk
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Koniec 10. casti priklady b — 173

/arcsin ;

= .
vi=1 v=x =" ’L
V2x (=0 (Lxp 1)/ —x2tx
=x arcsin 2= | —————dx
1+X (x+1) \/—x2+><
f _ ox41-1
=xarcsin, /=X 4 dx
1+x (x+1)y/ —x2+x
=xarcsiny /1% X—l—‘f - S —% S S
+x ><2+x (x+1)4/ —x2+x
Subst. t=x—3 |dt=dx x((O'l) te(—13) | —x+x=—(x2—x)=—(x2-2-3+ 1)+ 1 =(3)2— (x—1)?
Subst. z:é dx= % z€(1;00) 1:%}1 “7‘, V xz}x:v ﬁ}éfv/ ig‘:‘?

dz
_ 1-x | V2 dt V2 =4
Xarc5|n1/1+x+ / % 2 /m_ —

z
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Koniec 10. casti priklady b — 173

/arcsin ;

=X arcsin

1—x | V2 X d

I+x u 2 /(x+1 )/ —x2+x X
V2 HHil=1l

=X arcsm\/:_;_ / X

dx
(x+1)4/ —x3+x
1-x | V2 dx V2 dx
=X arcsin SE 5 | ——
\/: / ><2+x 2 (x+1)4/ —x2+x

(=53

2
Subst: z:% €(1;0)

dz
V2 dt 7\@ 2
_xarcsm\/:Jr w7 ) e

_ i fl=x | V2 it V2 dz
_xarcsm\/l:Jr 5 arcsin %Jr 2/(Z+1) —

{Subst t=x—3 |dt=dx xf(O‘l)

—_dz
dx= Z,,

X=z

72 72 73 73 74 74 T
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Koniec 10. casti priklady b — 173

/arcsin ;

. 1—x \/5 X
=X arcsin —= 4 L= — X dx
I+x 2 /(x+1 vV —x2+x
f _ox+1-1
= arcsm,/ X 4 dx
1+X (x+1)4/ —x3+x
[1=x | V2 dx V2 dx
=X arcsin 4 - | ————F—
14x / ><2+x 2 (x+1)4/ —x2+x

te(-%; 5)
€(1;00)

3| dt=dx xf(O‘l)

__dz
dx= Z,,

x=z

{Subst t=x

_1
Subst. z=73

dz
/1 V2 dt 7& =
=X arcsin 1+X+ 2 2 | o/

: Subst. u=vz—1
_ . 1—x V2 st V2 dz . e
=X arcsin, / = + 5= arcsin %Jr 5 /(z+1)\/ﬁ_{ z=12+1

z€(1;00)

rP=z-1
dz=2udu

u€(0; 00)
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Koniec 10. casti priklady b — 173

/arcsin ;

f x4+1-1
=X arcsin X+ —XTa==___ dx
1+X (x+1)y/ —x2+x

/1 \[ dx \/§ dx
— X arcsin + || Y/
1+X x2+x 2 (x+1)y/ —x2+x

Subst. t=x—3 |dt=dx x\( 1) |te(=5:3) | —xP+x=—(x*—x)=—(x2—2-3+3)+1=(3)*—(x—3)?
{Subst z:% dx*ffi z€(1;00) x+1:§+1:ll‘ V7x2+><7\'77+7:\, 7,‘:V?}
dz
flox V2 [ _dt _v2[_ "
=X arcsin 1+x+ /\/1 = 2/Z+1 —
z Tz

z=u?+1

Subst. u=vz—1
z€(1;00)

r=z—1
dz=2udu
u€(0; 00)

_ s f1-x | V2 st V2 dz _
=X arcsin —Hx—l— 5 arcsin %—i— 7 | T

= i 1—x V2 [ _2udu
=xarcsingy /175 +5° arc5|n2t—|— /(u2+2
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Koniec 10. casti priklady b — 173

1—x
/arcsm e dx

1—x V2 dx V2 dx
=xarcsiny /7= +5° | ——5 | ——F—
Lix T 2 /\/Ter 2 | (x+1)y/—x2+x
Subst. t=x—1|dt=dx XF(O 1) te (=3 1) | —xP+x=—(2—x)=—(x>—2-5+ 1)+ 1= (12— (x—1)
Subst. z=21 dx=—%|z€(l;00) [x+1=141=2E2 /TH—\, %+%7\//—12—27\/171

dz
/1 V2 d f 2
=X arcsin 1+X+ Jie Y N
z
Subst. u=+v/z—1
_ . 1—x \/i H \/i dz . .,
=Xarcsiny / 1+ ~5- arcsin 1 + -5~ /(Hl)m—{ =0 r1

z€(1;00)
f \f 2udu
=Xxarcsin, /=% T X 4+ X< arcsin 2t + /(u2+2

v
=X arcsin, / 1+x+ arcsin 2t ++/2 u2+2

Nl e+

rP=z-1
dz=2udu

u€(0; 00)
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Koniec 10. casti priklady b — 173

1—x
/arcsm e dx

1

_ [Subst. t=x—5 |dt=dx x€(0;1) (-5 [ —Px=—(x2—x)=—(®—2-3+ 1)+ 1= (1) —(x—-3
T |Subst. z=1 |x=z"1|dx —ik ze(Lo0) |x+1=1+1 lfz V—x2+x \//7}4»% \,/%
dz
- i x4 V2 _V2 —
=X arcsin 1+x+ 2/ — 2 | o o
2 Z Tz ,
Subst. u=v/z—1|uv*=z-1
_ i fl=x | V2 it V2 dz _
=Xxarcsiny / =+ 5" arcsin %—i— 2/(z+1)\/ﬁ— z=u+1|dz=2udu
z€(1; 00) | ue(0; 00)
_ 1—x f f 2udu
xarcsm,/1+ + = arcsin 2t + /u2+2
f
—xarcsm,/HX—i— 2 arcsin 2t ++/2 u2+2

V2
V2

_ : 1-x | V2 :
=xarcsiny /[ 75+ 5 arcsin 2t+

arctg % +a

|
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Koniec 10. casti priklady b — 173

/arcsin,
1 V2 dt %

_ H —X
=X arcsin 1+X+ 2/ %7 / £

Subst. u=vz—1|wP=z-1

— x arcsiny /22X + V2 aresin £+ i 2= 1241 dz=2udy
14+x 2 5 (z+1

z€(1;00) | ue(0; 00)

=X arcsin, / 12X i ‘[ arcsin 2t + f/(lfz‘fz”
/1 V2
= x arcsin 1+X+ arcsin 2t+\f/u2+2

=x arcsin, / i;—i—i—% arcsin 2t+% arctg %4—@

:xarcsin,/i;—i—kg arcsin (2x—1)+arctg Vf +a
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Koniec 10. casti priklady b — 173

/arcsin,
1 Va [ de %

— i =X | Ve

— x arcsin 1+X+2/ i / =

Subst. u=vz—1|wP=z-1

— x arcsiny /22X + V2 aresin £+ i 2= 1241 dz=2udy
14+x 2 5 (z+1

z€(1;00) | ue(0; 00)

=X arcsin, / =X = ‘[ arcsin 2t + ‘[/(32‘;‘]2”
/1 V2
—Xx arcsin 1+X+ arcsin 2t+\f/u2+2

=x arcsin, / i;—i—i—% arcsin 2t+% arctg %4—@

:xarcsin,/i;—i—kg arcsin (2x—1)+arctg Vf +c=

_ 1

2 = valx L
1 [1ix_ [1ix
—V2V x TV =

beerb@frcatel.fri.
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Koniec 10. casti priklady b — 173

i [1=x | /2 in(2x o
/arcsm, e dxfxalcsm\ T T2 arcsin (2x—1)+arctg \

Subst. u=+/z—1
. . 1—x | V2 ot V2 dz =
=X arcsm\/:Jr 3 arcsin %JF 2 /(z+l)\/ﬁ_{ sz(ll/le)
o) V2 [ 2udu
=X arcsm\/:—k arcsin 2t + /(u2+2
V2
_Xarcsm\/:Jr arcsm2t+\f/ 2+2

=Xxarcsin,/ i;—i—i—% arcsin 2t+% arctg “5+cr

=5 arcsm\/?—k V2 arcsin (2x—1)+arctg ‘/\7+c1_

rP=z-1
dz=2udu

u€(0; 00)

i_1 [1_4

Vi = vV x

_ 1 [Jix_ [1-x
V2

/< =V =

=5 arcsin,/};—i—i—% arcsin (2x—1)+arctg / 52 +¢1, x€(0;1), c€R.
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Koniec 10. casti priklady b — 173

. 1—x
/arcsm v Thx dx
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niec 10. casti priklady b —

. 1—x
/arcsm v Thx dx

_ Oihiil 1+x>0& x>-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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_ Oihiil 1+x>0& x>-1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje t.j. 0<x<1
__[Subst. t=1+x|x€e(0;1)
dt=dx | te(1;2)

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri
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_ Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1) xCr'O 1)
x#1 I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje 0<x<1

_ [Subst. t=1+x
dt=dx

Xff“} /arcsmw2 tdt—/arcsm,/f—ldt
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71 2 73 73 74 74

. 1—x
arcsin \/ 175 dx

{Oihiil‘l{x\/()@x‘) 1. 0<1-x<1+x, t.j. x<1,0<2x, tj x€(0;1) xCr'O 1)

I+x<0& x<-1: 0>1-x>1+x, t.j. x>1,0>2x, X neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

u arcsm\//%—l u'=——L_.1(2_1)77.(-2t7?)

_ [Subst. t=1+x
dt=dx

V-1V

V=1 v=t = = =
2[t] 4/ (t-1)(2—1)

beerb@frcatel. . i.uniza.sk/~beerb
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71 2 73 73 74 74

. 1—x
arcsin \/ 175 dx

XCVO 1)

_[0<ix<1|14x>0 e x>—1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. xe(0;1)
I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

[u arcsm\//%—l u'=——L_.1(2_1)77.(-2t7?)
t

_ [Subst. t=1+x
dt=dx

beerb@frcatel. . i.uniza.sk/~beerb
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71 2 73 73 74 74

. 1—x
arcsin \/ 175 dx

_[Oil Xil‘l{x\/O@x‘) 1. 0<1—-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1) xCr'O 1)

I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

f(f”: arcsin \/ﬁdt—/arcsm \/:dt

_ [Subst. t=1+x
dt=dx

f2 |y 1 1(2_ -2
u=arcsin /21 u V=) A(2-1)72 (-2t7?) N
V=1 = —v2 — —v2 =
2(t] y/(t-1)(2—1) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/;—(t—3)?
. Subst. z=t—3|te(1;2
=tarcsin S eyl 1)1
)2 dz=dt|ze(—3:3)
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_ Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1) xCr'O 1)
x#1 I+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje 0<x<1

_ [Subst. t=1+x
dt=dx

Xff“} /arcsmw2 tdt—/arcsm,/f—ldt

f2_q|y= L __.1(2_ =2
_ || peEEny 1|u V=) A(2-1)72 (-2t7?) \/ﬁ = Y=
,_ _ —\V2 —2 —\2 _ —\2
L v=t T2t /(t-D@2-0)  2ty/3t—2—2 2ty/—P12E-3122  2t\/T(t—3)
Subst. z=t—3|te(1;2
=t arcsin, /2= t+‘[ __tdt _ [subst 2 7( 2
ty/3—(t—32) dz=dt|z€(=3i3)

_ : 2—t | V2 dz
=t arcsin T""T/ G-z
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 173

/arcsin ;

Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1)
l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

Xf\o;l} /arcsmw2 tdt—/arcsm,/f—ldt

XC'O 1)

__[Subst. t=1+x
dt=dx

[2_ ’ 1 102 ) 1
_ || peEEny 1|u V=) 1(2-1)72(-2t7?) \/Li—viv7 Y=
=i _ —\V2 _ —V2 —\2 _ —\2
T2 V(t=1)(2—1t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/ —(t—3)
— tarcsin +f _tdt  _ [Subst. z=t—3|te(1;2)
1/ t_, dz=dt|ze(-1;1)

=tarcsiny/ 25 t—i-f/ tarcsm\/Q t—i—‘farcsm f+o
2
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 173

/arcsin ;

Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1)
l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

Xf\o;l} /arcsmw2 tdt—/arcsm,/f—ldt

XC'O 1)

__[Subst. t=1+x
dt=dx

[2_ ’ 1 102 ) 1
_ || peEEny 1|u V=) 1(2-1)72(-2t7?) \/Li—viv7 Y=
=i _ —\V2 _ —V2 —\2 _ —\2
T2 V(t=1)(2—1t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/ —(t—3)
— tarcsin +f _tdt  _ [Subst. z=t—3|te(1;2)
1/ t_, dz=dt|ze(-1;1)

=tarcsiny/ 25 t—i-f/ tarcsm\/Q t—i—‘farcsm f+o
2

=(1+x) arcsiny / i—;—k% arcsin 2z+c
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 173

/arcsin ;

Oihiil 1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1)
l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

Xf\o;l} /arcsmw2 tdt—/arcsm,/f—ldt

XC'O 1)

__[Subst. t=1+x
dt=dx

[2_ ’ 1 102 ) 1
_ || peEEny 1|u V=) 1(2-1)72(-2t7?) \/Li—viv7 Y=
=i _ —\V2 _ —V2 —\2 _ —\2
T2 V(t=1)(2—1t) 2t\/3t—t2—2 2ty/—t2+2.F—3+3-2 2t/ —(t—3)
— tarcsin +f _tdt  _ [Subst. z=t—3|te(1;2)
1/ t_, dz=dt|ze(-1;1)

=tarcsiny/ 25 t—i-f/ tarcsm\/Q t—i—‘farcsm f+o
2

=(1+4x) arcsin, / i—;—k% arcsin 2z—|—cz:{22:2(#;):2(#%):2#1}
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71 71 72 72 73 73 74 74 75 75 7

Koniec 10. casti priklady b — 173

x€(0;1)
t.j

1+x>0& x>-1: 0<1-x<1l+x, t.j. x<1,0<2x, t. j. x€(0;1)

l1+x<0& x<—-1: 0>1-x>1+x, t.j. x>1,0>2x, t. . x neexistuje

/arcsmw2 tdt—/arcsm,/f—ldt

xe(0

Subst. t=1+x
dt=dx

1 1(2 2
_[ arcsin \/7—1 u' \mi(?— )72 (=2t72) V=
v=t = —v2 =
2[t] 4/ (t-1)(2—1) — 12—
/2=t \[ _tdt  _ [Subst. z=t—3|te(1;2)
= rcsin 2 ’
BEES + 1/ t_f dz=dt Z?(*%‘%)

=tarcsiny/ 25 t—i-f/ tarcsm./z; —i—‘farcsm f+o
2

=(1+4x) arcsin, / i—;—k% arcsin 2z—|—cz:{22:2(#;):2(#%):2#1}

=(x+1) arcsin,/i—j—l—% arcsin (2x—1)+c, x€(0;1), ceR.
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Koniec 10. casti priklady b — 174

3 73 74 74 75 75 T76-77

s x+1
/arcsm S dx
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71 71 72

niec 10. casti priklady b — 174

>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71

71 72

Koniec 10. casti priklady b — 174

arcsin |/ 243 dx

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) -1
— 1 1
0= el o 28 || of 1 1(x4l)~7, (D) —(etl) )
= V= \/17\*32(*1 (E=r VSt B
I—1 ~1 ~1 —V2 V2
v V=X V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1

beerb@frcatel
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71 71 72 72

Koniec 10. casti priklady b — 174

arcsin X*} dx

— O§>X<g<1 x=1>0¢& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) 1
i 1

u = arcsin L |y 1 1(x41) 72 (e=D=(xt) ;(i
= v V- =) =1y N =y Y = i

'=1 —1 =il V2 V2

Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
=X arcsm f de

(x—1)v/—x—1

beerb@frcatel
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71 71 72 72

Koniec 10. casti priklady b — 174

x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

3 (x=1)—(x+1) 3(=2

= - 1P o \/?\/W V= 1)
, 1 -1 - N
vl e V2D 1 V2l 0D 200y D) 26V a1
I Subst. t=+/—x—1|t?=—x— €(—o0: —
— x arcsin Xi“’lfﬁ _xdx | Subs m t x—1 |x&(—o0; —1)
=1 2 [ (x=1)vV—x-1 x=—12-1|dx=—2tdt | t€(0; o0)

beerb@frcatel. . i.uniza.sk/~beerb
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71 71 72 72

Koniec 10. casti priklady b — 174

s x+1
/arcsm S dx

x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

3 (x=1)—(x+1) 3(=2

= o =y = VEVY 2 1)
/ =i —1 - N
vl e V2ot ) 12 VAl oD | 200y D) 2 DV T
I Subst. t=+/—x—1|t?=—x— €(—o0: —
— x arcsin x+1 _ V2 [ xdx  _ |Subs \/)f 1|t x—1 | x€(—o00; —1)
=1 2 [ (x=1)vV—x-1 x=—12-1|dx=—2tdt | t€(0; o0)

_ ; x+1 V2 [(=—1)(—2t)dt
=xarcsing /377 =5 [ e

beerb@frcatel. . i.uniza.sk/~beerb
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71 7 72

niec 10. casti priklady b — 174

s x+1
/arcsm S dx

— Oiigil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) t ] x<—1
— ) ‘
u = arcsin /XL |y 1 1(x41) 72 (e=D=(xt) 3(=2) 1
= Vv V- 25 ) G VI x-y V= (x—1)*
=il = 52 -1 -1 V2
V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
= x arcsin X—Hfi e [Subst e=vo 2= —x—1 | xe(—o0i~1)
x=1 (x=1)v—x—1 x=—12—1|dx=—2tdt | te(0; 00)

—2—1)(—2
=X arcsin il \[/ t7t2 t)dt—xarc5|n1/x+l+f/ttﬁ)zdt
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71 7 72

niec 10. casti priklady b — 174

. x+1
/arcsm S dx

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
— . .
u = arcsin /XL |y 1 1(x41) 72 (e=D=(xt) () 1
= Vv Vi-i 2(5) =y VL EVeD S
=il = 52 -1 = v2
V/—2(x+1)-(x—1)2 V2 |x—1| /= (x+1) 2(1—x)y/—(x+1) 2(x—1)y=x-1
— x arcsin x+1 f x dx __ | Subst. t:\/fxfl 2=—x—1 |xe(—o0;—1)
x—1 (x—1)v/—x—1 x=—t2—1|dx=—2tdt | t(0; 00)

—2—1)(—2
=X arcsin —*1 \[/ £ 42 t)dt—x arcsiny /% e —|—f/ ttﬁ)zdt
_ x+1 t +2— 1
=X arcsin —|—f t2+2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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71 7 2 U8

Koniec 10. casti priklady b — 17

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
. .
u = arcsin /X‘l u' 1 1(x41) 72 (e=D=(xt) () 1
= v VimE 2(5) &= VEED BV e
I—1 -1 -1 v V2
Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
_ x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=X arcsin — — 5 | T .
x—1 (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

t2+42

—t?—1)(=2
= x arcsin —*1 f/ tftz t)dt—xarcsm X+1+\[/t+1)dt
_ /x+1 (t?42—1)dt__ x+1
= x arcsin —|—f/ t2+2 = Xx arcsin —ﬁ—f dt— f t2+(\/2
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71 7 2 U8

Koniec 10. casti priklady b — 17

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.ox<-1
. .
u = arcsin /X‘l u' 1 1(x41) 72 (e=D=(xt) () 1
= v VimE 2(5) &= VEED BV e
I—1 -1 -1 v V2
Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
_ x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=X arcsin — — 5 | T .
x—1 (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

42 242

_ /x+1 (t?42—1)dt__ +1
= x arcsin —|—f/ t2+2 =Xx arcsin, / % —ﬁ—f dt— f/t2+(\/

_ E x+1 2 t
—Xx arcsin ﬁJrﬂtfﬁ arctg %+cl

—2—1)(—2
=X arcsin —*1 \[/ £ t)dt—xarcsm X+1+\[/t+1)dt

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 7

Koniec 10. casti priklady b — 17

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1
x#1 x—1<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.x<-1
1 1
u = arcsin /X‘l u' 1 1(x41) 72 (e=D=(xt) () 1
= v VimE 2(5) &= VEED BV e
I—1 -1 -1 v V2
Y e V—2(x+1)-(x—1) V2Ix—1]/=(x+1) ~ 2(1-x)y/=(+1)  2x-1)vV=x-1
_ x+1 f x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=X arcsin ~1 2 | o T .
- (x—1)v/—x—1 x=—t2—1|dx=-2tdt | t€(0;00)

42 242

_ /x+1 (t?42—1)dt__ +1
= x arcsin —|—f/ t2+2 =Xx arcsin, / % —ﬁ—f dt— f/t2+(\/

= x arcsin )X(—ﬂJr\ﬁtf

—2—1)(—2
=X arcsin —*1 \[/ £ t)dt—xarcsm X+1+\[/t+1)dt

\/g arctg % +c1

=xarcsiny /22 +/2(—x—1)—arctg y/ %L +c1, x€(—00; —1), c1ER.
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Koniec 10. casti priklady b — 174

s x+1
/arcsm S dx
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71 71 72 72 73 73 74 74 75 75 T76-77

niec 10. casti priklady b — 174

/arcsin X+L g
x—1

0<x+1<x-1, t.]. 1<x,1<-1, t.j. x neexistuje

<0& x< 0>x+1>x-1, t.j

—1>x,1>-1, t.j. x€(—o0;—1)

http:/ /frcatel.fri.uniza.sk /~beerb
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_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) toj.ox<-1
__ [Subst. t=x—1|xe(—o0; 1)
dt=dx | te(—o0; —2)
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71 7 72 73 73 74 74 75 75 76-77

niec 10. casti priklady b — 174

s x+1
/arcsm S dx

>0& x>1 0<x+1<x-1, t.]. 1<x,1<-1, t.j. x neexistuje
<0& x< 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

X‘(( - 21} /arcsm \/Tdt—/arcsm 1+2dt

Subst. t=x-1
dt=dx
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71

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—oc;—1)
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) toj.ox<-1
Subst. t=x—1|x€&(—o0; —1) : t+2 : 2
=|[subst et ixe(mosi Ul [ oregin o /12 4= [ arcsin 4 /1+ 2 dt
dt=dx | te(—o0; —2) t t
_ 2| 1 1 2\"%, 2y _ 1 _ 1
_ u = arcsin /142 uf\/m 5(1432) (-2t )7VT%\/?\/77\/W i )
/ =il —2 V2
v=1 VSt VAl () AOVEZ a2
—tarcsin, /2 V2 [ tdt
t 2 | t/—t-2
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Koniec 10. casti priklady b — 17

_ O§§l1<1 x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tjox<-1
Subst. t= 1 €(—o0; —1) t
=[sust = e U= [aresin /52 dt= [ arcsin | /1+2 dt
dt=dx | t€(—o0; —2)
2 ’ 2\"%, 2 1 _
_ u = arcsin \/ u'= \/1 (1\ 5 S(1+2) (=2t = T/ Y Z(r =
=1l -1 —V2 V2
/2|t| /—(t+2) 2(—t)V/—t-2 2ty/—t—2
. S bst. z=—t-2 (E R=2
:tarcsln t+2 f tdt ubst. z (—o0 )
== 2 dz=—dt ZC(O‘X>
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niec 10. casti priklady b —

174

73 74 74 75 75 T76-77

/arcsin X+L g
x—1

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—oc;—1)
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.x<-1
Subst. t=x-1 00; 1»
=] I arcsin /2 dt= [ arcsin | /1+2 dt
dt=dx | t€(—o0; —2)
_ u = arcsin \/ u'= \/1 (1\ 5 3(1+2)72 7\/ T
V=1 -2 V2
/ZMV —(t+2)  2(-t)v-t-2  2ty—t-2
=iz rcsm t+ f tdt Subst z=—t-2 te(—oo0; —2)
== 2 dz=—dt ZC(O‘X>
:tarcsim/itzfﬁ 7de
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71 7 72 73 73 74 74 75 75 76-77

niec 10. casti priklady b — 174

/arcsin X+L g
x—1

_ Oiiliil x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€(—o0;—1
x#1 x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1) tj.x<-1
Subst. t= 1| x€(—o0;—1) i
=[sust = e U= [aresin /52 dt= [ arcsin | /1+2 dt
dt=dx | t€(—o0; —2)
. / 2\ %, 2 1
_ u = arcsin \/ u'= \/T\") S(1+2) (=2t = V=N 7\/W
vi=1 =L —V2 V2
V2 |t] \/—(t+2) 2(—t)v/—t—2 2t/—t—2
S bst. —(=2 te(—o0; -2
—ta rCSIn t+ \[ tdt ubst. z (=0 )
== 2 dz=—dt z€(0; 00)

_ i 2 V2 [—dz o 2 V2 f 1
=t arcsin 5 2/\ﬁ—tarcsm . —+ 2/2 3dz
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71 7 72 73 73 74 74 75 75 7

Koniec 10. casti priklady b — 174

/arcsin X+L g
x—1

__[o< “1 1|x=1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.]j. x neexistuje |x€(—o0;—1)

#1  |x—1<0&x<1l: 0>x+1>x—1, tj —1>x,1>—1, t.j. x&(—o0;—1) tjx<-1

Subst. t=x-1 00; 1» i

= < arcsin /2 dt= [ arcsin | /1+2 dt

dt=dx|te ( 00; —2)

2 / 2\"%, 2 1
_ u = arcsin \/ u'= \/1 (1\ 5 S(1+2) (=2t = TR Y Z(r =
—1 —V2 V2
V2|t /—(t+2)  2(=t)V=t=2 T 2tV/—¢t-2

= i aresin t+ f/ tdt Subst

z
—t— 2 dz=—dt
=tarcsin, / ”2

=t arcsin t f/ 2dz
t+2 \/§ %

=t arcsin
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71 7 72 73 73 74 74

Koniec 10. casti priklady b — 174

/arcsin X+L g
x—1

7% 75 7

__[o< “1 1|x=1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.]j. x neexistuje |x€(—o0;—1)

#1  |x—1<0&x<1l: 0>x+1>x—1, tj —1>x,1>—1, t.j. x&(—o0;—1) tjx<-1

Subst. t=x-1 00; 1» i

= < arcsin /2 dt= [ arcsin | /1+2 dt

dt=dx|te ( 00; —2)

2 / 2\"%, 2 1
_ u = arcsin \/ u'= \/1 (1\ 5 S(1+2) (=2t = TR Y Z(r =
—1 —V2 V2
V2|t /—(t+2)  2(=t)V=t=2 T 2tV/—¢t-2

= i aresin t+ f/ tdt Subst

z
—t— 2 dz=—dt
=tarcsin, / ”2

=t arcsin H +f/ “3dz
42 V2 z
SET

—I—cz:tarcsin,/#—&-\ﬂz—&-cz

=t arcsin

"""“ Nl
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Koniec 10. casti priklady b — 17

x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t.j. x&€(—o0;—1)

f‘(( > 1”} /arcsm 2 dt—/arcsm 1+2dt

u = arcsin \/'1-2 u'= L1+2) 2 (-2t = —r
V=1
=ta

\/1 m Z) 2 ¢ VEVERVE
rCSIn t+ \[/ tdt Subst —ii=P=—s—1l| e

Subst. t=x-1
dt=dx

z
== 2 dz=—dt

_ i 2 V2 [—dz o 2 V2 f 1
=t arcsin 5 2/\ﬁ—tarcsm . —+ 2/2 3dz

=t arcsin t+ +ﬁ z —|—cz—tarc5|m/t+ +v2z+0c
=(x—1) arcsin ;‘—ﬂ+«/2 (—x=1)4cp, x€(—00; —1), 2 €R.
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Koniec 10. casti priklady b — 175

. x—1
/arcsm \/ 371 dx
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71 3 73 74 74 75 75 T76-77

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(l;00)
X

+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje
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u = arcsin
V

x+1>0& x>—1:
x+1<0 & x<-1
1 1
e |V= =
Vi-=
V=X

Nl

0<x—1<x+1, t.j. 1<x,

1<1, t. ). xe(l;00)
>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

x€(1;00)
t.j. 1<x

22 _ 1
1 1)2 *F1=(x /i1 - > x
x (x+1) N 1\\‘1Vﬁ\(x+1)4 V& L (x1)t -
1 _ 1 _ V2
V26D (x+1)2 V2 |x+1] /x—1 2(x+1)vx—1

beerb@frcatel
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x+1>0& x>—1:

x+1<0& x<-1

0<x—1<x+1, t.j.1<x,—1<1, t.j. xe€(1;00)

>x—1>x+1, t.j.1>x,-1>1, t.j

x € (1;00)
1<x

X neexistuje t.]
— . 1

_ o fx=1 | 1 LL(x=1y72, Gl =(xl) 32 _ 1
_ u=aresing o (v =" :(50) (x+1) Vr]\\;]\/q\(x+l)4 yERr=yey )

/. — 1 . 1 . /2

v=1 = V)G | VERHIVAT S AT

. x—1 V2 x dx
=X arcsin, / — 5
x+1 2 (x+1)v/x—1

beerb@frcatel
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71 2 3 73 74 74 75 75

_[0<S5F7 <1 | x+1>0 6 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x € (1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
u = arcsin i = HZ = 2
_ \ +1 N 1\;1v%\m Vi)fl(xﬂ)a
V=1 - - -1 - V2
V2(x+1)(x+1)2 V2 |x+1| vVx—1 2(x+1)vx—1
_ . X— 1 f de Subst. t=+/x—1|t?=x—1 | x€(1;00)
=X arcsin 2
X+1 (x+1)vx—1 x=12+1|dx=2tdt | t(0; 00)
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 71 72 72 73 73 74 74 75 75

Koniec 10. casti priklady b — 175

. x—1
/arcsm \/ 371 dx

_ [0S S x+1>0 46 x>-10 0<x—1<x+1, t.j. 1<x,-1<1, t.j. x € (1;00)

x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x

— arcsing /=L || yi= = A = 1
e e VEEEDL L Gty o/ G

,_ _ _ _ 1 _ /2

vi=1 V=X T V26 ) V2IxFLVAT 2(xff)\/ﬁ
— x arcsin x=1__ V2 x dx __ | Subst. t=/x—1|t?=x-1 | x€(1;0)

x+1 2 (x+1)v/x—1 x=t2+1|dx=2tdt | te(0; 00)

_ in. /x=1_ 2 [(£+1)-2edt
=Xxarcsiny / 2/ +2)t

beerb@frcatel. . i.uniza.sk/~beerb
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71 7

niec 10. casti priklady b — 17

74 74 75 75 76-77

/arcsin ;

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(l;00)

#— x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.] 1<x}
1 1
u = arcsin u'= 1 1(x=1y73, (eD)=(x=1) _ 22 _
— Vx \1 = 2(65) (x+1) =y ey
vi=1 v=x

=1l

i ~=1| 2
=Xx arcsin, / %= 1 ‘f de Subst. t=1/x—1| t
(x+1)vx—1

X+1 x=t2+41|dx=2tdt

x—1 2 (t2+1 2tdt (£241)dt
=X arcsin 1 / +2)t = X arcsin ><+1 f o

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb
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niec 10. casti priklady b — 17

/arcsin ;

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(l;00)

#— x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.] 1<x}
= 1 1
u = arcsin o= — iy =5 (easl=le=i) 32
— \ \1 = 2~x1) (x+1) Vr]\\;]\/ e
vi=1 v=x

=1l

i ~=1| 2
=Xx arcsin, / %= 1 ‘f de Subst. t=1/x—1| t
(x+1)vx—1

X+1 x=t2+41|dx=2tdt

x—1 2 (t2+1 2tdt (£241)dt
=xarcsing /Sy / (+2)t = x arcsin ><+1 -v2 /! P12
_ (£2+2-1)

=x arcsin, /%= +1 f/ t2+2
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71 7

Koniec 10. casti priklady b — 17

/arcsin ;

_ Oii—ﬂil x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
— . 1
u = arcsin u'= — L .1(x=1)77 (HD)=(l) 22 = 2
= \ H Vi-& Z(X ]) &=R) VG S )t RS ()
V=1 v=x = = 1 = V2
V2 (1 V2t VaeT | 2G)VAT
_ H X— 1 f de Subst. t=+/x—1 x—1 xif(l;ac)
=X arcsin 5
X+1 (x+1)v/x—1 x=t2+1|dx=2tdt|te(0;00

x—1 2 (t2+1 2tdt (£241)dt
=xarcsing /Sy / @+t X arcsin ><+1 -v2 /! P12
o t +2-1) x—1 dt
=xarcsiny /21 f/ t2+2 (21 dE_  arcsing / =22 dt—k\f/t2+
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71 7

Koniec 10. casti priklady b — 17

/arcsin ;

_ Oii—ﬂil x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
— . 1
u = arcsin u'= — L .1(x=1)77 (HD)=(l) 22 = 2
= \ H Vi-& Z(X ]) &=R) VG S )t RS ()
V=1 v=x = = 1 = V2
V2 (1 V2t VaeT | 2G)VAT
_ H X— 1 f de Subst. t=+/x—1 x—1 xif(l;ac)
=X arcsin 5
X+1 (x+1)v/x—1 x=t2+1|dx=2tdt|te(0;00

x—1 2 (t2+1 2tdt (£241)dt
=xarcsing /Sy / @+t X arcsin ><+1 -v2 /! P12
o t +2-1) x—1 dt
=xarcsiny /21 f/ t2+2 (21 dE_  arcsing / =22 dt—k\f/t2+

_ : —1 V2
=x arcsm\/);j_ﬂfﬂﬂr% arctg %+c1
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71 7

Koniec 10. casti priklady b — 17

_ Oii—ﬂil x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x#—1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
. 1
u = arcsin u'= — L .1(x=1)77 (HD)=(l) 22 = 2
= \ H Vi-& Z(X ]) &=R) VG S )t RS ()
V=1 v=x = = 1 = V2
V2 (1 V2t VaeT | 2G)VAT
_ H X— 1 f de Subst. t=+/x—1 x—1 xif(l;ac)
=X arcsin 5
X+1 (x+1)v/x—1 x=t2+1|dx=2tdt|te(0;00

— 241)-2td 1)d
=X arcsin Fi ‘[/(t ;Ht t—xarcsmw/x+1 \[/ttﬁ+)2t
2-1)
=xarcsiny /21 \[/H;ZH S =xarcsing /X1 —V2 dt+\f/t2+df
_ in./x=L_ V2 t
=xarcsing /{77 ﬂt+ﬁarctgﬁ+q
:xarcsin,/i—j— 2(x—1)+arctg /%5t +c1, x€(—00; 1), 1 ER.
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Koniec 10. casti priklady b — 175

. x—1
/arcsm \/ 371 dx
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71 3 73 74 74 75 75 T76-77

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(1;00)
X

+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje
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_ {Subst.

X
X+
t=x+1

dt=dx

+1>0 & x>

1:

I1<0& x<-1

x€(1;00)
te(2;00)

)

71

0<x—1<x+1, t.j. 1<x,

1<1, t.j. xe(1;00)

0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

beerb@frcatel.fri.uniza.sk
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71

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(1;00)
x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

Xfﬁu“*)}:/arcsin ,/ﬁdtz/arcsin =2l
te(2;00) t t

__[Subst. t=x+1
dt=dx
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71 71 72

Koniec 10. casti priklady b — 17

_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x € (1;00)

x#—-1 |x+1<0& x<-1: 0>x—-1>x+1, t.j.1>x,—1>1, t.j. x neexistuje Jo 1<x

Subst. t=x+1|x€(1;00 =2 2
= s '= [ arcsin di= [ arcsin dt

dt=dx | t€(2;00)
_2 1 1l(_2 J‘, -2 V2

:{u ezl A=t o W?U ) D2 = s = e = VRV Zﬁ}

V=1

tarcsmﬂ—2 ‘?/ Gl
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{Subst. t=x+1

t

{u arcsin V 1—;

dt=dx

u'

vi=1

arcsiny /2 —

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t. j. xe€(1;00)
x+1<0& x<—-1: 0>x—-1>x+1, t.j.1>x,—1>1, t. j. x neexistuje

x€(1;00)

71 71 72

Koniec 10. casti priklady b — 17

)} /arcsm,/t 2dt—/arcsm,/ 2dt

S3a-9Hen-a)

\@ tdt Subst z=t—2
2 dz=dt

V2
2(: 2)t2 VZM\/! 2 2t\/t z}
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71 7 2 73 73 74 74 75 75 76-77

niec 10. casti priklady b — 17

__ [0S S x+1>06 x>-10 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€
x#-1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
1 1 3 2 5
__ | u=arcsin \/17; u' oD )‘5(17;) (=1)-(=2t7?) VIVEEVE /72“ e VQMV, 3 /e
V=1 =t
. Subst. =2 te(2;00
=tarcsiny /=2 — i tdt ubst. 2 €(2i09)
t tyv/t dz=dt z€(0;00)

=t arcsin ;2 f/
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71 7 2 73 73 74 74 75 75 76-77

niec 10. casti priklady b — 17

__ [0S S x+1>06 x>-10 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€
x#-1 x+1<0& x<-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
1 1 3 2 5
__ | u=arcsin \/17; u' oD )‘5(17;) (=1)-(=2t7?) VIVEEVE /72“ e VQMV, 3 /e
V=1 =t
Subst. =2 = (231
=tarcsiny /2 i tdt — [Subst. 2 te( )
72 dz=dt z€(0; 00

—tarcsm\/? / <Z—t arcsin ;2 ‘[/
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71 7 2 73 73 74 74 75 75 7

Koniec 10. casti priklady b — 17

_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)

_{ x#—1 |x+1<0& x<—1: 0>x—1>x+1, t.j. 1>x,—1>1, t.j. x neexistuje t] lix}
bst. t=x+1 (1;

:[S“ S B=a| e X)} arcsin |/ 52 dt= [ arcsin 2dt

dt=dx | t€(2;00)

:{” a’CS‘“\’l’? o= Zag (-9 T 02 =T =2 217%}
V=1 =i

— 3 t=2 i tdt _ [Subst. z=t-2 t&(Z;x)

=tarcsiny /5 /t ﬁ2_{ o }

_ i ft=2 V2 _ —2 _ V2 -1

=t arcsin 5 2/\/—tarcsm / dz

=tarcsiny/ 52— ‘f +c
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71 7 2 73 73 74 74 75 75 7

Koniec 10. casti priklady b — 17

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—1<1, t.j. xe(l;00) |x€(1;00)
x+1<0& x<—-1: 0>x—-1>x+1, t.j.1>x,—1>1, t. j. x neexistuje tj. 1<x

Xf\l,xn /arcsm,/t 2dt—/arcsm,/ 2dt

Subst. t=x+1

—

dt=dx
1 1 4 . :
—|u arcsm\,lfz u \/ﬁ‘i(lfz) (=1)-(—2t72) W =
V=1 =t
=tarcsiny /=2 — i tdt _ [Subst. z=t-2 M(Z;x)
t t/t—2 dz=dt

:tarcsin\/g {/ftarc5|n ;2 ‘[/ —3dz

=tarcsin t;tz i%—&—cz—tarcsm,/ —V2z+0
2
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71 7 2 73 73 74 74 75 75 T76-7

Koniec 10. casti priklady b — 17

_[0<S5F7 <1 | x+1>06 x>-1: 0<x—-1<x+1, t.j.1<x,—1<1, t.j. x€(l;00) |x€(1;00)
x#—-1 |x+1<0& x<-1: 0>x—-1>x+1, t.j.1>x,—1>1, t.j. x neexistuje tj. 1<x
Subst. t=x+1|x€e(l; t=2 2
=|[Subst: t=xil|xee)l [ resin dt= [ arcsin dt
dt=dx | t€(2;00)
1 1 3 2 5
—|u arcsm\,l—; u' \/ﬁ‘i(l’f) (=1)-(=2t7?) W szw 5 = 51
V=1 =t
. Subst. =2 1
= i avreslin =2 i tdt _ [Subst. z x+
t t\/t—2 dz=dt

:tarcsim/t;t2 {/ftarc5|n ;2 ‘[/ —3dz

=tarcsin t;tz i%—&—cz—tarcsm,/ —V2z+0
2

:(x—f—l)arcsin,/’;—:ll—wﬂ (x+1)+c, x€(1;0), cER.
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71 71 72 72 74 74 75 75 76-77 78

Koniec 10. casti priklady b — 176, 177
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71 71 72 72 73 73 74 74 75 75 76-77 78 79-80

Koniec 10. casti priklady b — 176, 177

— 1 . Vx—34++/x—5 dX
Vx—=3—1/x=5 +/x—3++/x—5
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71 71 72 72 73 73 74 74 75 75 76-77 78 79-80

Koniec 10. casti priklady b — 176, 177

\/xix/i \/7\/7
/*Jr% = %dx—/ (X5dx

Vx=3+Vx=5 \/7+\/7
\/7\/7\/7+\/7dx—/ —0=%) dx
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71 71 72 72 73 73 74 74 75 75 76-77 78 79-80

Koniec 10. casti priklady b — 176, 177

Ji\/idx_x/i
\/7+\/7\/7\/7 3—(

:;/(X 3)2dx—7/(x 5)} dx

X5dx—/v VX=5 dx

Y= R P P
TS VT

_5/(x—3) 2dx + 5/(x75)5 dx

)dx—/v *V 2 dx

(x—5
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71 71 72 72 73 73 74 74 75 75 76-77 78 79-80

Koniec 10. casti priklady b — 176, 177

V=N P N= ¢ ==
/ﬁ+ﬁ Vi ﬁd"_/ 3 dx‘/ dx

:%/(X_:)')?dX— 5/(X—5)§ dX’:i.(X 33)2 _% (x— 5)2 g

2 2

Se= 5

 V/X=3+v/x=b \/7+ \/7+\/7
\/7\/7 %_F%dx—/ )dx—/ dx

_5/()(*3) dX+§/( — )de:§~(X ;’)2 +§ (x— 5)2 B
2

(x—5

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

71 71 72 72 73 73 74 74 75 75 76-77 78 79-80

Koniec 10. casti priklady b — 176, 177

V=N P N= ¢ ==
/ﬁ+ﬁ Vi ﬁd"_/ 3 dx‘/ dx

:%/(X—3)§dX— 5/()(—5)5 dX’:i.(X %3)2 _% (x 25)2 4
_V/(x=3p CRO xe(5:00), CER.

Se= 5

8 8

 V/X=3+v/x=b \/7+ \/7+\/7
\/7\/7 %_F%dx—/ )dx—/ dx

:E/(X73)§dX+7/( — )de:§~(X ;’)2 +§ (x— 5)2 .
B

)P
(33) +

(x—5

(X 5)

+ ¢, xe(b;00), ceR.
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Koniec 10. casti priklady b — 178
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Koniec 10. casti priklady b — 17
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Koniec 10. casti priklady b — 178

‘ dx

VXx—3—+v5— dx:/\/x737\/57x dx

— 1 . X
_/\/><T3+\/5—x Vx—3—/5—x x—3—(5—x)
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Koniec 10. casti priklady b — 17

‘ dx

= mdx_/ﬁ N = /\/stdx_/mdx

\/7+\/57x o G=%) 2x—8 2x—8
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71 7

Koniec 10. casti priklady b — 17

74 74 75 75 76-77 78

 V/x=3—/b5—x Vx—3— \/ﬁ Vx=3dx _ [+/B—xdx
iy ey = mdx_/ dx= /

x—3—(5—x) 2x—8 2x—8
_[Subst. u=v/x=3 | u*=x-3]|x u2+3 dx=2udu |x€(3;4), ue(0;1), ve(1;v2)
Subst. v=1/5—x | v2=5—x | x dx=—2vdv | x€(4;5), uc(l;v2;, ve(0;1)

79—

80
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71 7

Koniec 10. casti priklady b — 17

74 74 75 75 76-77 78 79-80

_ VXx—3—+v5— X dx—= VX=3—V/5= de: Vvx—3dx [ /5—xdx
ey = ey

2x—8 2x—8
| Subst. u=+v/x-3 P =x—3|x=v?+3|dx=2udu
v2=5—x

Subst. v=+/5—x x=5-v2

_ 2u’ du 4 2v2dv
[ 2u?+6-8 —2v2+10—8

dx=—-2vdv

x€(3;4), ue(0;1), ve(1;v2)
x€(4,5), ue(1;v2), ve(0;1)
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71 7

Koniec 10. casti priklady b — 17

74 74 75 75 76-77 78 79-80

_ ﬁmdx_/m N = mdx_/mdx
V/x +\/5 x V5—x x—3—(5—x) 2x—8 2x—8
7{Subst u=+x—3|u?

=% x€(3;4), ue(0;1), vi(l,v@l
2

X u2+3 dx=2udu

Subst. v=1/6—x [ v?=5—x | x=5—

dx=—2vdv |x€(4;5), ue(l; V2) ve(0;1)

_ 2u’ du 4 2v2dv u du v dv
[ 2u?+6-8 —2v2110-8
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71 7

Koniec 10. casti priklady b — 17

74 74 75 75 76-77 78 79-80

_ v/x—3— mdx— Vx—3— mdx— Vx=3dx _ [+/B—xdx
\/7+\/57X\/7\/57x x—3—(5—x)

2x—8 2x—8
| Subst. u=+v/x-3 P=x—3|x u2+3 dx=2udu
v2=5—x

Subst. v=+/5—x x=5— dx=—2vdv

x€(3;4), ue(0;1), ve 1\/2\
X€(4;5), ur1v2 ve(0;1)

_ 20° du 2v2 dv u- du u —1+1 1+1
—/2u2+6—8 Jr/—2\/2+10 C / / / du— dv
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71 71 72 72 73 73 74 74 75 75 76-77 78

Koniec 10. casti priklady b — 178

\/7 mdx: \/xfsﬂ/ﬁdx_ Vx=3dx _ [+/B—xdx
Vx +\/5 x \/x—3—1/5—x x—3—(5—x)

2x—8 2x—8
7{Subst u=vx—3|P=x-3|x u2+3 dx=2udu

XE

v2=5—x

Subst. v=+/5—x x=5— dx=—2vdv

(3;4), ue(0;1), ve 1\/2\
Xx€(4;5), ue(y; V2), ve(0;1)

_ 2u’ du 2v2dv u”du u —1+1 vi—1+41

—/2u2+6—8 Jr/—2\/2+10 8 / / / du— [*57==dv
_ du o dv
f/du—l—/,ﬂ_l /dv ]
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Koniec 10. casti priklady b — 178

\/7 mdx: \/mfx/ﬁdX: Vx=3dx _ [+/B—xdx
Vx +\/5 x \/x—3—1/5—x x—3—(5—x)

2x—8 2x—8
| Subst. u=+v/x-3 P=x—3|x u2+3 dx=2udu
v2=5—x

Subst. v=+/5—x x=5— dx=—2vdv

x€(3;4), ue(0;1), ve(1;v2)
Xx€(4;5), ue(y; V2), ve(0;1)

2 2 2
=/232“+218+/_23:+‘15 -~ / - [ho o au- fas
/du—l—/ dul /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c
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71 71 72 72 73 73 74 74 75 75 76-77 78

Koniec 10. casti priklady b — 178

\/7 mdx: \/xfsﬂ/ﬁdx_ Vx=3dx _ [+/B—xdx
Vx +\/5 x \/x—3—1/5—x x—3—(5—x)

2x—8 2x—8
7{Subst u=vx—3|P=x-3|x u2+3 dx=2udu

XE

v2=5—x

Subst. v=+/5—x x=5— dx=—2vdv

(3;4), ue(0;1), ve 1\/2\
Xx€(4;5), ue(y; V2), ve(0;1)

2 2 2
=/232“+218+/_23:+‘15 -~ / - [ho o au- fas
/du—l—/ dul /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c

=X +1|n}\/7+1’—\/5 X — = In‘%‘—&-c
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71 7

Koniec 10. casti priklady b — 17

74 74 75 75 76-77 78 79-80

_ V=S mdx:/mfmdx_/mdx_/mdx
V/x +\/5 X V/x V5—x x—3—(5—x) 2x—8 2x—8

2 2
T SN S Y S
/du—l—/d“ /dv /dv—u—|—1|n|u+1|—v— In|v+1|+c

=Vx=3+ 3In[VEEE  — VBox = din |2+ e

_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), ue(0;1), ve(1;v2)
Subst. v=+v6—x | v2=5—x | x dx=—2vdv |x€(4;5), ue(l; v2 ve(0;1)

fo371‘7 VE—x—1 Vx=3-1 +/x=3-1| | |VE=x—1 E—x-1 ‘x—3—zv’x—3+1 o ‘b—x—z\/b—xﬂ

_|:‘n Vx—3+1 In V5—x+1 In Vx=3+1 /x-3-1 In V5—x+1 /5—x—-1 In x—3-1 In 5—x—1 ‘
[ x—2-2Vx=3 6—x—2V/B—x+1 | _ | |x—2-2\/x=3 4—x | x—2=2V/x=3
=In | =222 In a—x =In |*=222 57x72v57x‘*‘" 6-x—2/5 x
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Koniec 10. casti priklady

71 72 74 74 75 75 76-77 78 79-80

b —

_ L Vx—=3—vb5—x dx= X=3—V/5=X% d Vvx—3dx [ /5—xdx
Vx—=3+v/5—x +/x—3—1/5—x x—3—(5—x) 2x—8 2x—8
_[Subst. u=v/x=3 | u¥=x-3]|x u2+3 dx=2udu |x€(3;4), ue(0;1), ve(1;v2)
Subst. v=+v6—x | v2=5—x | x dx=—2vdv |x€(4;5), ue(l; V2), ve(o; 1)
_ 2u’ du 2v2dv u”du v-dv u —1+1 1+1
—/2u2+6—8 Jr/—2\/2+10 G / / / du— dv

du dv 1 | | o | |
/du—l—/ /dv / =u+5ln A v In v ¢
1 } ’ ‘ \/57X71‘
=X n —vV5—x—13% In
+ Vx— +1 VB—x+1 +c
_[m ti*imf'n = = R tfi’i?i-tfi’i’i In [ =3RSt | iy =g 2yE e
:‘n‘x 2X3:T3 In|6=x jzﬁn‘zln‘x 2 i;ﬁ'g,xjx/g‘:‘” ;i;ﬁfg
. 1 x—2—2+/x .
— /X =81— /5= In|6 == 2m’+c x€(3;4) U (4;5), ceR.
v
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74 74 75 75 76—

Koniec 10. casti priklady b — 179, 180

' X dx = Vx dx
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74 74 75 75 76—

Koniec 10. casti priklady b — 179, 180

_ (141X 144/1-X2 dx
T 1oy/1-x2 144/1-x2

/ X dx = Vx dx

_{Subst t=+/x

x€(0; 1)}

x=t2, dx=2tdt|te(0;1)
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1+\/1—x2_1+\/1 4 /1+2\/ 241X

1—x2) dx

VX dx

v/ 1—x+/x

x€( 01)} 2t% dt

__ [ Subst =%
te(0;1

x=t2, dx=2tdt

V1-13
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71 72

Koniec 10. casti priklady b — 179 180

141 x2 dx
y 1—4/1—x2
I+/1-x% 144/1-x2 dxe 1+2\/ x24g1 x? A 2—x2+22\/1—><2 dx
1-/1—x2 1+4/1—x2 —(1—x%) x

jy—— dx = [ &xdx

__[Subst t=/x|x€(0; 1) 2t2dt Subst. u=1—¢3|te(0;1)
x=t?, dx=2tdt |tc(0;1) \/1—13 du=-3tdt | ue(0;1)
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L1202 1412 14+24/T—x2+1—x? X_/2—x2+2\/1—><2 dx
= e

1—/1—x2 1+4/1— ><2

= / *2dx7/dx+2/17“*

1—(1—x2)

__[Subst. t=yix|xe(0;1)]_ [ 22dt
x=t?, dx=2tdt |t€(0;1) \/1—t3

Subst. u=1—t3

du=-3t2dt

te(;1)]_ _ J2du_ 2 [ -1
L/C(O;l)l_ /3\/u 3/“ 2du
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Koniec 10. casti priklady b — 179

I+4/1=x% 144/1— < 4 1424/1—x24+1—x> A 2—x*424/1—x2 dx
1—/1—x2 1+4/1— ><2 1-(1-x%) _ x2

fg / 72dX*/dX+2/\/ﬁdX {u/: \flfxiz ; ‘ 1

W= 3(1-x)H(-2x) = f]

_ [ Subst t=1/x|x€(0;1) 2t2dt Subst. u=1—1t3|t€(0;1) . f2du_ 2 U_%du
_L(:tQ, dx=2tdt | t€(0;1 } A/1—13 { du=—-3t?dt L/C(O;l)l_ 3Vu 3
1
2 2
:_§'UT+C
2
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Koniec 10. casti priklady b — 179

I+4/1=x% 144/1— < 4 1424/1—x24+1—x> A 2—x*424/1—x2 dx
1—/1—x2 1+4/1— ><2 1-(1-x%) _ x2

fg / 72dX*/dX+2/\/ﬁdX {u/: \fmz ; ‘ 1

v X T X

W= 3(1-x)H(-2x) = f]

=2 x—|—2[ — \/ﬁ]

_ [ Subst t=1/x|x€(0;1) 2t2dt Subst. u=1—1t3|t€(0;1) . f2du_ 2 U_%du
_L(:tQ dx=2tdt |te(0;1 } A/1—13 { du=-3t?dt L/C(O;l)l_ 3\Vu 8
2 4/u
S I S L
2
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72 73 74 74 75 75 76-77

Koniec 10. casti priklady b — 179, 180

1+\/ —x?2 1+\/1 ><2

2\ 1—x2

2 arcsin x+c¢

1><21+ 1><2

:/*2dx /dx+2/

1424/1—x241—x2 2—x2—4—2\/1—x2
- dx= = dx

u =v1-x2 |u= %(1*)(2)7%

78

79-80

__[Subst t=/x|xe(0; 1)

x=t?, dx=2tdt|t€(0;1)
—_2, L
= I
3 2

2tdt
V1-13

Subst. u=1—t3
du=-3t?dt

3

te(;1)]_ _ J2du_ 2 [ -1
L/C(O;l)l_ /3\/u 3/“ 2du
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72 73 74 74 75 75 76-77

Koniec 10. casti priklady b — 179, 180

1+\/ —x2 1+\/1 ><2

2\ 1—x2

2 arcsin x+c¢

1><21+ 1><2

:/*2dx /dx+2/

1424/1—x241—x2 2—x2—4—2\/1—x2
== dx= = dx

u =Vi2 |u= %(1*)(2)7%

78

79-80

_ [Subst. t=y/x|xe(0;1) 2t dt Subst. u=1-#3[te(0;1)]_ _ f2du__ 2 U=
_L:R dx=2tdt | te(0;1 } 18 { du=—3t2dt | ue(0; 1} 3Vu g
2 4 44/1—1t3 44/1—x/x .
_ §UT+ f+c__ — te=—Y "4, x€(0;1), ¢
2
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Koniec 10. casti priklady b — 181
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niec 10. casti priklady b — 181

__[Subst. x=1t12, t= ¥/x | /x=Vt2=t*| x€(0; )
dx=12t"dt | ¢/x=Vt12=13 | t€(0; 00)
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niec 10. casti priklady b — 181

Ix=vtl2=t*
Ix=vtZ=1¢3

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xe(000) [ [ 12 dt
te(0; 00) th+t3
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niec 10. casti priklady b — 181

x=Vt2=t*
Vx=vtR2=t

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xe(0;00) | [12t de_ 2 dt
= [5—5=12 | =5
te(0; 00) th+t3 t+1
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Koniec 10. casti priklady b — 181

x=Vt2=t*

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xF(O,X)}_ 12t de_ 12/@

te(Oio0) | | tHHER T t+1

ppan—.
Vx=vtR2=t

- B (7 —t7) = (P —tO) (2 —t2) — (¢* =t + (3 —t3) — (> —t?)+(t—t) — (1—1)
= 12/ =] dt
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Koniec 10. casti priklady b — 181

Ix=VtlZ=t*

Subst. x=t12, t= ¥/x
dx=12t1dt

x€(0; x)} 12t de_ 12/@

te(0;00) e t+1

N3 Vi2=¢3

_ 1 [ ) () () () (P ) (P ) (t=) (11
—12 / — Lde

_ 12/(t8+t7)—(t7+t6)+(t6+t5)—(t5+t4)+(t4+t3)—(t3+t2)+(t2+t)—(t+1)+1 dt
t+1
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Koniec 10. casti priklady b — 181

Subst. x=t12, t= /x| yx=Vt2=t*|xe(0;00) |_ [12tdt__ 12 5 dt
dx=12t11dt | ¢x=" 112 £3| t€(0; 00) t+t3 t+1
2/ )= (=) +( =) — (1-“4 f4)+(f3—t3)—( —f2)+(t—f)—(1—1) dt

(B4t = (" +0) (2 + %) = (P +tH+ (¢ + ) = (B + ) +(P+t) = (t+1)+1
12/ O (O (11 g

12/ e R S A t2+t—1+t+—1}dt
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Koniec 10. casti priklady b — 181

Subst. x=112, t= ¥/x | /x=v/t2=1¢*

dx=12t1dt

xF(O,X)}_ 12t de_ 12/@

te(Oio0) | | tHHER T t+1

—

ppan—.
Vx=vtR2=t

- B (7 —t7) = (P —tO) (2 —t2) — (¢* =t + (3 —t3) — (> —t?)+(t—t) — (1—1)
=12 =] dt

t+1

—

t7—t6+t5—t4+t3—t2+t—1+i}dt

_ 12/(t8+t7)—(t7+t6)+(t6+t5)—(t5+t4)+(t4+t3)—(t3+t2)+(t2+t)—(t+1)+1 dt
[

=12[8 L+ L L4 8 B4 piin|e+l]] +e
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Koniec 10. casti priklady b — 181

x=Vt2=t*

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xF(O,X)}: 12t de_ 12/@

te(0; 00) th+t3 t+1

ppan—.
Vx=vtR2=t

t8+(t7—t7)—(t6—t6)+(t5—t5)—(t4—t4)+(t3—t3)—(t2‘—t2)+(t—t)—(l—l) d
t+1

|
L L

12 t

(B4t = (" +0) (2 + %) = (P +tH+ (¢ + ) = (B + ) +(P+t) = (t+1)+1 dt
t+1

T 46 15 14 | 13 42 1
[t —tt+t—t"+t" -t —|—t—l+m}dt

8 7 6 ) 4 3 2
E Lt Lt b _ttinft+l]]+c

12]
=12[ 2304 08 T MR MR xtin [¥/x 1] e
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Koniec 10. casti priklady b — 181

Subst. x=112, t= ¥/x | /x=v/t2=1¢*

xe(0;00) | [12t de_ 2 dt
= [5—5=12 | =5
dx=12¢t'1dt te(0; 00) th+t3 t+1

B (7 —t7) = (P —tO) (2 —t2) — (¢* =t + (3 —t3) — (> —t?)+(t—t) — (1—1) d
t+1

—

ppan—.
Vx=vtR2=t

t

t+1

T 46 15 14 | 13 42 1
[t —tt+t—t"+t" -t —|—t—l+m}dt

:12/(t8+t7)—(t7+t6)+(t6+t5)—(t5+t4)+(t4+t3)—(t3+t2)+(t2+t)—(t+1)+1 dt
8 7 6 5 4 3 2
[ -5+ L +5 L +5 —t+Inft+l]] +¢

B YT W s Wa s 2y .
AN ST N5 N Y3 g e e

—32_ 1V g 12V 3y 4yx+69X—12 ¥x
+121In (¥/x+1)+c, x€(0;0), ceR.
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Koniec 10. casti priklady b — 182
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niec 10. casti priklady b — 182

__[Subst. x=1t12, t= ¥/x | {/x=Vt2=1t>| x€(0; )
dx=12t"dt | ¢/x=Vt12=13 | t€(0; 00)
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niec 10. casti priklady b — 182

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xe(000) [ [ 12 dt
te(0; 00) t2+¢3
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niec 10. casti priklady b — 182

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

x€(0;00) | _ 12t11dt:12 t° dt
te(0; 00) t2+¢3 1+t
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Koniec 10. casti priklady b — 182

__ | Subst x=t12, t= ¥/x | Jx=Vi2=12|xe(0;00) |_ [12t dt__ 12 2 dt
dx=12¢11dt | /x=v/t2 =13 | te(0; 00) 2413 1+t

- (18—t — (7 =t )+ (8 — ) — (> — )+ (t* —tH)— (¢t —t3)+(t2—t2)—(t—t)+(1—1
—12 / . L de

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

__[subst. x=1t12, t= ¥/x | Yx=Vt12=t>| xe(0;00) |__
dx=12t"dt | ¢/x=Vt12=13 | t€(0; 00)

12t dt_ 2 dt
— t2+¢t3 712/1—&-1‘

:12/t9+(t8—tB)—(t7—t7)+(t6—t6)—(t5—t5)+(t4—t4)—(t3—t3)+(t2—t2)—(t—t)+(1—1) d

t+1

_ 12/(t9+t8)—(ts+t7)+(t7+t6)—(t6+t5)+(t5+t4)—(t4+t3)+(t3+t2)—(t2+t)+(t+l)—1 dt

t+1

t
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Koniec 10. casti priklady b — 182

x=Vt2=t?

{Subst =it = xe(O,x)}: 12t de_ 12/t9dt

t2+t3

dx=12¢11dt | /x=v/t2 =13 | te(0; 00) 1+t
2/ )= (7 —t)H(° =) — (P =) (£ =) — (=) +(P ) — (e =) +(1-1) dt
t+1
:12/ (t°+8) = (Bt )+ (7 +°) = (t°+ )+ (P +tH) = (* + ) +(E+ 1) — (£ + ) +(t+1) -1 dt
t+1
:12/ — T+ttt -2 - t—i—l—m}dt
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Koniec 10. casti priklady b — 182

Subst. x=112, t= ¥/x | /x=Vt2 =12

dx=12t1dt

£+ (80 t)— () (=)~ (P )+ (=) (B =) (P =)~ (e=)+(1-1) g,
t+1

_ 12/(t9+t8)—(ts+t7)+(t7+t6)—(t6+t5)+(t5+t4)—(t4+t3)+(t3+t2)—(t2+t)+(t+l)—1 dt

xF(O,X)}: 12t dt_ 12/@

te(0; 00) t2+83 1+t

—

ppan—.
Vx=vtR2=t

t+1

[tg—t7+t6—t5+t4—t3+t2 t—i—l—m}dt

=12[8 L4 L4 B4 8Bt in|e+l]] +e
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Koniec 10. casti priklady b — 182

Ix=vt2=¢2

Subst. x=t12, t= ¥/x
dx=12t1dt

x€(0; x)} 12t de_ 12/@

te(0;00) 2413 1+t

p
Vx=vtR2=t

t9+(t8—tB)—(t7—t7)+(t6—t6)—(t5—t5)+(t4—t4)—(t3‘—t3)+(t2—t2)—(t—t)+(1—1) dt

:12/ t+1

_ (t°+8) = (Bt )+ (7 +°) = (t°+ )+ (P +tH) = (* + ) +(E+ 1) — (£ + ) +(t+1) -1
=12 — dt
:12/[t8—t7+t6—t5+t4—t3+t2 t—i—l—m}dt

LR SR Y [ s
12 12 12
LVl VB VL g/ In | ¥x+1|]+c

9 6 5 4
s -5 +4-§+5-%
:12[W 1\2/)?_"_1\2/)7_1\22;_’_12
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Koniec 10. casti priklady b — 182

x=Vt2=t?

__ | Subst. x=t12, t= ¥/x
dx=12t1dt

xF(O,X)}: 12t de_ 12/@

te(0; 00) t2+83 1+t

ppan—.
Vx=vtR2=t

t9+(t8—tB)—(t7—t7)+(t6—t6)—(t5—t5)+(t4—t4)—(t3‘—t3)+(t2—t2)—(t—t)+(1—1) d
t+1

|
L L

12 t

(t°+8) = (Bt )+ (7 +°) = (t°+ )+ (P +tH) = (* + ) +(E+ 1) — (£ + ) +(t+1) -1 dt
t+1

[tg—t7+t6—t5+t4—t3+t2—t+1—?11}dt

9 7 6 ) 4 3] 2
[§ 5 5 T8 565 St it e

12
—1o[ 2 N0y N7 Ny v VR VR VR fx—in 951 [+

— ¥ _3¥2 VT e YR 385 4x—69x+12 ¥x
—12In (¥x+1)+c, xe(0;00), ceR.
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niec 10. casti priklady b — 183

83

__ | Subst. x=1t%, t= ¥/x | ¥x=Vt5=1t° | x€(0; 00)
dx=15t"dt | ¢/x =Vt =13 | t€(0; 0)
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niec 10. casti priklady b — 183

83

Ix=Vts=t°

x=VtB=1t3

__ | Subst. x=t1°, t= ¥/x
dx=15t1dt

x€(0;00) |__ 15t dt
te(0; 00) t5+t3
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Koniec 10. casti priklady b — 183

Ix=v/t5=t>

Vx=Vt15 =13

__ | Subst. x=t°, t= ¥/x
dx=15t"dt

xe(000) | [15¢1*de qp [tlde
t€(0; 00) R t2+1
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Koniec 10. casti priklady b — 183

Ix=Vts=t°
x=VtB=1t3

= | Subst x=t¥, = Y xe@)]_ [156%de_ 15 [de

dx=15t*dt te(0; 00) t5413 211
— 15 [ EHE =)= (Tt (E )~ (=) (t=1)
_15/ 241 dt
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Koniec 10. casti priklady b — 183

Ix=v/t5=t>
Vx=Vt15 =13

__ | Subst. x=t°, t= ¥/x
dx=15t"dt

xe(000) | [15¢1*de qp [tlde
t€(0; 00) R t2+1

:15/t“+(t9—t9)—(t7—t7)+(t5—t5)—(t3—t3)+(t—t) dt

t2+1

1 9) — (04T (T +£2) — (O +£3)+ (34 £) -t
:15/( (O (Pt gy
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Koniec 10. casti priklady b — 183

‘ dx
J VXV

Subst. x=115, t= ¥/x | /x=VtB5=15| x€(0; x) 15t% de_ 15
dx=15t1dt | §/x=vB=¢| te(0; 00) t2+t3
(£ —t") (2 —t2)— (3 —t3)+(t—1)
15 / 4O dt

L) — (04 t7)+ (¢ +82)— (2 +5)+ (3 +1)—t
s L EaPuPanee

i 5) 8]
15/ —tT 45—t | dt
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Koniec 10. casti priklady b — 183

‘ dx
J VXV

Subst. x=115, t= ¥/x | /x=VtB5=15| x€(0; x) 15t% de_ 15
dx=15t1dt | §/x=vB=¢| te(0; 00) t2+t3
(£ —t") (2 —t2)— (3 —t3)+(t—1)
15 / 4O dt

L) — (04 t7)+ (¢ +82)— (2 +5)+ (3 +1)—t
s "

8] 8
15/ —tl 5t +t—t2+1}dt 15/[ —tT+t5 34t 1 tzjl}dt
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Koniec 10. casti priklady b — 183

‘ dx
J VXV

Ix=v/t5=t>
Vx=Vt15 =13

__ | Subst. x=t°, t= ¥/x
dx=15t"dt

xe(000) | [15¢1*de qp [tlde
t€(0; 00) R t2+1

(=) — (£ =)+ (£ —t2) — (3 —2)+(t—1) dt

/ t2+1
—15 [EHE) (P +0) (P4 )+ (1)t
s at
:15/[t9—t7—|—t5—t3+t—tzil} dtzlS/[tg—t7+t5—t3+t—%~tzzil} dt
=5[22 2.2 1in|241]]4¢
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‘ dx
J VXV

|

Subst. x=t1°, t= /x| Yx=VtB=1>|xe(0;00) |_ [15t"dt_ 15
dx= 15t”dt Vx=V1tB=13| te(0; ) B t2+1

(=) (" —t)+ (=) — (=) +(t—1) dt
t>+1

t2+1

:15/(tn+tg)7(t9+t7)+(t7+t5)7(t5+t3)+(t3+t)7tdt_

[tg—t7+t5—t3+t—t2+1}dt 15/[ T3t L.

4

ot L2l e

2t
t2+1

] dt
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Koniec 10. casti priklady b — 183

Ix=Vts=t°
x=VtB=1t3

= | Subst x=t¥, = Y xe@)]_ [156%de_ 15 [de
dx=15t*dt te(0; 00) t5413 211
(0= 1) (T =) () (P =) 4 (1) g,
t2+1

t2+1

t2+1

:15/(tn+tg)7(t9+t7)+(t7+t5)7(t5+t3)+(t3+t)7tdt_

=15 [tg—t7+t5—t3+t— i }dt=15/[t9—t7+t5—t3+t—%.tiil}dt

4

=5[22 2.2 1in|241]]4¢
=15[ 2 -V VL VL Y L in |V 1]+

23‘3/;2*15?F+5\Z;2*15?74+15?72*%|n(15hX2+1)}+C.
x€(0;00), ceR.

v
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Koniec 10. casti priklady b — 184, 185
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Koniec 10. casti priklady b — 184, 185

dx
Ix+1

_ [Subst. x=t3
dx=3t?dx

X €(0; 00)
t€(0; o)
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Koniec 10. casti priklady b — 184, 185

Subst. x=t3
dx=3t?dx

x€(0;00)]__ 3t2 dt
t€(0; o0) ]_ t+1
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Koniec 10. casti priklady b — 184,

Subst. x=t3
dx=3t?dx

xe(0;00)]_ [3t2dt_ o [ t>+t—t—1+1
t€(0; 00) ]_/ t+1 _3/ t+1 dt
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83 84-85 86

Koniec 10. casti priklady b — 184, 185

dx
Ix+1

Subst. x=t3
dx=3t?dx

xe(0;00)]_ [3t2dt__ o [tP4t—t—1+41 4, _ 1
te(’O;x)]_/ t+1_3/ t+1 dt_3/{t 1+ H'l}dt
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Koniec 10. casti priklady b — 184 185

dx
Ix+1

__[Subst. x=t3
dx=3t?dx

xe(0o)]_ [3t2dt_ o [ £P+t— t 1+1
t%(’O;x)]_/ t+1 / dt 3/|: t+1:|dt

—3t+3In(t+1) + ¢
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__[Subst. x=t3
dx=3t?dx

xe(0;00)]_ [3t2dt__ o [tP4t—t—1+41 4, 1
mo;x)]—/ t+1_3/ . dt—3/[t—l—|—t+—1]dt

=3 _3r43In(t+1)+¢c
=3%2 _ 39x+3In (¢x+1) + ¢, x€(0; ), cER.
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| Subst t=¥x | V/x=Vto=£> |xe(0;0)
T [ x=t5 dx=65dt | Vx2= Vil2=1t* t € (0; o0)
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Koniec 10. casti priklady b — 186

JR=VE

_ [Subst t=¥/x t6 =3
V2= 2=

x=t5 dx=6t>dt

x€(0;00)|_ [ (t°-1)6t> dt
t € (0; 00) - (t3+t4)t°
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Koniec 10. casti priklady b — 186

Vx=Vio=13
V2= 2=

- |:Subst t=YUx

x=t5 dx=6t>dt

x€(0;00) | (t6—1)6t5dt_6 (t°—1)dt
fE(O,DO) - (t3+t4)t6 - t4+t5
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81 8

Koniec 10. casti priklady b — 1

[ Subst t=Yx|V/x=Vio=t> |xe(0i00)] (t6—1)6t5dt_6 (t°—1)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) (3+t%)t° t4-t5
6 6,,5_,5_.4, 4 4 2 2
. . t0—1 _ 2422 —t T4t -1 tt—1 _ (t°—=1)(t“+1)
. Rozklad na parciélne z\omkzy od = T =t—1+ Bk =1l ¢ W
- Cpqg EDEDEY g () g St g 11 11
=il 4t e rrey =il 4t 5 t—1 = t—1+3—S+5—=
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81 81 82

82 8

niec 10. casti priklady b — 186

_ [Subst t= x| /x=Vib=t3 x€(0;00) | (t6—1)6t5dt_6 (ts—l)dt
T [ x=1t5 dx=6t5dt | Vx2= V2 =t* | t € (0; 00) (t3+t4)t° t4+t5
6 6,,5_,5_.4 .4 4 2 2
” t2—1 [ At At A o tt—1 (t2=1)(t°41)
; S S o s St e e (SN | =t—14 N4
. Rozklad na parcialne zlomky e ﬁi*‘A t 4 50 t + A (t41)
- Cpoq g EEDEEE) g ) g Sl g 11 1 1
p=il o T Pl o o t—1 - =il p= L =4

=of(e-1+1-+d— B

beerb@frcatel.fri.uniza.sk
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_ [Subst t= x| /x=Vib=t3 x€(0;00) | (t6—1)6t5dt_6 (ts—l)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) (B+tH)te — t4-t5
6 6,,5_,5_.4, 4 4 2 2
. . t0—1 _ 2422 —t T4t -1 tt—1 _ (t°—=1)(t“+1)
_ Rozklad na parciélne z\omkzy od = ﬁi*“‘ = =14 58 t—1+ W
Cpqg EDEDEY g () g St g 11 11
=il 4t e rrey =il 4t 5 t—1 = t—1+3—S+5—=

= /(t—1+%—712+713—t%)dt:6/(t—1+%—t—2+t—3—t—4)dt
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88 89-90

_ [Subst t= x| /x=Vib=t3 x€(0;00) | (t6—1)6t5dt_6 (ts—l)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) (3+t%)t° t4-t5
» e R e e N A =1 (2 =1)(2+1)
. Rozklad na parciélne z\omkzy e = T =t—1+ Bk =t—1+ W
- o (t=1)(e+1)(241) _ . (t=1)(2+1) _ . ., 3241
t—1+ — t—1+—f—— =t—1 T

6/(t—1+%—712+713—t%)dt:6/(t—1+%—t—2+t—3—t—4)dt

—6(5 —t+n|t| -S4+ 5 +5) +c

)
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88 89-90

_ [Subst t= x| /x=Vib=t3 x€(0;00) | (t6—1)6t5dt_6 (ts—l)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) (3+t%)t° t4-t5
» e R e e N A =1 (2 =1)(2+1)
. Rozklad na parciélne z\omkzy e = T =t—1+ Bk =t—1+ W
- o (t=1)(e+1)(241) _ . (t=1)(2+1) _ . ., 3241
t—1+ — t—1+—f—— =t—1 T

6/(t—1+%—712+713—t%)dt:6/(t—1+%—t—2+t—3—t—4)dt
(E =it - =+ = -t

=6
=3t2—6t+6Int++8-124 181 ¢

beerb@frcatel.fri.
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88 89-90

_ [Subst t= x| /x=Vib=t3 x€(0;00) | (t6—1)6t5dt_6 (ts—l)dt
x=18 dx=6¢5dt | Vx2= V2 =t*|tc (0; o0) (3+t%)t° t4-t5
» e R e e N A =1 (2 =1)(2+1)
_ Rozklad na parcidlne z\omkzy iy S S =1l 4¢ S = fi=1l 9F A
- o (t=1)(t+1)(2+1) (171)(1 +1) B3—t24t—1 11,1 1
t-l+ Sy =t t—1 t—1+i—5+5—4

6/(t—1+%— +f——)dt—6/(t—1+%—t_2+t_3—t_4)dt
—6(5 —t+n|t| -S4+ 5 +5) +c
= 3t?

—6t+6Int++2 -1+ 184 =312 6t+Int0+2-1+ B4 c

beerb@frcatel.fri.

iza.sk/~beerb
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Koniec 10. casti priklady b — 186

[ Subst t=Yx|V/x=Vio=t> |xe(0i00)] (t"—1)6t5dt_6 (t°=1)dt
T [ x=t5 dx=65dt | VxP= V2=t |tc(0;00) | (t3+t4)te — 4>
6_ 6,,5_5_.4, 4 _1)(¢2

| Rozklad na parciine z\omkzy' :57;1 = PPt o1 %HZ 01 gy :5+t}1 = p=il 4 (ESDIEST) t4:2$1)“)
- _ (E=1)(e+1)(£241) _ (E=1)(241) _ B—24e—1 11,1 _1

14 S e p ) — o Bl b b
:6/(t—1+%— +———)dt—6/(t—1+%—t‘2—|—t_3—t_4)dt
_ (1t t—! t—2 e
—6(7—t+|n|t|—j+j2+f3)+C
=32—6t+6Int++8 -2+ 84 c=326t+Intd+8 121 B34
_ 282 g6 o/ 64 6 _ 12 18
= 3Vx2—6¢x+InVx —|—\6/; \6/;24—\6/;34—(:
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Koniec 10. casti priklady b — 186

t6=1¢3

V2= 2=

x=t5 dx=6t>dt

- |:Subst t=YUx

x€(0;00) | (t6—1)6t5dt_6 (t°—1)dt
fE(O,DO) - (t3+t4)t6 - t4+t5

6_ 6,,5_5_.4, 4 o _ 2

__ | Rozklad na parcidine z\omkzy. :57;1 - tﬂéitgﬂl —t—1+ :5#11 P t4:25:1)+1)

o = E=1(e+1)(E7+1) (t— 1)(1 +1) _ B_24e—1 11 1 1
t-l+ Sy =t o e

:6/(t—1+%— +———)dt—6/(t—1+%—t‘2—|—t_3—t_4)dt

_g(t e e

—6(7—t+|n|t|—j+j2+f3)+C

=3t2—6t+6Int++2 -1+ 184 =312 6t+Int0+ -+ B¢

= 3V X2 —63/x+In VxS + - — gL+ 5%

=3y/x — 6f+|nx+f—7+f+c x€(0; ), ceR.
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Koniec 10. casti priklady b — 187, 188
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86 87-88 89-90

Koniec 10. casti priklady b — 187, 188

__ | Subst.  t=v/x—2|x€(2;00)
x=1t242, dx=2dt | t€(0; o0)

dx
/(X+1)17x

T | x=1-12 dx=-2dt

_ {Subst. t=v1—x

x(—'(—x:l)—{—l}}

te(0;00)—{V2}
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Koniec 10. casti priklady b — 187, 188

__ | Subst t=1/x—2
x=t2+2, dx=2dt

X €(2;00) — 2tdt
t€(0; 00) (t2+1)t

‘dix

(x+1)v/1—x

__ | Subst. t=+v1—x|x€(-00;1)—{-1}| _ —2¢tdt
x=1-£2, dx=—2dt|te(000)—{v2} |~ | (-2t
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Koniec 10. casti priklady b — 187, 188

__ | Subst t=1/x—2
x=t2+2, dx=2dt

x€(200) | __ 2tdt 2dt
te(000) | [ (241t [ 241

‘ dx

(x+1)v/1—x

_ Subst. t=+1—x|x€(—o00;1)—{-1} — —2tdt __ 2 dt
x=1-12, dx=-2dt | te(0;00)— {v2} (2-t)t t2=2
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Koniec 10. casti priklady b — 187, 188

__ | Subst t=1/x—2
x=t2+2, dx=2dt

x€(2;00) | _ otdt
t&(O;xJ— /(f2+1)t_ /t2+1_ 23rctgt-|—c

‘ dx

(x+1)v/1—x

__ | Subst. t=+1—x|x€(—o00;1)—{-1} —2tdt __ dt

= {X 1-12, dx=—2dt | t€(0;00)—{V2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
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81 81 82 83 84-85 86 87-88 89-90

Koniec 10. casti priklady b — 187, 188

g S
/Mixxm:Qarctg\x 2+ c

x€(2;00) | _ otdt _
t%(O;x)}_ /m_ /t2+1 23rCtgt—|—c

= 2arctgvVx—2+ ¢, x€(2; ), ceR.

__ | Subst t=1/x—2
x=t2+2, dx=2dt

__ | Subst. t=+1—x|x€(—o00;1)—{-1} —2tdt __ dt

= {X 1-12, dx=—2dt | t€(0;00)—{V2} } /(271:2)1:_ 2/t272 |n ’ t+\[} +c
_ 1 VI—x—V2

B In | \/ﬁ+ﬁ| +c
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Koniec 10. casti priklady b — 187, 188

g R
/Mixxm:Zarctg\x 2

1T C

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

=2arctgvVx—2+c, x€(2;00), ceR

_ | Subst.  t=+/x-2
x=t2+2, dx=2dt

_ {Subst. t=v1-—x

x=1-1t2, dx=—2dt

x€(—00;1)—{-1} —2tdt __ dt
, te (0:00)—{v2} } /(2—t2)t_ 2/t272 750 ’
=-L1n |7v 1—_x—v2

H\/}—i—c
i f|+c:i|n|\/ﬁ—\/§.m_\/
1—x+v2

2
e R e

beerb@frcatel.fri.uniza.sk

y
http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

81 81 82 83 84-85 86 87-88 89-90

Koniec 10. casti priklady b — 187, 188

/Mixxm:Zarctg\x 2+ c

x€(200) | 2tdt _
tii(O;x)}_ /m_ /t2+1 23rCtgt—|—c

= 2arctgvVx—2+ ¢, x€(2; ), ceR.

__ | Subst t=1/x—2
x=t2+2, dx=2dt

x€(—00;1)—{-1} [ _ —2tdt __ dt
t€(0;00)—{v2} }_ /(271:2)1:_ 2/t272 |n ’ t+\[} G €

Vi—x—/2 \/1—x—\/§. \/l—x—ﬂ’ +c

—%'”|m+ﬁ|+ciﬁ'“|m+ﬁ i

_ 1 1—x—v2/T—x+2
_ﬁ|n| S+
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Koniec 10. casti priklady b — 194, 195

1 X4'2XdX_{Subst t=x?-1

_ - x€(1;00), tE(0; 50) }:; (t+1)%dt_ 1 [ P42t41 dt
2 A/x2—1 dt=2xdx | x€(—o0; —1), t€(0; 00) 2 \/E 2 t%

xe(lioo) ] 1 [(t£1)dt [e+1
xe<o,x>}*3/ Vi /3t% dt

_ 1 [ x33x%dx__[Subst. t=x3—1
3 A—il dt=3x2dx
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Koniec 10. casti priklady b — 194, 195

:l x4'2xdx: Subst. t=x2—1|x€(1;00), t€(0;00) _ 1 (t+1)2dt_l t2+2t+1 dt
2 x2—1 { dt=2xdx | x€(—o00; 1), t((O"x)}_ 2 N t%

x €(0; 00)

_1 x33x% dx__[Subst. t=x3—1]|x€(L;00) 1 f(t+1)dt [e41 é t‘%
*3/@*[ dt=3x2dx }* =[-7dt=[ |5+ dt
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Koniec 10. casti priklady b — 194, 195

x*2x dx__[Subst. t=x2—1
x2—1 dt=2xdx

|
=

x€(lj00), te(000)  ]_ 1 (t+1)2dt_ 1 [ 242¢41 dt
x(( 00; —1), te(0; 0) 2 \/E 2 t%

[T

(t+1) dt t+1 % t—
- / /3“ di= ?+ . ]dt

_1 x%3x? dx__[Subst. t=x>~1]x
3 31 dt=3x2dx
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Koniec 10. casti priklady b — 194, 195

_1
—2

\

x*2x dx__[Subst. t=x2—1
x2—1 dt=2xdx

xe(io0), te(0o0) 11 [(t+1)°dt 1 t+2t+1 dt
x€(—o0;—1), te(0;00) | 2 Vit ")
3 1 5 3 1

Y 5 SIS NI 2 Y PO 5 S S 2 VA

—/{2+t2+ 2]dt—2_%+%+2_ +c:5

_1 x%3x? dx__[Subst. t=x*~1
3 3—1 dt=3x2dx

xe(lioo)]_ 1 f(t+1)dt  [t+1 é t—%
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Koniec 10. casti priklady b — 194, 195

_ 1 [x '2de_ Subst. t=x2—1|x€(1;00), t€(0;00) _ 1 (t+1)2dt 1 t2+2t+1 dt
2 X2—1_{ dt=2xdx | x€(—o00; —1), t€(0; 00) 2 Vt 2 t%
3 5 3 1
:/%+t%+f22]dt:%+%+%+c:§+2f+\/¥+c
2 2 2
2_1)5 2 2_1)3
- \/(XS ) < \/(X3 ) +Vx2=1+¢, x€(—o0; —1) U (1;00), c€R.
w
1 _1
2k 2}dt

L g P 2+ E

1 [ x23x%dx__[Subst. t=x3—1]x (t+1 dt
3 Xs_li[ dt=3x%dx | x€ 3t2
24/(x3=1)3 | 24/x3-1
= 9 L 3— T ¢
x€(1;00), ceR.
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Koniec 10. casti priklady b — 196, 197
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Koniec 10. casti priklady b — 196, 197
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niec 10. casti priklady b — 196, 197

x€(0;1), te(0;1)

1 [ x*-2xdx__[Subst. t=1-x°
x€(-1;0), te(0;1)

2 /1_X2_ dt=—2xdx

iy

_1 x3‘3x2dx:[5ubst t=1-x3
3 /1—x3 dt=—3x2dx
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Koniec 10. casti priklady b — 196, 197

1 X4'2XdX_{Subst t=1—x2

_ xe(1), te(0;1) 1_ 1 [ (@1=t)’dt
2 [1—x2 dt=—2xdx | xe( l,O:,t((O,l’,l_ 2 Vit

_ 1 [ x33x%dx_ [Subst. t=1—x* |xe(—o0;1)]_ _ [(1—=t)dt
S mi[ dt=—3x2dx | x€(0; 00) }7 3/t
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Koniec 10. casti priklady b — 196, 197

1 X4'2XdX_{Subst t=1—x2

_ - xe(O;1), te(01) 1__ 1 f@=t)’dt_ 1 [1-2t4¢ dt
2 1_2 det=—2xdx |x€(~1;0), t€(0; 1) 2 Vit 2 x)

_ 1 [ x33x%dx_ [Subst. t=1—x3|xe(—oc;1)]_ __ [(1=t)dt t=1 4t
S mi[ dt=—3x2dx | x€(0; 00) }7 3Vt 3t%
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Koniec 10. casti priklady b — 196, 197

1 x* X" 2xdx__ {Subst t=1—x2

A/1—x2 dt=—2xdx

3
:—/[%—ti +%]dt

xe(O1), te(:1) 1__ 1 [@=t)?dt_ 1 [1-2¢4¢ dt
xe( l,O:,t((O,l':}_ 2 Ve 2 t%

X €

X € (—o0; 17tdt — 3 -3
' /( L di= |5 — 55 [dr

_1 x3‘3x2dx:[5ubst t=1-x3
3 /1—x3 dt=—3x2dx
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Koniec 10. casti priklady b — 196, 197

2|xe(0;1), te(0;1) 1 1
Tl R

_ 1 [ x*-2xdx__ [Subst. t=1—x
2 /1— Xz_{ dt=—2xdx |xe(—1;0), te(0;1)
3 3 5
t2 t2 t2
:*/|:2 t2+ :|df T+T72j+c
2 2 2
v

X € (—o0; 1) (1—t)dt t—1
/ /3t% de= {? 3

Subst. t=1—x3
x €(0; 00)

_1 x33x? dx:[
3 1—x3 dt=—3x%dx

iza.sk/~beerb
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Koniec 10. casti priklady b — 196, 197

2 xe(0;1), te(0;1) 1_ _ 1 —
x€( 10\,t((0,1',l_ 2 Vit 2

1 x* X" 2xdx__ {Subst t=1—x

A/1—x2 dt=—2xdx

1 3
f/[z tz+”}dr e e S
2 2 2

1 1
x€ ’x,l) (1—t) dt t—1 t2  t 2
/ =1 g {? . ]dt

_ 1 [x33x% dX:[Subst t=1-x3
-3 1—x3 dt=—3x?dx | x€ 3t2
3 1
t2 t2 2V/13 2Vt
=33 — 32T tC=55 —= +¢C
33 33 9 3
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Koniec 10. casti priklady b — 196, 197

1 x* x*2xdx__[Subst. t=1-x?|x€(0;1), t€(0;1) T_ 1 1
{ x€(=1;0), t((O,l',l 2 Vt 2

A/1—x2 dt=—2xdx
1 3 5
:f/{%fter”]dt S L B =
2 2 2

:_\/15X2)5 2\/(1X —V1-x2+4¢, xe(-1;1), ceR.

_ 1 [ x33x%dx__[Subst. t=1—x%|x€(—o00;1)]__ (1—t)dt_ [t—1 t% t_%
=3 —[ }7— = [t=lde= [ |82 - dt
3/ /1—x3 dt=—3x2dx | x€(0; 00) 3Vt 3t% 3 3
_d o avE a2 2/ORP  2yioe
33 3% — 9 3 - 9 3 )
x€(—o0;1), ceR.
http:/ /frcatel.fri.uniza.sk /~beerb
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Koniec 10. casti priklady b — 198
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Koniec 10. casti priklady b — 198

= Subst. x=sint | x€(—1;0), te( %0) t=arcsinx, cost>0

x€(0;1), te(0;

V1—x2=1/1-sin? t=+/cos? t=|cos t| =cos t

dx=cos tdt

— | Subst. x=cost |xe(-1;0), te ) | t=arccos x, sint>0
dx=—sintdt | xe(0;1), te(0 V1-x2=+/1 coszt:\/sinzt:\sint\:smt
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Koniec 10. casti priklady b — 198

Subst. x=sint t=arcsinx, cost>0 _ cos t-cos tdt

x€(-1;0), te(—;0) :
S sin® t

x€(0;1), te(0;

VI—x2=1/1—sin? t=1/cos? t =|cos t| =cos t

dx=cos tdt

— | Subst. x=cost | x€(—1;0), te ) | t=arccos x, sint>0 ___ [sint-sintdt
- —_— —_— — — 2
dx=—sintdt | xe(0;1), te(0 V1-x2=+/1 coszt:\/sinzt:\sint\:smt cos® t
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Koniec 10. casti priklady b — 198

E( ,1) {0} c1,6€ER.

t=arcsinx, cost>0 cos t-cos tdt
PE—— T a2 e
V1—x2=1/1—sin’>t=+/cos? t \cost\fcost sin® t

:|:Subst.x:smt x€(-1;0), t . 0)

dx=costdt |xe(0;1), te(0;
_ [ (@—=sin*t)dt
- sin? t

— | Subst. x=cost |xe(-1;0), te(5;m)
dx=—sintdt |x€(0;1), te(0; )

_ (1—cos? t) dt
- sin® t

t=arccos x, sint>0 __ [ sint-sintdt
e ——— 2
VI—x2=+y/1—cos? t=Vsin’ t t=|sint|=sint cos® t
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niec 10. casti priklady b — 198

. V1—x2
=—Y—= —arcsin x+ c=—Y—— +arccos x+ ¢,

30)

€ ( ; 1) {0} c,0ER.

__ | Subst. x=sint [ xe(—1;0), te( t=arcsinx, cost>0 cos t-cos tdt

- P PR T a2 e
dx=costdt|x€(0;1), te(0; 5 VI—xZ=1/1-sin?t=+/cos? t \cost\fcost sin® ¢

:/(1—;:122 :) dt:/Lm2 - — 1} dt

| Subst. x=cost|xe(—1;0), te(5;m) | t=arccosx, sint>0 ___ [sint-sintdt
- — —_— — — 2
dx=—sintdt|x€(0;1), t€(0; %) |VI—x?=v1—cos? t=Vsin? t=|sint|=sint @R

_ (1—cos?® t)dt__ 1
_/ (5:51521‘ _/[]‘_coszt}dt
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Koniec 10. casti priklady b — 198

-arccos x+ ¢

u'=1(1-x?)"(-2x) = Tz _ V1= dx

v=s=-} X Vi-x?
\/ 1—x2 : V 1—x2

=—"— — —arcsin X+ Cj=—"—,— +arccos X+ ¢,

XE( ,1) {0} c,0ER.

2
t=arcsinx, cost>0, cotgt= Smr 1 cos t-cos tdt
o ~ sin2t

VI—x2=1/1—sin? t=+/cos? t \cost\fcost

x€(-1;0), te(

5:0)
x€(0;1), te(0; 3)

dx=cos tdt

:/U—%;?‘“:/Lmzt—l}dt——cotgt t+c

— |:Subst. x=sint

| Subst. x=cost |x€(-1;0), te ) | t=arccos x, sint>0, tgt=3nt = 1;x2 ___ [sint-sintdt
2
dx=—sintdt|x€(0;1), t€(0; % VI—x2=+\/1—cos? t=Vsin’ t=|sin t| =sin t costt

f_/% /[1—Coszt}dt t—tgt+o
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Koniec 10. casti priklady b — 198

:—7”;)(2—arcsinx+c1:—@+arccosx+cz,
x€(=1;1)—{0}, a1, €R.

t=arcsinx, cost>0, cotgtf‘;:f ‘/1 <~ :|_/COS t-cos tdt

50 o
) VI—xZ=1/1-sin’ t=+/cos? t 7\cost\7cost Sl &

— | Subst. x=sint | x€(-1;0), te(
dx=costdt|x€(0;1), te(0; 3)

sin? t
xe(=1,0)U(0;1), a €R.

) | t=arccos x, sint>0, tgt=2nt %ﬁx) L sin t-sin t dt
V1-x2=4/1 coszt:\/sinzt:\sint\:smt cos® t
1—cos® t) dt V 1—x2
f_/% /[l—coszt}dt t—tg t+c=arccosx— ¥Y——+0,
€(-1;,0)U(0;1), weR.
y

x€(=1;0), te
x€(0;1), te(0; 2

— | Subst. x=cos t
dx=—sin tdt

http:/ /frcatel.fri.uniza.sk /~beerb
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Koniec 10. casti priklady b — 199
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Koniec 10. casti priklady b — 199

dx
xV/x*+x2+1

_ x dx
X2/ x44x2+1
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niec 10. casti priklady b — 199

x€(—00;0), te(0;00)
x€(0;00), te(0; 00)

x4 x2+1=(x>+3)2+3>0
+t+1=(t+3)2+2>0

_ x dx __ | Subst. t=x?
X2/ x44x2+1 dt=2xdx
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Koniec 10. casti priklady b — 199

dx
xV/x*+x2+1

0; 0), te(0; c0)
x€(0; 00), te(0; 00)

_ x dx _ | Subst. t=x2
X2/ x44x2+1 dt=2xdx
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Koniec 10. casti priklady b — 199

_ x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x2+1)>+2>0|_1 dt
X2/ x4+ x241 dt=2xdx | x€(0;00), t€(0;00) |2 +t+1=(t+1)2+3>0 2 [ tV/e24t41

_ Subst. t=1=u"1|te(0;00) | VEFE+L \//%4»%4,1 v L \uﬁ‘:wrl o \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)
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Koniec 10. casti priklady b — 199

x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x2+1)>+2>0|_1 dt
X2/ x4+ x241 dt=2xdx | x€(0;00), t€(0;00) |2 +t+1=(t+1)2+3>0 2 [ tV/e24t41
_ |subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 \1,1+z2+u‘ \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u"?du=—% | ue(0;0)
_du
_1 2
2 1.V w2 tut+l
u u

beerb@frcatel. . i.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 91 92-93 94-95 96-97 98 99 200 200

Koniec 10. casti priklady b — 199

x€(—00;0), te(0;00)
x€(0;00), te(0; 00)

— x dx __ | Subst. t=x2 x4-x2}1:(x2\%)2{%\>0 _ 1 dt
X2/ x4 x2+1 dt=2xdx 2+t+1=(t+1)2+3>0 2 | tv/t24t+1
_ [SUbst t=l=u"1|te(0;00) | VE+t+1 \//%+%+1 v Leupe? uuz‘:un Y \/(U*u%)"f }

dt=—u"?du=—% | ue(0;0)

_1 2 1 du
- 2/1. V21 2 | Vitu+1
u u
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Koniec 10. casti priklady b — 199

200

2| x€(—00;0), te(0;00) | x
x€(0;00), te(0; 00)

Fx?+1=(x2+1)2+2>0|_
2t+1 (r—%)’+§>0

_ oxdx Subst. t=x
xz\/x4+x2+1 dt=2xdx
R

Ju

Subst. t=1=u"|te(0;00) | VEFEFI= /B4 141 /Eupt = FTe _ VT
= u €(0ic0) | v Vet Vo u

dt=—u"?du=—% | ue(0;0)

du *
_1 2 1
o 2/1. Vit /\/u2+u+1 /\/(u+ 1243
u u
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Koniec 10. casti priklady b — 199
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x dx

:/xz\/x4+x2+1

_[Subst t=1=y"?

dt=—u 2duzf%

_ du
1 2
2 1 w2 futl
u

u

Subst. t=x>
dt=2xdx

0; 0), te(0; c0)
x€(0; 00), te(0; 00)

—— e [y
Virutl _ V@ yurl _ V(U3 +3
Tu u u

t€(0;00) | VE2+t+T=/ G+ +1=1/
ue(0; 00)
1 du 1 du

2 \/U2+U+1 2 \/(u+%)2+%

=—1In|u++ViP+utl|+a

beerb@frcatel.fri.uniza.sk
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91 92-93 94-95

96-97

98 99
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_ oxdx Subst. t=x?|x€(—00;0), t€(0;00) | x*+x2+1=(x>+3)>+3>0 |_
xzx/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00) |t2+t+1 (r—%)’+§>0
Subst. t=1l=y"1|te(0;00) | VEEF+t+1 \ 2+ +1 \I,l+uz+u‘ »/uﬁ‘—ui»l Vil tutl
dt=—u"?du=—%|ue(0;0) | ViP+ut+i=/2+1+1= 7”:;“2:”2‘;"“:W:\/X“;r;“rl

du *
1 —F 1
E/l.\/u2+u+l /\/u2+u+1 /\/(u+ 1243
=3 Infut3+vVir+utI[+e=|o-t-3]
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niec 10. casti priklady b — 199

_ oxdx Subst. t=x?|x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0|_1 dt
xz\/x4+x2+1 dt=2xdx | x€(0;00), te(0;00) | t2+t+1 (r7§)’+§>0 2 [ tV/e24t41
Subst. t=1=u=1|te(0;00) | VEFEFL \/%+;+1 V Lbure? \/uz‘ﬂm ViEruri _ V/(u+3)+3
f— u o V u u u
dt=—u Zduzf% uG(O ) Vm,\ FA7+1,\,1+r+t’:\/t’mr+1:\/r’Tr+1:\,x‘:;ﬁq

_1 _%} —_1 du du
21 ViPrut 2 [ Vu2+utl \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 VxA4x2+1
=—3In[E+3+25H +a
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niec 10. casti priklady b — 199

_ oxdx Subst. t=x?|x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0|_1 dt
xz\/x4+x2+1 dt=2xdx | x€(0;00), te(0;00) | t2+t+1 (r7§)’+§>0 2 [ tV/e24t41
Subst. t=1=u=1|te(0;00) | VEFEFL \/%+;+1 V Lbure? \/uz‘ﬂm ViEruri _ V/(u+3)+3
f— u o V u u u
dt=—u Zduzf% uG(O ) Vm,\ FA7+1,\,1+r+t’:\/t’mr+1:\/r’Tr+1:\,x‘:;ﬁq

du g
_1 2 1 du du
21 Vuliun1 2 | Vitu+1 \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 /x4 211 v/ x4 2
=—3iIn |5+ + R o= ¢ — L In |22
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Koniec 10. casti priklady b — 199

dx
XV x4 +x2+1

_ oxdx Subst. t=x 00;0), t€(0;00) [ x*+x2+1=(x>+3)2+3>0|__1 dt
xz\/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00) | t2+t+1=(t+1)2 +§>0 2 [ tV/e24t41
_ Subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 v 1+ﬁ2+m \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u Zduzf% UG(O, ) Vm:\,%A%+1:\, 1+Lr:+t’: »/t" ‘r+1 \/r’ t+1 \,x‘:;ﬁq

du *
_1 2 1 du du
21 ViPrut 2 [ Vu2+utl \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 4 2 4 2
=—1In|S+i+atly o= c—fln|2+x+2vx+x+

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’
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niec 10. casti priklady b — 199

_ oxdx Subst. t=x?|x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0|_1 dt
xz\/x4+x2+1 dt=2xdx | x€(0;00), te(0;00) | t2+t+1 (r7§)’+§>0 2 [ tV/e24t41
Subst. t=1=u=1|te(0;00) | VEFEFL \/%+;+1 V Lbure? \/uz‘ﬂm ViEruri _ V/(u+3)+3
f— u o V u u u
dt=—u Zduzf% uG(O ) Vm,\ FA7+1,\,1+r+t’:\/t’mr+1:\/r’Tr+1:\,x‘:;ﬁq

du g
_1 2 1 du du
21 Vuliun1 2 | Vitu+1 \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 1 1 /x4 211 v/ x4 2
=—3iIn |5+ + R o= ¢ — L In |22

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’:

1€R, ceR

c=c+12 }
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Koniec 10. casti priklady b — 199

dx .
xVx*+x2+1

_ x dx __ | Subst. t= 00;0), t€(0;00) [ x*+x2+1=(x>+3)2+3>0|__1 dt
X2/ x4+ x241 dt=2xdx | x€(0;00), t€(0;00) | t2+t+1=(t+1)2 +§>0 2 [ tV/e24t41
_ Subst. t f14 u™l | te(0;00) | VEFEFT \//%4»%4,1 v 1+ﬁ2+m \uﬁ‘:wrl vuu;wl \/(Ll*j)lfg
dt=—u Zduzf% UG(O, ) Vm:\,%A%+1:\, 1+Lr:+t’: »/t" ‘r+1 \/r’ t+1 \,x‘:;ﬁq

du *
_1 2 1 du du
21 ViPrut 2 [ Vu2+utl \/(u+ 2+3
u u
:—%ln‘u—|—%+\/u2—|—u—|—1{—|—C1:{u:§:§}
1 4 2 4 2
=—1In|S+i+atly o= c—fln|2+x+2vx+x+

5761“"72
1€R, ceR

—c—1in|22e2/02H1) e R_ (0}, ceR.

2 /AL x2
:C1+m727%|n|2+x +2X2x +x +1’:
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Koniec 10. casti priklady b — 200

dx
xV/x0+x3+1
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niec 10. casti priklady b — 200

x€R—{0}
te R—{0}

xO4+x3+1 (x37%)2+%>0}

_ X2 dx _ | Subst. t=x3
x3V/x04+x34+1 dt=3x2dx
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Koniec 10. casti priklady b — 200

dx
XV x0+x3+1

— x> dx | Subst. t X3 [ xeR—{0} | x0+x3+1=(x*+3)2+3>0|_1 dt
x3v/x0+x3+1 dt=3x2dx | teR—{0} | P+t+1=(t+1)2+2>0 | 3 | tv/t2+t+1
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Koniec 10. casti priklady b — 200

x> dx __|Subst. t=x*|xe R—{0} | x®+x3+1=(x*+3)>+3>0|_1 dt
x3v/x64+x34+1 dt=3x%dx | teR—{0} | 2+ t+1=(t+1)°+3>0 3 | tV/t24t+1

R

T [ > T 3 1y, 3
7|:Subst. t=1=yteR—{0} |VE2Ft+1 \/%Jﬁ’lﬁl \/—1*;’1“‘ VTl _ et V()

u i u usgnu usgnu

dt=—u"2du=—%|ue R—{0}
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Koniec 10. casti priklady b — 200

31 xeR—{0}

te R—{0}

Xo+x3+1=(x3+13 _ 1/ dt
3 [tV +t+1

o JorId
Virrurl _ V(ut3) 43
usgnu usgnu

? l)2+§>o} 1 dt

X2 dx __ | Subst. t=x
X3V x04x3+1 dt=3x2dx

uTMt€R—{0} |V +t+T= /G +i+1=1/

/ > (ProTl
ltutue? _ Viltu+tl
u? u]

_ | Subst. t=1
dt=—u"2du=—%|ue R—{0}

_du
1 2

—3 1 Vultutl

u u-sgnu
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91

Koniec 10. casti priklady b — 200

31 xeR—{0}

te R—{0}

Xo+x3+1=(x3+13 _ 1/ dt
3 [tV +t+1

o JorId
Virrurl _ V(ut3) 43
usgnu usgnu

? l)2+§>o} 1 dt

X2 dx __ | Subst. t=x
X3V x04x3+1 dt=3x2dx

uTMt€R—{0} |V +t+T= /G +i+1=1/

/ > (ProTl
ltutue? _ Viltu+tl
u? u]

_ [Subst. t=1

dt=—u"2du=—%|ue R—{0}
_du
_1 2o 1 —sgnudu
“ 3/ V2qur1 3 ut1)243
' u-sgnu \/( +2) i
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x> dx

:/x3\/ X6+x34+1

| Subst. t 71‘ u™t
dt=—u"2du=—3%
u

1 —sgnudu

91

Koniec 10. casti priklady b — 200

Subst. t=x3|xe R—{0} | x0+x3+1
dt=3x%dx | te R—{0}

teR—{0} |VEP+t+1=4/5+1+1 \// —

ue R—{0}

_du
— l U2 —
3/ 1. Viun1
u u-sgnu

3 V(utiy+3

92-93

94-95

(P+3)2+3>0]_
2+t+1=(t+3)*+3>0

96-97

P

= =S80 |n |u+ T +Vl+u+1|+a
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_ X2 dx _ | Subst. t=x3|xe R—{0} | x0+x3+1
x3/x0+x3+1 dt=3x2dx | te R—{0}

__ | Subst. 1= tteR—{0} |VE+t+1=4/Z+1+1 \// —
dt=—u"2du=—%|ue R—{0}

—d 1

du
—sgnudu

91

Koniec 10. casti priklady b — 200

1 — 1
_3/1_\/u2+u+1 3 \/(u+%)2+%

u

u

u-sgnu

92-93

94-95 96-97

(C+3)P+3>0]_1
g 3 | tVt2+t+1

2 — 24 3
t?+t+l=(t+3)*+7>0

Vultutl

98 99 200

200

dt

usgnu

P

— = o VT ]

usgnu

V0t33R+: }
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Koniec 10.

X2

BVXE3+L

—u

__ | Subst.
dt

t

—

91 92-93 94-95 96-97 98 99 200 20

91

Casti priklady b — 200

[0]

dx __|Subst. t=x*|xe R—{0} | x®+x3+1=(x*+3)>+3>0|_1 dt
dt=3x%dx | teR—{0} | 2+ t+1=(t+1)°+3>0 3 | tV/t24t+1
% ul|teR—{0} |[VEZFETT \7+771 \/1 ut? _ P e 1 y;::;/# \(:L;ﬂ)j\% %=%
24y 773/ ueR—{0} |V +uti= /tZJr ail= 1+:+12 W \/:1«;;:1 \/x62>;1+ sgnx-\/§§+x3+1
sgnu
= sgnx

d
3 _ 1 —sgnudu

=1

— 3
u

__sgnhx

1 Vi1 3

u

mats_ s o P
sgnx-v/x0+x34+1 \/x5+x3+

u-sgnu

In|5+3+ |+c1

|
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beerb@frcatel.



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/users/beerb

91 91 92-93 94-95 96-97 98 99 200 200

Koniec 10. casti priklady b — 200

dex Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
VXL | de=3x2dx|teR {0} | 2+t-+1=(t+1)2+2>0 3 | tV/t24t+1
11|~ ’17 [P utl (R 11
__|Subst. t=;=u"tteR—{0} [Vt2+t+1 \7+771 \/ o & V/‘j)gr“’:’ — o U=t=5
dt=—u"2du=—%|ue R—{0}|Vi?+u+1 v 12+ 1 . l” = ‘f;’,ff’l ‘/XX:;T,;H e Vj:””l

du
_1 2 1 —sgnudu sgnu \/27 sgnu
—3/ L= = In|u+3+Vi2tutl|+a=["" |

l.M 3 \/u—ﬁ—l 2 = sgnx
u u~sgnu
\/x5+x3+

sgnx |

_ + + sgnx-v/x54+x341

_sgnx In ! 2+X3+25gnx~3\/x6+x3+1 ‘
3 2x

‘—I—Cl c1
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niec 10. casti priklady b — 200

X2 dx Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
VXL | de=3x2dx|teR {0} | 2+t-+1=(t+1)2+2>0 3 | tV/t24t+1
1 = Vo] [1tute® _ V@Turl rurd _ V/(uti)+d 1_1
__ | Subst. t=3 eR—{0} |Vt2+t+1 \7+771 \/7 S ey o U=t=5
dt=—u—2du du ueR—{0} Vit u+1 v TZ+T+1 V 1+r7 12 vﬁ \/f:ﬁl vx)gb;:;tl sgnx vj:}xnl
1 _%l 1 S, d sgl 1
_1 o _1 —sgnudu _ — nuln’u 1 w+u 1’ C:[sgnu }
3% Ve 3|\ Jurbpr: 3 e tvVurtutlto=
' u-sgnu
sgnx 1 1 , sgnx- \/X6+x3+ _sgnx 24 x3 1 2sgnx- /X0 x3+1
=] ?+§+ R ‘+C1 C1 80X |n| g2x3 ‘
_ sgnx [ 2+x3+25gnx \/x6+x3+ sgnx-In2
=c— %% In| X3 +773

|
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niec 10. casti priklady b — 200

dex Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
VXL | de=3x2dx|teR {0} | 2+t-+1=(t+1)2+2>0 3 | tV/t24t+1
1 = S22t 1 [1rure _ Prurl _ Prard _ V(ut3)P+d 1_1
_ Subst. t=1 €R—{0} |Vt2+t+1 \7+771 \/7 & sgna o U=t=5
dt=—u—2dy du veR— {0} \/m N TZ+T+1 V 1+r7 2 Vr»‘7r+1 Vf.’;:,ffl vx)gb;:;tl sgnx. vj:}xnl

du
1 2 1 —sgnudu _ —sgnu 1 \/27 [sgnu
/ £ 00 |ut 3 Vot 1 e= =

l_\/uzﬂﬂ_ 3 \/ u+l 2+§
u u-sgnu
/X0 x3 24 x342 /X x3+1
sg?:\x In %_'_%_i_sgnx x+x+ ‘+C1 a sg;x |n| +x+5gn2))<<3 X04-x>+ ‘
sgnx 2+x3+25gnx \/x6+x3+ sgnx:In2_ [ ¢, = soxin2
7 In | 3 |+ Eg = :

=C——3 X
a€R, oeR

|
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niec 10. casti priklady b — 200

X2 dx Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
VXL | de=3x2dx|teR {0} | 2+t-+1=(t+1)2+2>0 3 | tV/t24t+1
1 c /12 /14 u+u ViZrurl _ iPrurd _ V(3 1_1
_ Subst. t=1 eR—{0} |Vt2+t+1 \7+771 \/ & sgna o U=t=5
dt=—u—2dy du veR— {0} \/m N TZ+T+1 V 1+r 2 Vr»‘7r+1 Vf.’;:,ffl vx)gb;:;tl sgnx. vj:}xnl

du
1 2 1 —sgnudu _ —sgnu 1 \/27 [sgnu
/ 2 3 l”’“"'z"’ Y "’“"'1""‘:1— = e

l_\/u2+u+l_3 \/ u+l 2

u u-sgnu
sgnx 1 1 , sgnx- \/X6+x3+ _sgnx 24 x3 1 2sgnx- /X0 x3+1
=] ?+§+ R ‘+C1 C1 g3 |n| g2x3 ‘
—c— sgnx I5 |2+x3+25gnx \/x6+x3+ ’_l_sgnx In2_ [c=c+ 2
— 3 P 3 7 ca€R, oeR
3 /x6+x3
= ¢ B | | 242 SERTHL) e R {0}, cp€R.
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niec 10. casti priklady b — 200

X2 dx Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
VXL | de=3x2dx|teR {0} | 2+t-+1=(t+1)2+2>0 3 | tV/t24t+1
1 c /12 /14 u+u ViZrurl _ iPrurd _ V(3 1_1
_ Subst. t=1 eR—{0} |Vt2+t+1 \7+771 \/ & sgna o U=t=5
dt=—u—2dy du veR— {0} \/m N TZ+T+1 V 1+r 2 Vr»‘7r+1 Vf.’;:,ffl vx)gb;:;tl sgnx. vj:}xnl

du
1 2 1 —sgnudu _ —sgnu 1 \/27 [sgnu
/ 2 3 l”’“"'z"’ Y "’“"'1""‘:1— = e

l_\/u2+u+l_3 \/ u+l 2

u u-sgnu

sgnx 1 1 , sgnx- \/X6+x3+ _sgnx 24 x3 1 2sgnx- /X0 x3+1
=] ?+§+ R ‘+C1 C1 g3 |n| g2x3 ‘
—c— sgnx I5 |2+x3+25gnx \/x6+x3+ ’_l_sgnx In2_ [c=c+ 2
—A 3 x3 3 | a€eR eR

245342 /X0 x3+1
= ¢ B | | 242 SERTHL) e R {0}, cp€R.
L 24342/ x5 x3+1

x€(0; 00) 2—§ n = B

3_ 6 3
cﬁ—%ln {L W|
.
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niec 10. casti priklady b — 200

X2 dx Subst. t=x3|xe R—{0} | xX*+x3+1=(x*+1)2+32>0|__1 dt
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